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P R E F A C E T O S E C O N D E D I T I O N 

THIS SECOND EDITION OF "RADIO ENGINEERING PRINCIPLES" IS A 
REVISION AND AMPLIFICATION OF THE FIRST EDITION, WHICH WAS WRITTEN 
AFTER THE CONCLUSION IN 1919 OF THE AUTHORS' RADIO WORK AS SECOND 
LIEUTENANT AND CAPTAIN, RESPECTIVELY, IN THE SIGNAL CORPS, U. S. A. 

THE NEW EDITION FOLLOWS THE SAME GENERAL PLAN AND PURPOSE AS 
THE FIRST, BUT THE DEVELOPMENT OF THE ART SINCE THE WORLD WAR, 
PARTICULARLY WITH RESPECT TO THE SCIENCE AND PRACTICE SURROUNDING 
THE THREE-ELECTRODE VACUUM TUBE, HAS MADE CONSIDERABLE ADDITIONS 
DESIRABLE. 

THE BOOK IS INTENDED TO SERVE AS A GENERAL TEXTBOOK ON RADIO. 
IT IS DEVOTED IN LARGE PART TO A STUDY OF THE CHARACTERISTICS AND 
USE OF THE THREE-ELECTRODE VACUUM TUBE IN RADIO TELEGRAPHY AND 
RADIO TELEPHONY, SINCE IT IS AROUND THIS DEVICE THAT THE PRESENT 
AND FUTURE OF THE SCIENCE SEEM MAINLY TO CENTER. BUT THE PRIN
CIPLES INVOLVED IN THE OLDER FORMS OF RADIO APPARATUS ARE ALSO 
TREATED WITH SUFFICIENT FULNESS TO ROUND OUT THE STUDENT'S 
INFORMATION AND TO COVER ALL THE ESSENTIAL PRINCIPLES OF WIRELESS 
COMMUNICATION. 

IN THE DETAIL DEVELOPMENT OF THE PRINCIPLES INVOLVED, THE 
ELECTRON THEORY IS MADE USE OF FREQUENTLY, AS IT OFTEN GIVES A 
CLEARER CONCEPTION OF WHAT TAKES PLACE UNDER CERTAIN CONDITIONS. 
MECHANICAL ANALOGIES ARE AVOIDED. MATHEMATICS IS RESORTED TO 
ONLY TO INDICATE THE APPLICATIONS IN THE PROBLEMS OF DESIGN, OR 
THE RELATIONS, IN CONCISE FORM, EXISTING AMONG THE VARIOUS QUAN
TITIES OF A RADIO CIRCUIT. THE DESCRIPTION OF ANY SPECIFIC APPARATUS 
IS PURPOSELY AVOIDED, WITH THE OBJECT IN MIND OF DEVOTING THE 
ENTIRE SPACE OF THE BOOK TO THE PRINCIPLES INVOLVED, THOUGH THE 
GENERAL MEANS OF UTILIZING THESE PRINCIPLES IN PRACTICAL WORK ARE 
OF COURSE GIVEN. WITH THE PRINCIPLES UNDERSTOOD, IT IS A SIMPLE 
MATTER TO APPLY THEM TO ANY SPECIFIC RADIO APPARATUS. 

T H E AUTHORS. 
December, 1927. 
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PRINCIPLES 

C H A P T E R I 

U N D E R L Y I N G E L E C T R I C A L T H E O R Y 

E lec t r i c i t y a n d M a t t e r . — E l e c t r i c i t y m a y b e d e v e l o p e d in 

m a t e r i a l b o d i e s in a v a r i e t y o f w a y s , s u c h as b y c o n t a c t , f r i c t ion , 

o r h e a t i n g . T h u s , t w o p i e c e s o f m a t t e r r u b b e d o r s i m p l y p l a c e d 

in c lo se c o n t a c t w i t h e a c h o t h e r a n d t h e n sepa ra t ed , a c q u i r e e a c h 

t h e p r o p e r t y o f a t t r a c t i n g o r repe l l ing o t h e r b o d i e s . T h i s p e r m i t s 

a d i s t i n c t i o n b e t w e e n t w o k i n d s o f e l ec t r i c i t y , ca l l ed p o s i t i v e a n d 

n e g a t i v e , l i ke c h a r g e s repe l l ing e a c h o t h e r wh i l e o p p o s i t e c h a r g e s 

a t t r a c t e a c h o t h e r . W h e n c o m i n g i n t o c o n t a c t , o p p o s i t e c h a r g e s 

c o m b i n e a n d t h e b o d i e s s u p p o r t i n g t h e m r e v e r t t o a neu t ra l 

c o n d i t i o n . 

E l e c t r i c i t y is t h u s n o r m a l l y p r e sen t in ma te r i a l b o d i e s a n d m a y 

b e b r o u g h t f o r t h b y p l a c i n g these u n d e r su i t ab le c o n d i t i o n s . 

W h e n ma te r i a l s are n o t p l a c e d u n d e r s u c h spec ia l c o n d i t i o n s , t h e y 

d o n o t d i s p l a y e l ec t r i ca l p r o p e r t i e s a n d are sa id t o b e in a neu t ra l 

s t a t e . 

N o w the s t u d y o f c h e m i c a l a n d o t h e r p r o p e r t i e s o f m a t t e r h a v 

ing s h o w n e v e r y s u b s t a n c e as m a d e u p o f a l a rge n u m b e r o f a t o m s 

o r m o l e c u l e s , all s imi la r fo r a g i v e n s u b s t a n c e , the re are t w o p o s s i 

b i l i t i e s as t o w h e r e e l e c t r i c i t y m a y ex i s t in s to r e w i t h i n t he 

s u b s t a n c e : i t m a y b e b e t w e e n t he a t o m s , o r w i t h i n t he a t o m s t h e m 

se lve s . I n f a c t , b o t h t heo r i e s m u s t b e m e r g e d i n t o o n e i n o r d e r 

t o a c c o u n t p r o p e r l y f o r s u c h p h e n o m e n a as e l ec t r i ca l c o n d u c t i o n , 

e m i s s i o n o f n e g a t i v e e l e c t r i c i t y b y h e a t e d b o d i e s , e t c . , w h i c h h a v e 

g r a d u a l l y p e r m i t t e d a b e t t e r a n d c l o s e r u n d e r s t a n d i n g o f t h e 

a t o m i c s t ruc tu re o f m a t t e r . 

A n a t o m is t h u s c o n s i d e r e d as h a v i n g a m a s s o r c h a r g e o f p o s i 

t i v e e l e c t r i c i t y a t i t s c en t e r , a r o u n d w h i c h r o t a t e a n u m b e r o f 

sma l l m a s s e s o r c h a r g e s o f n e g a t i v e e l e c t r i c i t y . T h e s u m t o t a l o f 

t h e n e g a t i v e c h a r g e s is n o r m a l l y e q u a l t o t he p o s i t i v e c h a r g e , so 
1 
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t h a t t h e a m o u n t s o f e l e c t r i c i t y o f o p p o s i t e po la r i t i e s e x a c t l y n e u 

t ra l ize e a c h o the r , a n d n o ex t e r i o r e l ec t r i ca l f o r c e is o b s e r v e d . 

A l l t he se n e g a t i v e c h a r g e s are e q u a l , a n d a re ca l l ed electrons. 
T h e y c o n s t i t u t e t h e smal l e s t p o s s i b l e f r ac t i ons o f e l e c t r i c i t y 

o b t a i n a b l e , a n d h a v e a d i a m e t e r w h i c h is e s t i m a t e d as 1 X 1 0 ~ 1 3 

c m . ( T h e h y d r o g e n a t o m is a b o u t 6 0 , 0 0 0 t i m e s l a rge r . ) T h e 

en t i r e s t ruc tu re r e s e m b l e s a m i n i a t u r e so la r s y s t e m in w h i c h 

t he p l ane t s , r e p r e s e n t e d b y t h e e l e c t r o n s , are all e q u a l in s ize . T h e 

d i f fe rence b e t w e e n a t o m s o f v a r i o u s s u b s t a n c e s is i n t h e n u m b e r 

a n d a r r a n g e m e n t o f t he e l e c t r o n s r e v o l v i n g a r o u n d the cen t ra l 

p o s i t i v e c h a r g e , w h i c h a c c o u n t s f o r t h e a t o m i c w e i g h t s a n d o t h e r 

cha rac t e r i s t i c p r o p e r t i e s . T h u s , w h i l e a n a t o m o f h y d r o g e n 

p r o b a b l y h a s o n l y t w o e l e c t r o n s , an a t o m o f m e r c u r y h a s severa l 

t h o u s a n d s o f t h e m . 

A n o t h e r s imi l a r i ty w i t h a so la r s y s t e m is t h e e x i s t e n c e o f e l e c 

t r o n s in t he a t o m s o f ce r t a in sus t ances , s u c h as t h e m e t a l s , w h i c h 

f o l l o w v e r y e c c e n t r i c o r b i t s , l i ke t h e c o m e t s o f o u r so la r s y s t e m . 

S u c h e l e c t r o n s , b e i n g t h u s p r o j e c t e d a t c o m p a r a t i v e l y g r e a t d i s 

t a n c e s f r o m t h e a t o m cen te r , m a y e v e n g o so far as t o e s c a p e t h e 

a c t i o n o f o n e a t o m a n d e n t e r t h e s y s t e m o f a n o t h e r o n e , a n d are 

t he re fo re ca l l ed " f r e e e l e c t r o n s . " T h e y m a y ea s i l y b e t o r n f r o m 

a n y o n e a t o m s y s t e m u n d e r t h e a t t r a c t i o n (o r r e p u l s i o n ) o f s o m e 

e l ec t r i c c h a r g e e x t e r n a l t o t he b o d y a n d wi l l t h e n t r a v e l b e t w e e n 

t he a t o m s in a c o m m o n genera l d i r e c t i o n , c r ea t i ng w i t h i n t h e b o d y 

a dr i f t o r c u r r e n t o f e l e c t r i c i t y . T h i s electric current wi l l b e 

s t u d i e d l a te r i n g rea te r de ta i l . 

I t is n o t w i t h i n t h e s c o p e o f th is b o o k t o s t u d y t he f o r c e s a c t i n g 

o n t h e r e v o l v i n g e l e c t r o n s w i t h i n t he a t o m s , s u c h as t h e a t t r ac 

t i o n o f t h e p o s i t i v e c e n t e r c h a r g e o n t h e e l e c t r o n s , t h e m u t u a l 

r epu l s i ons b e t w e e n di f ferent e l e c t r o n s o f t h e a t o m s , t h e c e n 

t r i fugal f o r c e s a t t e n d i n g t o t h e r o t a t i o n o f t he e l e c t r o n s , e t c . 

I t s h o u l d b e s t a t ed , h o w e v e r , t h a t t h e a t o m i c s t r u c t u r e j u s t 

d e s c r i b e d is a s t ab le o n e , o w i n g t o t h e a c t i o n o f these i n t e rna l 

f o r c e s a n a t t e m p t t o shif t the e l e c t r o n r ing w i t h r e s p e c t t o t h e 

cen t ra l p o s i t i v e c h a r g e e n c o u n t e r i n g the i r o p p o s i n g a c t i o n . 

T h i s t e n d s t o r e s to re t he o r ig ina l s h a p e o f t h e a t o m i c s t r u c t u r e 

w h e n the ex t e rna l d i s t o r t i ng f o r c e s are r e m o v e d . 

I n v i e w o f th is e l e c t r o n s t ruc tu re o f m a t t e r , s u b s t a n c e s m a y b e 

d i v i d e d i n t o t w o c lasses , a c c o r d i n g t o w h e t h e r t h e y c o n t a i n free 

e l e c t r o n s o r n o t . I n t h e l a t t e r case t h e y are c a l l e d i n su l a to r s o r 

d i e l ec t r i c s , a n d in t h e f o r m e r case , c o n d u c t o r s . A c t u a l l y , a l l 
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a n d is c a l l e d t h e intensity o f t he e l ec t r i c field d u e t o t he c h a r g e m 
a t t h e p o i n t o f l o c a t i o n o f t h e Unit c h a r g e . 

T h e field i n t e n s i t y o f a c h a r g e m i s o l a t e d i n s p a c e is t h u s t h e 

s a m e f o r all p o i n t s o f t h e sphe re o f r ad ius r h a v i n g t h e c h a r g e m a t 

i ts c e n t e r . T h e d i r e c t i o n o f t he f o r c e a t e a c h p o i n t o f t h e su r face 

is n o r m a l t o t he l a t t e r a l o n g t h e r ad ius pas s ing t h r o u g h the p o i n t 

c o n s i d e r e d . 

P o t e n t i a l . — B y def in i t ion , t he w o r k d o n e b y t h e f o r c e o f t h e 

field o f a c h a r g e m in m o v i n g a un i t c h a r g e f r o m a p o i n t A t o an 

m a t e r i a l s c o n t a i n a t leas t a f e w free e l e c t r o n s , b u t s o m e c o n t a i n 

t h e m i n s u c h sma l l n u m b e r s p e r un i t v o l u m e t h a t t h e y m a y b e 

c o n s i d e r e d s u b s t a n t i a l l y as i n su la to r s . 

C o u l o m b ' s L a w . — T h e a c t i o n o f e l ec t r i c c h a r g e s u p o n e a c h 

o t h e r t a k e s p l a c e i n v a c u u m as we l l as in ma te r i a l m e d i a , a n d irre

s p e c t i v e o f w h e t h e r t h e c h a r g e s are free o r b o u n d t o ma te r i a l 

b o d i e s . T h u s c o n s i d e r first two charges concentrated at two points, 
having no material support and placed in empty space. T h e r e s p e c 
t i v e v a l u e s o f t h e c h a r g e s , t h a t is, t h e quan t i t i e s o f e l e c t r i c i t y 

c o n s t i t u t i n g t h e m b e i n g m a n d m', a n d r d e s i g n a t i n g t h e d i s t a n c e 

b e t w e e n t h e c h a r g e s , e a c h c h a r g e wi l l e x e r t a f o r c e / u p o n t he 

o t h e r a l o n g t h e s t r a igh t l ine mm' n u m e r i c a l l y e q u a l t o 

. mm' 

as w a s d i s c o v e r e d e x p e r i m e n t a l l y u n d e r c o n d i t i o n s a p p r o x i m a t i n g 

t he a b o v e . T h e p r o d u c t mm', a n d h e n c e t he f o r c e / , is p o s i t i v e 

o r n e g a t i v e d e p e n d i n g r e s p e c t i v e l y o n w h e t h e r t he cha rges h a v e 

t h e s a m e o r o p p o s i t e po la r i t i e s . I n t he f o r m e r case t h e f o r c e / 

t e n d s t o se t t h e c h a r g e s in m o t i o n a w a y f r o m e a c h o t h e r . I n t h e 

la t te r , t he f o r c e p r o d u c e s m u t u a l a t t r a c t i o n o f t h e c h a r g e s a n d 

t e n d s t o m a k e t h e m m o v e t o w a r d e a c h o t h e r . 

F i e l d I n t e n s i t y . — A p p l y i n g th is t o t h e def in i t ion o f t he un i t o f 

e l e c t r i c c h a r g e o r q u a n t i t y o f e l ec t r i c i t y , a u n i t c h a r g e is t h a t 

w h i c h , p l a c e d a t a u n i t d i s t a n c e f r o m a n e q u a l c h a r g e , is r epe l l ed 

b y t h e l a t t e r w i t h u n i t f o r c e . I n t h e p r a c t i c a l un i t s y s t e m , th i s 

un i t c h a r g e is ca l l ed t h e c o u l o m b . 

T h e f o r c e e x e r t e d b y a c h a r g e m o n a un i t c h a r g e p l a c e d a t a 

d i s t a n c e r f r o m it is t h e n e q u a l t o 
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inf ini te d i s t a n c e f r o m m is t he potential a t p o i n t A. T h e differ
ence of potential b e t w e e n t w o p o i n t s o f t h e field is h e n c e e q u a l t o 

t h e w o r k d o n e i n m o v i n g a u n i t c h a r g e f r o m o n e p o i n t t o a n o t h e r . 

I f t h e t w o p o i n t s are a un i t o f l e n g t h apa r t , a n d t h e w o r k a c c o m 

p l i s h e d i n m o v i n g a u n i t c h a r g e f r o m o n e p o i n t t o t h e o t h e r is 

e q u a l t o t h e un i t o f w o r k , t h e n the p o t e n t i a l d i f fe rence b e t w e e n 

t h e t w o p o i n t s is a u n i t p o t e n t i a l d i f fe rence . I n t h e p r a c t i c a l 

u n i t s y s t e m th is is c a l l e d t he v o l t . 

F r o m t h e a b o v e r e m a r k , t h a t t he field i n t e n s i t y is t he s a m e 

f o r all p o i n t s o f a sphe re h a v i n g t h e c h a r g e m a t i t s c e n t e r , i t 

f o l l o w s t h a t all p o i n t s o f t h a t sphe re are a t t h e s a m e p o t e n t i a l . 

E l e c t r o s t a t i c F i e l d . — C o u l o m b ' s e q u a t i o n exp re s se s t h e e f fec t 

o f a s t a t i o n a r y c h a r g e m o n a n y o t h e r c h a r g e . T h a t is , i t 

exp res ses t h e p e c u l i a r c o n d i t i o n a r o u n d t h e c h a r g e m w h e r e b y a 

f o r c e wi l l b e e x e r t e d o n a n y o t h e r c h a r g e w h i c h m a y b e p re sen t , 

w h i c h f o r c e p r o d u c e s w o r k w h e n a l l o w e d t o m o v e th i s o t h e r 

c h a r g e . A n a m o u n t o f l a t e n t o r potential energy is t h u s s t o r e d 

a n d d i s t r i b u t e d i n t h e s p a c e s u r r o u n d i n g t h e c h a r g e m , p a r t o f 

w h i c h is c o n v e r t e d i n t o w o r k w h e n e v e r s o m e o t h e r c h a r g e p l a c e d 

i n t h e field m o v e s u n d e r i t s a c t i o n . 

T h e a m o u n t o f p o t e n t i a l e n e r g y a v a i l a b l e a t a n y p o i n t , b e i n g 

e x p r e s s e d b y t h e v a l u e o f p o t e n t i a l a t t h a t p o i n t , m a y b e r e p r e 

s e n t e d g r a p h i c a l l y b y i n d i c a t i n g (<z) t h e d i r e c t i o n o f t h e f o r c e a t 

e a c h p o i n t , a n d (6 ) t h e p o t e n t i a l a t e a c h p o i n t o f t h e field. T h e 

e l e c t r o s t a t i c field o f a s ing le c h a r g e m is t h u s r e p r e s e n t e d i n 

F i g . 1. T h e d i r e c t i o n o f t h e f o r c e a t a n y p o i n t is a l o n g t h e 

s t r a igh t l ine j o i n i n g t h a t p o i n t t o t h e c h a r g e m , as s h o w n f o r 

v a r i o u s p o i n t s b y t h e d o t t e d r ad ia l l ines . The p o t e n t i a l is s h o w n 

b y m e a n s o f e q u i p o t e n t i a l sur faces , o b t a i n e d f r o m t h e v a l u e o f 

p o t e n t i a l g r a d i e n t a l o n g a r ad i a l l ine o f t h e field, f o r i n s t a n c e m l , 

as e x p r e s s e d b y C o u l o m b ' s e q u a t i o n . 

D i e l e c t r i c C o n s t a n t . — I f , i n s t e a d o f c o n s i d e r i n g e l ec t r i c c h a r g e s 

i n a v a c u u m , t h e y are p l a c e d i n a m a t e r i a l i n su l a t ing m e d i u m , 

s u c h as air , t h e c o n d i t i o n s differ f r o m t h e p r e c e d i n g o n e s i n 

t h a t t h e s p a c e s u r r o u n d i n g t h e cha rges is n o t e m p t y b u t c o n t a i n s 

a n u m b e r o f m o l e c u l e s o r a t o m s , o r i n o t h e r w o r d s , a n u m b e r o f 

se ts o f s m a l l p o s i t i v e a n d n e g a t i v e c h a r g e s , e a c h se t b e i n g 

a r r a n g e d i n a s t a b l e s t ruc tu re as d e s c r i b e d h e r e t o f o r e t o f o r m a n 

a t o m . T h r o u g h i ts e l e c t r o s t a t i c field t h e n e g a t i v e c h a r g e m 

wi l l t h e n , i n a c c o r d a n c e w i t h t h e a b o v e , a t t r a c t t h e p o s i t i v e 

c e n t r a l c h a r g e o f e a c h a t o m o f t he i n su l a t i ng m e d i u m a n d r e p e l 
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t h e n e g a t i v e e l e c t r o n s , w i t h o u t h o w e v e r a t t r a c t i n g o r r epe l l ing 

t h e a t o m as a w h o l e , t h e f o r c e s e x e r t e d b y t h e c h a r g e m o n i t s 

p o s i t i v e a n d n e g a t i v e c o m p o n e n t c h a r g e s b e i n g e q u a l a n d o p p o 

s i te . T h e c h a r g e m wi l l h e n c e s i m p l y p r o d u c e a d i s t o r t i o n o f t h e 

a t o m i c s t ruc tu re , w h i c h m a y b e v i s u a l i z e d as a shif t o f t h e e l e c -

FLG. 1. 

t r o n r ing w i t h r e s p e c t t o t h e p o s i t i v e a t o m cen te r . T h i s d i s 

p l a c e m e n t o f t h e c o m p o n e n t c h a r g e s o f t he a t o m s r ep re sen t s a 

c e r t a i n a m o u n t o f w o r k o n t h e p a r t o f t h e e l e c t r o s t a t i c f ield o f 

t h e c h a r g e m , a n d a c o n s e q u e n t d e c r e a s e o f i t s p o t e n t i a l e n e r g y , 

as e x p l a i n e d i n t h e p r e c e d i n g s e c t i o n , w h i c h c o r r e s p o n d i n g l y 

r e d u c e s t h e rad i i o f t h e e q u i p o t e n t i a l sphe res r e p r e s e n t i n g t h e 

field o f t h e c h a r g e m . I n o r d e r t o r e s to re t h e field t o t h e v a l u e 
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w h i c h i t w o u l d h a v e in a v a c u u m , i t is t h e n n e c e s s a r y t o i n c r e a s e 

t he c h a r g e m t o s o m e v a l u e m." T h e r a t i o 

o b v i o u s l y d e p e n d s o n t he na tu r e o f t h e d i e l ec t r i c s u b s t a n c e w h i c h 
s u r r o u n d s t h e c h a r g e a n d is c a l l e d i ts dielectric constant o r specific 
inductive capacity. T o fix ideas , th is is a p p r o x i m a t e l y e q u a l t o 
1.0006 f o r air, 2 .3 f o r paraff in, 6 .6 f o r m i c a , 10 f o r g lass , a n d 8 0 
f o r w a t e r . 

I n a ma te r i a l m e d i u m , C o u l o m b ' s r e l a t i on t he re fo re t a k e s t h e 
f o r m 

, _ 1 mm' 
J ~ k ~ r r 

a l so v a l i d f o r v a c u u m , f o r w h i c h k is e q u a l t o u n i t y . 

Electrostatic Induc t ion .—Consider a c h a r g e m ( F i g . 2 ) of , s a y , 

n e g a t i v e p o l a r i t y , s e t t i ng u p an e l e c t r o s t a t i c field as r e p r e s e n t e d 

FIG. 2 . 

in t h e figure b y i ts e q u i p o t e n t i a l sphe res . L e t AB r e p r e s e n t a 

r o d o f a ma te r i a l c o n t a i n i n g free e l e c t r o n s , a m e t a l f o r e x a m p l e , 

p l a c e d w i t h i t s e n d s l y i n g i n d i f ferent e q u i p o t e n t i a l sphe res , 

f o r i n s t a n c e , a l o n g o n e o f t he l ines o f f o r c e o f t h e field. A dif

f e r ence o f p o t e n t i a l b e i n g t h u s e s t a b l i s h e d b e t w e e n t h e e n d s A 

a n d B, t h e free e l e c t r o n s are , u n d e r t he r epe l l ing f o r c e o f t h e 

c h a r g e m, d r i v e n t o w a r d t h e e n d B o f t h e r o d w h i c h , b e i n g fur

thes t a w a y f r o m the c h a r g e , has t he w e a k e s t n e g a t i v e p o t e n t i a l . 

T h i s causes a d e f i c i e n c y o f e l e c t r o n s a t t h e e n d A o f t h e r o d 

a n d a c o r r e s p o n d i n g e x c e s s o f e l e c t r o n s a t t h e e n d B. T h e s e 
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e n d s t he re fo re b e c o m e , r e s p e c t i v e l y , p o s i t i v e l y a n d n e g a t i v e l y 

c h a r g e d , s ince in t he e n d A t he s u m o f t h e cen t ra l p o s i t i v e c h a r g e s 

o f t h e a t o m s n o w s l igh t ly e x c e e d s t h a t o f t h e n e g a t i v e e l e c t r o n s 

r e m a i n i n g in t h a t pa r t , w h i l e t h e r eve r se is t rue o f t h e o t h e r 

e n d B. 
T h e c h a r g e s t h u s c r e a t e d a t t h e e n d s o f t h e r o d AB p r o d u c e 

e l e c t r o s t a t i c f ields i n the i r v i c i n i t y , w h i c h c o m b i n e r e s p e c t i v e l y 

w i t h t h a t o f t h e c h a r g e m , i nc reas ing t he n e g a t i v e p o t e n t i a l 

a r o u n d the e n d B, d ec r ea s ing it a r o u n d the e n d A, a n d t h u s t e n d 

ing t o neu t ra l i ze t h e p o t e n t i a l d i f ference o r i g i n a l l y set u p b y t h e 

field o f t he c h a r g e m b e t w e e n t he e n d s A a n d B. W h e n th i s n e u 

t r a l i z a t i on is c o m p l e t e , t h e t ransfer o f free e l e c t r o n s ceases w i t h i n 

t h e r o d a n d a c o n d i t i o n o f e q u i l i b r i u m is r e a c h e d . 

C o n d e n s e r , C a p a c i t a n c e . — T h i s p r o p e r t y is m a d e use o f in 

d e v i c e s ca l l ed c o n d e n s e r s f o r s to r ing e l ec t r i ca l p o t e n t i a l e n e r g y 

in a d i e l ec t r i c ( o r i n su l a t i ng ) m e d i u m . 

S u c h c o n d e n s e r s cons i s t e s sen t i a l ly o f t w o c o n d u c t o r s p l a c e d 

s o m e d i s t a n c e a p a r t a n d in su l a t ed f r o m e a c h o t h e r . I n m o s t 

ca se s t hese c o n d u c t o r s are g i v e n t h e s h a p e o f 

para l le l p l a t e s A a n d B ( F i g . 3 ) . I f these p l a t e s 

are c o n n e c t e d t o a s o u r c e o f c o n t i n u o u s p o t e n t i a l , 

s u c h as a b a t t e r y o r d i r ec t - cu r r en t g e n e r a t o r G, 
a p o t e n t i a l d i f fe rence wi l l b e e s t ab l i shed b e t w e e n t he 

t w o p la tes , m a k i n g , fo r i n s t a n c e , the p l a t e A p o s i 

t i v e a n d t h e p l a t e B n e g a t i v e . T h i s is a c c o m 

p l i s h e d b y t he b a t t e r y o r g e n e r a t o r r e m o v i n g s o m e 

of t h e free e l e c t r o n s f r o m t h e m e t a l o f t h e p l a t e A 
a n d p l a c i n g a l ike n u m b e r o f e l e c t r o n s o n p l a t e B, 
t h e p r o c e s s c o n s t i t u t i n g a t e m p o r a r y f l o w o r c u r r e n t 

o f e l e c t r i c i t y a l o n g t he m e t a l l i c c i r cu i t AGB as in t he p r e c e d i n g 

case . W h e n t h e e l e c t r o s t a t i c f ield c r e a t e d b e t w e e n t h e t w o p l a t e s 

b y t h e p r e s e n c e o f t h e c h a r g e s o n t h e m e x a c t l y c o u n t e r b a l a n c e s t h e 

e l e c t r o m o t i v e f o r c e o f t he g e n e r a t o r G, t h e t ransfer o f e l e c t r i c i t y 

a l o n g t he c i r cu i t ceases a n d t he c o n d e n s e r is sa id t o b e c h a r g e d . 

T h e v a l u e o f t he e l e c t r o s t a t i c field in a g i v e n c o n d e n s e r b e i n g 

d i r e c t l y p r o p o r t i o n a l t o t h e c h a r g e s o n i ts p l a t e s (as f o l l o w s f r o m 

C o u l o m b ' s l a w ) , t h e c h a r g e o f a c o n d e n s e r is , c o n v e r s e l y , d i r e c t l y 

p r o p o r t i o n a l t o t h e p o t e n t i a l d i f fe rence b e t w e e n i ts p l a t e s , th i s 

p o t e n t i a l d i f fe rence b e i n g a m e a s u r e o f t h e e l e c t r o s t a t i c f ield. 

T h e r a t i o M/V o f t he c h a r g e o f a c o n d e n s e r t o t h e p o t e n t i a l 

d i f fe rence b e t w e e n i ts p l a t e s has , h e n c e , a c o n s t a n t v a l u e C, 
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cha rac te r i s t i c o f t h e c o n d e n s e r , c a l l e d i t s c a p a c i t a n c e o r e l e c t r o 

s ta t i c c a p a c i t y . I n t h e p r a c t i c a l un i t s y s t e m t h e un i t o f c a p a c i 

t a n c e is t h e f a rad . T h i s is t h e c a p a c i t a n c e o f a c o n d e n s e r w h i c h , 

f o r a p o t e n t i a l d i f fe rence o f 1 v o l t b e t w e e n i t s p l a t e s , w i l l s t o r e 

a q u a n t i t y o f e l e c t r i c i t y o f 1 c o u l o m b . S u b d i v i s i o n s o f th i s un i t 

f r e q u e n t l y u s e d in r a d i o are t he m i c r o f a r a d ( m f d . ) a n d m i c r o -

m i c r o f a r a d ( m i c r o - m f d . ) w h i c h are r e s p e c t i v e l y t h e m i l l i o n t h 

pa r t o f a f a r ad a n d o f a m i c r o f a r a d . 

S ince a c h a r g e M p r o d u c e s , in a v a c u u m , t h e s a m e field as a 

c h a r g e kM i n a n insu la t ing m e d i u m o f d i e l e c t r i c c o n s t a n t k, as 

s h o w n a b o v e , i t f o l l o w s t h a t if C = M/V is t h e c a p a c i t a n c e o f a 

c o n d e n s e r in a v a c u u m , i t s c a p a c i t a n c e in a n insu la t ing m e d i u m 

o f d i e l ec t r i c c o n s t a n t k wi l l b e 

C' =
 hf = kC. 

T h i s , i n c i d e n t a l l y , g i v e s a m e t h o d f o r m e a s u r i n g k i n m e a s u r i n g 

t he c a p a c i t a n c e o f a c o n d e n s e r in a v a c u u m a n d t h e n o f t h e s a m e 

c o n d e n s e r h a v i n g as a d i e l ec t r i c t he m a t e r i a l u n d e r tes t , t h e r a t i o 

o f t h e l a t t e r v a l u e t o t he f o r m e r g i v i n g t he v a l u e k. 

T h e c a p a c i t a n c e o f a para l le l p l a t e c o n d e n s e r m a y b e c a l c u 

l a t e d f r o m t h e f o r m u l a 

c = ° - 0 8 8 5 x JxToi' 
w h e r e C is t he c a p a c i t a n c e i n m i c r o f a r a d s , S t he a rea in s q u a r e 

c e n t i m e t r e s o f o n e s ide o f o n e c o n d u c t i n g p l a t e , d t h e d i s t a n c e 

b e t w e e n t h e p l a t e s in c e n t i m e t r e s , a n d k t h e d i e l ec t r i c c o n s t a n t 

o f t h e in su la to r s epa ra t i ng t h e p l a t e s . 

C o n d e n s e r s m a y b e b u i l t w i t h a fixed o r a d j u s t a b l e c a p a c i t y . 

T h e f o r m e r are g e n e r a l l y m a d e u p o f se ts o f a l t e rna te m e t a l fo i l 

a n d p a p e r , m i c a films, o r g lass p la tes , all e v e n a n d o d d n u m b e r e d 

m e t a l fo i l s b e i n g c o m m o n l y c o n n e c t e d r e s p e c t i v e l y t o f o r m t h e 

t w o " p l a t e s " o r a r m a t u r e s o f t h e c o n d e n s e r . T h e l a t t e r g e n e r 

a l l y c o n s i s t o f a se t o f fixed para l le l m e t a l p l a t e s a n d a se t o f 

m o v a b l e p l a t e s . T h e m o v a b l e p l a t e s are s e p a r a t e d f r o m t h e 

fixed o n e s b y air o r o i l a n d m o u n t e d o n a shaf t o r o n rails so t h a t 

a r o t a t i o n o r a s l id ing m o t i o n wi l l p e r m i t a v a r i a b l e p o r t i o n o f t h e 

m o v a b l e p l a t e s t o b e inse r t ed b e t w e e n t h e fixed p l a t e s , t h u s 

v a r y i n g t h e c a p a c i t a n c e o f t h e c o n d e n s e r . D e p e n d i n g o n t h e 

s h a p e s o f t he p l a t e s , t he c a p a c i t a n c e v a r i a t i o n m a y b e m a d e 

a l m o s t a n y des i r ed f u n c t i o n o f the i r r e l a t ive m o t i o n . 
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E n e r g y S t o r e d i n a C o n d e n s e r . — T h e c h a r g i n g p r o c e s s o f a 

c o n d e n s e r c o n s i s t i n g , as e x p l a i n e d , i n t h e t rans fe r o f a c h a r g e M 
f r o m o n e o f i ts p l a t e s t o t h e o t h e r , m a y b e c o n s i d e r e d as e f f ec t ed 

t h r o u g h t h e s u c c e s s i v e t ransfer , f r o m the o n e p l a t e t o t h e o t h e r , 

o f a l a rge n u m b e r n o f sma l l e q u a l c h a r g e s m , a n d 

M 
m = — 

n 

T h e t ransfer o f e a c h c h a r g e m t h e n raises t he p o t e n t i a l d i f fe rence 

b e t w e e n t h e p l a t e s b y a s a m e a m o u n t v s o t h a t t he final p o t e n t i a l 

d i f fe rence o f t h e fu l ly c h a r g e d c o n d e n s e r is 

V = vn. 

F r o m t h e de f in i t ion o f a p o t e n t i a l d i f fe rence , a ce r t a in a m o u n t 

o f w o r k is p e r f o r m e d w h e n t ransfer r ing a n y o n e o f t he c h a r g e s m 

f r o m t h e o n e p l a t e t o t h e o t h e r , a n d t he e n e r g y r e q u i r e d f o r th i s 

w o r k is s u b s t a n t i a l l y e q u a l (if n is l a rge a n d h e n c e m a n d v 

s m a l l ) t o t h e p r o d u c t o f t he c h a r g e m b y t h e p o t e n t i a l d i f fe rence 

ex i s t ing b e t w e e n t h e p l a t e s a t t he t i m e o f i ts t ransfer . T h e t o t a l 

e n e r g y s p e n t f o r c h a r g i n g t h e c o n d e n s e r is t h u s s u b s t a n t i a l l y e q u a l 

t o 

W = v • m + 2y • m + 3w • m + • • • + nv • m 
= v • m ( l + 2 + 3 + • • • + n) 

V M 
= - • ^ (1 + 2 + 3 + • • • + n ) , 

n n 

a n d s ince , as k n o w n , 

1 + 2 + 3 + . - . + » - 5 ^ ± i ) , 

t h e e x p r e s s i o n b e c o m e s 

w = YM. v^L+Al = IK ni~n + !) 
n 2 ' 2 2 ' n 2 

a n d n b e i n g la rge , t h e e x p r e s s i o n n(n + l ) / n 2 m a y b e c o n s i d e r e d 
as e q u a l t o u n i t y , so t h a t 

w = m 
2 

F i n a l l y , s ince , f r o m t h e p r e c e d i n g s e c t i o n 

M = CV, 

t h e e n e r g y s p e n t in c h a r g i n g t h e c o n d e n s e r is e q u a l t o 
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w h i c h is s t o r e d in t h e c o n d e n s e r i n t he f o r m o f p o t e n t i a l e n e r g y . 

T h i s m a y t h e n p e r f o r m w o r k w h e n t h e c o n d e n s e r is a l l o w e d t o 

d i s c h a r g e . 

F i e l d o f a U n i f o r m l y M o v i n g C h a r g e . — T h e c h a r g i n g p r o c e s s 

o f a c o n d e n s e r l e a d s t o t h e s t u d y o f t he c o n d i t i o n s a t t e n d i n g t o 

t he m o t i o n o f a n e l ec t r i c c h a r g e , a n d t h e f l o w o f e l ec t r i c c u r r e n t . 

C o n s i d e r a s ingle e l ec t r i c c h a r g e m ( F i g . 4 ) t r a v e l i n g a l o n g a 

s t r a igh t l ine X'X a t a n u n v a r y i n g s p e e d s, c a r r y i n g i t s e l e c t r o 

s ta t i c field a l o n g w i t h i t . N o d r i v i n g o r a c c e l e r a t i n g f o r c e n e e d 

t h e n b e a p p l i e d t o t h e c h a r g e , a f o r c e b e i n g b y de f in i t i on t h e c a u s e 

o f a v a r i a t i o n in t h e s t a te o f m o t i o n (o r o f r e s t ) , a n d t h e r e b e i n g 

n o res i s tance t o m o t i o n i n e m p t y s p a c e . D e s i g n a t i n g b y P a 

s t a t i o n a r y p o i n t o u t s i d e t h e p a t h X'X, t h e rad ia l l ines o f f o r c e 

e r ed . T h e s p e e d v is s i m p l y t he c o m p o n e n t o f t h e s p e e d s in a 

d i r e c t i o n n o r m a l t o t h e l ine mP. 

A s a resul t o f th i s m o t i o n o f t h e e l e c t r o s t a t i c l ines o f f o r c e 

p a s t p o i n t P, a n e w f o r c e is f o u n d t o arise a t th i s p o i n t i n a d d i t i o n 

t o t he f o r c e o f t h e e l e c t r o s t a t i c f ield. T h i s is c a l l e d a magnetic 
force, f o r i t wi l l c ause t he de f l ec t i on o f a f r ee ly p i v o t e d m a g n e t 

n e e d l e ( c o m p a s s n e e d l e ) w h e n p l a c e d a t p o i n t P. T h e direction 
o f th i s m a g n e t i c f o r c e a t p o i n t P, w h i c h is t he d i r e c t i o n t a k e n b y 

t h e p i v o t e d n e e d l e u n d e r t h e a c t i o n o f t h e f o r c e , is n o r m a l t o t h e 

p l a n e o f mP a n d X'X. I t is p a r t i c u l a r l y n o r m a l t o t h e d i r e c t i o n 

o f t h e e l e c t r o s t a t i c f o r c e a t t h e p o i n t P c o n s i d e r e d a n d t o t h e 

d i r e c t i o n o f m o t i o n o f t h e c h a r g e . T h e intensity h o f t h e m a g 

n e t i c f o r c e a t p o i n t P is d i r e c t l y p r o p o r t i o n a l t o t h e e l e c t r o s t a t i c 

f o r c e i n t e n s i t y / a t th i s p o i n t a n d t o t he s p e e d o f m o t i o n v o f t h e 

e l e c t r o s t a t i c l ines o f f o r c e p a s t p o i n t P. I t m a y b e e x p r e s s e d 

o f t he e l e c t r o s t a t i c f ield wi l l , 

as t h e c h a r g e m m o v e s a l o n g 

X'X, s w e e p in s u c c e s s i o n p a s t 

p o i n t P w i t h a s p e e d v e q u a l t o 

v = s • s in a, 

FIG. 4 . 

w h e r e a is t h e a n g l e o f X'X 
w i t h t h e l ine mP j o i n i n g t h e 

p o i n t P t o t h e p o s i t i o n o f t h e 

c h a r g e a t t h e i n s t an t c o n s i d -

, , mo 
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w h e r e m is t h e v a l u e o f t h e c h a r g e a n d r t h e d i s t a n c e mP a t t h e 

i n s t an t c o n s i d e r e d . T h u s , t he m a g n e t i c f ield i n t ens i t y , l i ke t h e 

e l e c t r o s t a t i c f ield i n t ens i t y , va r i e s i n v e r s e l y as t h e s q u a r e o f 

t h e d i s t a n c e . 

T h e l ine X'X b e i n g a n axis o f s y m m e t r y f o r t h e f igure , th i s 

m a y b e r o t a t e d a r o u n d i t , a n d p o i n t P t h e n d e s c r i b e s a c i r c l e 

h a v i n g i t s c e n t e r o n X'X a n d i ts p l a n e n o r m a l t o X'X. A t a n y 

g i v e n i n s t an t t h e e l e c t r o s t a t i c a n d m a g n e t i c f o r c e s are t h e s a m e , 

r e s p e c t i v e l y , f o r all t h e p o i n t s o f th i s c i r c l e . T h e e l e c t r o s t a t i c 

f o r c e is d i r e c t e d a l o n g t he s t r a igh t l ine j o i n i n g m t o t h e p o i n t 

c o n s i d e r e d ( l ine o f f o r c e o f t h e e l e c t r o s t a t i c f ield o f t h e c h a r g e m) 
whi l e t h e m a g n e t i c f o r c e h is t a n g e n t t o t h e c i r c l e , w h i c h t h u s 

c o n s t i t u t e s a line offeree of the magnetic field of the moving charge m. 
I f a n y o f t h e f a c t o r s a f fec t ing t h e m a g n e t i c field i n t e n s i t y 

v a r y , s u c h as, f o r i n s t a n c e , t h e s p e e d o r v a l u e o f t h e m o v i n g 

e l ec t r i c c h a r g e , t h e c i rc les c o n s t i t u t i n g t h e m a g n e t i c l ines o f 

f o r c e , a n d a l o n g e a c h o f w h i c h t h e m a g n e t i c field s t r e n g t h h a s a 

c o n s t a n t v a l u e , c o r r e s p o n d i n g l y shr ink o r e x p a n d . 

T h e m a g n e t i c field o f t h e m o v i n g c h a r g e m r ep re sen t s a n 

a b i l i t y , o n t h e p a r t o f t h e c h a r g e , t o p e r f o r m w o r k b y a c t i n g o n 

m a g n e t i c m a s s e s (d i sp l ac ing a p i v o t e d m a g n e t n e e d l e , f o r e x a m p l e ) . 

I n o t h e r w o r d s , i t r ep resen t s f o r t h e c h a r g e m a s to re o f m a g n e t i c 

e n e r g y , in a d d i t i o n t o i t s s t o r e o f e l e c t r o s t a t i c e n e r g y , e q u a l t o 

t h e a m o u n t o f e n e r g y e x p e n d e d a t t h e t i m e t h e c h a r g e w a s se t 

i n t o m o t i o n . T h i s e n e r g y wil l i n t u r n p e r f o r m w o r k a g a i n s t 

r e t a rd ing o r a c c e l e r a t i n g f o r c e s a p p l i e d t o t h e c h a r g e w h e n t h e 

s t a te o f m o t i o n o f t h e l a t t e r is t o b e a l t e red . T h e m a g n e t i c field 

o f t h e c h a r g e t h u s g i v e s t o t h e c h a r g e a n e f f ec t i ve iner t ia , w h i c h 

t e n d s t o o p p o s e c h a n g e s i n t h e s ta te o f m o t i o n . 

S u m m a r i z i n g t h e f o r e g o i n g , an e l ec t r i c c h a r g e posses ses a n e l e c 

t r o s t a t i c field t h r o u g h w h i c h it exe r t s a n a c t i o n o n o t h e r e l e c t r i c 

c h a r g e s . W h e n i n a s t a te o f m o t i o n , i t posses ses , in a d d i t i o n , a 

m a g n e t i c field t h r o u g h w h i c h i t c a n e x e r t a n a c t i o n o n m a g n e t i c 

m a s s e s w i t h r e s p e c t t o w h i c h i t is m o v i n g . 

C o n v e r s e l y , th i s a c t i o n o f a n e l ec t r i c c h a r g e o n a m a g n e t i c m a s s 

w i t h r e s p e c t t o w h i c h i t is m o v i n g m a y b e c o n s i d e r e d as a n a c t i o n 

o f t h e m a g n e t i c m a s s o r field o n t h e e l ec t r i c c h a r g e . T h i s r e c i p r o c 

i t y o f i n t e r a c t i o n o f m o v i n g e l ec t r i c c h a r g e s a n d m a g n e t i c m a s s e s 

o r fields is a c o n s e q u e n c e o f t h e r e l a t i v i t y o f the i r s t a te o f m o t i o n . 

M o r e spec i f i ca l ly , t h e m a g n e t i c field o f t h e m o v i n g e l ec t r i c c h a r g e 

a n d t h e m a g n e t i c field w i t h r e s p e c t t o w h i c h t h e c h a r g e is 
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m o v i n g , a d d t o e a c h o t h e r a t s o m e p o i n t s a n d o p p o s e a n d n e u 

t ra l ize e a c h o t h e r a t o t h e r p o i n t s , c a u s i n g f o r c e s t o ar ise w h i c h 

t e n d t o d r a w t h e e l ec t r i c c h a r g e t o w a r d t h e p o i n t s o f r e d u c e d 

m a g n e t i c f ield i n t e n s i t y . 

T h u s c o n s i d e r , fo r i n s t a n c e , a n e g a t i v e c h a r g e m ( F i g . 5 ) , m o v 

ing a t c o n s t a n t s p e e d b e t w e e n t h e p o l e s o f a m a g n e t i n a d i r e c t i o n 

Xm p e r p e n d i c u l a r t o t h e l ines o f m a g n e t i c f o r c e H s e t u p b y t h e 

m a g n e t . A s e x p l a i n e d b e f o r e , t h e l ines o f m a g n e t i c f o r c e d e v e l 

o p e d b y t h e c h a r g e m as a resu l t o f i t s m o t i o n are c i r c l e s e n c l o s i n g 

t he p a t h Xm o f t he c h a r g e . O n e o f t hese c i rc les is s h o w n i n t h e 

c e d i n g s t a t e m e n t , t h e c h a r g e wi l l b e d r a w n t o w a r d t h e s e 

p o i n t s o f w e a k e s t m a g n e t i c field b y a f o r c e E d i r e c t e d p e r 

p e n d i c u l a r l y t o b o t h t h e t r a j e c t o r y Xm o f t h e c h a r g e , a n d t h e 

m a g n e t i c l ines o f f o r c e H a n d p r o p o r t i o n a l t o (a) t h e v a l u e o f 

t h e c h a r g e m, (b) t he i n t e n s i t y o f t h e m a g n e t i c field, a n d ( c ) t h e 

s p e e d o f t h e c h a r g e . T h e c h a r g e , b e i n g t h u s de f l e c t ed f r o m i ts 

o r ig ina l d i r e c t i o n o f t r ave l , a n d m o v i n g i n a n e w d i r e c t i o n , i t s 

m a g n e t i c field wi l l a g a i n c o m b i n e w i t h t h e fixed field H, a n d a 

n e w de f l ec t ing f o r c e ar ises, as m a y b e seen b y r e a s o n i n g as b e f o r e . 

T h e c h a r g e , u l t i m a t e l y , d e s c r i b e s a c i r c l e . 

E l e c t r i c C u r r e n t I n t e n s i t y . — R e f e r r i n g b a c k t o F i g . 3 , a n 

e l e c t r i c c u r r e n t w a s seen t o flow in a m e t a l r o d h a v i n g i t s e n d s 

p l a c e d i n d i f ferent e q u i p o t e n t i a l su r faces o f a n e l e c t r o s t a t i c field, 

t h a t is , h a v i n g a p o t e n t i a l d i f fe rence e s t a b l i s h e d b e t w e e n i ts 

e n d s . S u c h a n e l ec t r i c c u r r e n t is t e m p o r a r y , h o w e v e r , t h e t r ans 

fer o f e l e c t r i c i t y a l o n g t h e r o d a c c u m u l a t i n g e l ec t r i c c h a r g e s 

a t i t s e n d s w h i c h neu t ra l i ze t he o r ig ina l e l e c t r o s t a t i c field. 

FIG. 5 . 

f igure , f r o m w h i c h i t is 

s e e n t h a t t h e m a g n e t i c 

f o r c e d e v e l o p e d b y t h e 

c h a r g e is , a t s o m e p o i n t s , 

i n t h e s a m e d i r e c t i o n as 

t h e l ines o f m a g n e t i c f o r c e 

H o f t h e m a g n e t ( p o i n t s 

l o c a t e d , i n t h e figure, 

a r o u n d the u p p e r p o r t i o n 

o f t h e c i r c l e ) , a n d a t 

o t h e r p o i n t s ( t he l o w e r 

p o r t i o n o f t h e c i r c l e ) i n 

o p p o s i t e d i r e c t i o n . I n 

a c c o r d a n c e w i t h t he p r e -
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I f b y s o m e m e a n s t he o r ig ina l p o t e n t i a l d i f fe rence is sus t a ined , 

f o r i n s t a n c e , b y r e m o v i n g t he neu t r a l i z ing c h a r g e s as t h e y a c c u m u 

la t e a t t h e c o n d u c t o r e n d s , t h e e l ec t r i c c u r r e n t wi l l flow i n a 

c o n t i n u o u s , s t e a d y m a n n e r . S u c h a c o n s t a n t p o t e n t i a l d i f fe rence 

m a y b e e s t a b l i s h e d b e t w e e n t h e c o n d u c t o r e n d s A a n d B b y inser t 

i ng t h e c o n d u c t o r in a c l o s e d c o n d u c t i n g c i r cu i t c o n t a i n i n g a 

b a t t e r y o r g e n e r a t o r G ( F i g . 6 ) . T h e resu l t ing p o t e n t i a l g r a d i e n t 

a l o n g t he c i r cu i t , s e t t ing t he free e l e c t r o n s i n t o m o t i o n a t all p o i n t s 

o f t h e c i r cu i t in a c o m m o n d i r e c t i o n , c r ea t e s a c o n t i n u o u s e l ec t r i c 

c u r r e n t flow. T h e i n t e n s i t y o f th i s e l ec t r i c A B 

cu r r en t , as m e a s u r e d b y t h e q u a n t i t y o f 

e l e c t r i c i t y p a s s i n g t h r o u g h o n e c ro s s - s ec 

t i o n o f t h e w i r e d u r i n g a un i t of t i m e , is 

o b v i o u s l y t h e s a m e f o r all p o i n t s o f t h e c i r 

c u i t . I n t h e p r a c t i c a l un i t s y s t e m the un i t 

o f c u r r e n t i n t e n s i t y is ca l l ed t h e a m p e r e . 

B e f o r e t h e a p p l i c a t i o n o f t h e e l e c t r o n t h e o r y , t he e l ec t r i c 

c u r r e n t w a s a rb i t r a r i l y de f ined as flowing f r o m the p o s i t i v e t o t h e 

n e g a t i v e e n d o f t he c o n d u c t o r . T h e free e l e c t r o n s b e i n g n e g a 

t i v e , c h a r g e s m o v e f r o m t h e n e g a t i v e t o t he p o s i t i v e t e r m i n a l . 

T h i s d i s t i n c t i o n s h o u l d b e r e m e m b e r e d w h e n s p e a k i n g o f e l ec t r i c 

c u r r e n t a n d e l e c t r o n cu r ren t . 

R e s i s t a n c e . — D u r i n g t h e p r o c e s s o f e l ec t r i c c o n d u c t i o n 

t h r o u g h a m e t a l (o r o t h e r s u b s t a n c e ) t h e free e l e c t r o n s , m o v i n g i n 

a c o m m o n gene ra l d i r e c t i o n t o c o n s t i t u t e a n e l ec t r i c cu r r en t , e n t e r 

i n t o f r e q u e n t co l l i s ions w i t h t h e a t o m s o f t he m e t a l (o r s u b s t a n c e ) 

w h i c h h a p p e n t o b e i n the i r p a t h . T h i s t e n d s t o r e d u c e t h e 

v e l o c i t y o f t he e l e c t r o n s , as if a r e t a rd ing f o r c e w e r e a p p l i e d t o 

t h e m . T h e n u m b e r o f co l l i s ions p e r u n i t o f t i m e , a n d h e n c e t h e 

e q u i v a l e n t r e t a rd ing f o r c e b e i n g d i r e c t l y p r o p o r t i o n a l t o t he s p e e d 

o f t h e e l e c t r o n s ( s ince th is is e q u a l t o t h e c o n d u c t o r l e n g t h 

c o v e r e d b y t h e m o v i n g e l e c t r o n s in a un i t o f t i m e ) , is a l so d i r e c t l y 

p r o p o r t i o n a l t o t h e i n t e n s i t y o f t he c u r r e n t f l o w i n g in t h e w i r e , 

as de f ined i n t h e p r e c e d i n g s e c t i o n . 

I n o r d e r t o m a i n t a i n c o n s t a n t t h e a v e r a g e s p e e d o f t h e e l e c t r o n s 

a n d c u r r e n t i n t e n s i t y I, i t is t h e n n e c e s s a r y t o a p p l y t o t h e e l e c 

t r o n s a d r i v i n g o r e l e c t r o m o t i v e f o r c e E, e q u a l a n d o p p o s i t e t o 

t h e r e t a rd ing f o r c e d u e t o t he co l l i s i ons . A s j u s t s h o w n , th i s f o r c e 

is p r o p o r t i o n a l t o t he c u r r e n t i n t ens i ty , a n d th i s m a y b e w r i t t e n 

E = RI, 
w h i c h is t he fami l i a r O h m ' s l a w . 
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T h e f a c t o r R is t h e resistance o f t h e c o n d u c t o r . I t is a c o n s t a n t 

d e t e r m i n e d b y t h e s u b s t a n c e a n d s h a p e o f t h e c o n d u c t o r , s ince i t 

d e p e n d s o n t h e n u m b e r o f free e l e c t r o n s p r e s e n t a n d o n t h e s p a c e 

a r r a n g e m e n t o f t he a t o m s w i t h i n t h e s u b s t a n c e . I f r is t h e 

r e s i s t iv i ty o f t h e m a t e r i a l ( res i s tance a c r o s s o p p o s i t e f ace s o f a un i t 

c u b e o f t h e m a t e r i a l ) , t h e r e s i s t ance o f a c o n d u c t o r o f l e n g t h I a n d 

c ros s - sec t iona l a rea a is t hus 

a 

E n e r g y L o s t t h r o u g h R e s i s t a n c e . — W o r k is d o n e w h e n e v e r a 

f o r c e d i sp l ace s i t s p o i n t o f a p p l i c a t i o n a l o n g i t s o w n d i r e c t i o n , 

e q u a l t o t h e p r o d u c t o f t h e f o r c e b y t h e d i s t a n c e t r a v e l e d b y th i s 

a p p l i c a t i o n p o i n t . A s t e a d y e l ec t r i c c u r r e n t i n a w i r e b e i n g p r o 

d u c e d b y t he a p p l i c a t i o n o f a n e l e c t r o m o t i v e f o r c e E t o i t s f ree 

e l e c t r o n s , w h i c h t h e n t r a v e l in i t a t a c o n s t a n t a v e r a g e s p e e d s, 

w o r k is d o n e d u r i n g e v e r y s e c o n d b y th is f o r c e E in d r a g g i n g e a c h 

e l e c t r o n t h r o u g h t h e w i r e , e q u a l t o 

p = sE. 

I f N is t h e n u m b e r o f m o v i n g e l e c t r o n s p e r un i t l e n g t h o f t h e w i r e , 

t h e t o t a l w o r k d o n e p e r s e c o n d , o r p o w e r e x p e n d e d , is t h e n 

P = Np = NsE. 
T h e p r o d u c t Ns b e i n g t h e n u m b e r o f e l e c t r o n s w h i c h pass , d u r i n g 

o n e s e c o n d , t h r o u g h o n e c r o s s - s e c t i o n o f t he w i r e , is b y de f in i t ion 

e q u a l t o t h e cu r r en t i n t e n s i t y I, s o t h a t 

p = NsE = IE, 

a n d s ince f r o m O h m ' s l a w E = RI, t he e x p r e s s i o n b e c o m e s 

E2 

P = IE = BP = ^~ 
K 

T h e a p p l i e d e l e c t r o m o t i v e f o r c e b e i n g , as e x p l a i n e d in t he p r e 

c e d i n g s e c t i o n , s o l e l y r e q u i r e d f o r t he p u r p o s e o f neu t r a l i z ing t h e 

r e t a rd ing f o r c e d u e t o t h e co l l i s ions b e t w e e n m o v i n g e l e c t r o n s a n d 

t he a t o m s o f t h e c o n d u c t o r , t h e e n e r g y P t h u s s p e n t d u r i n g e v e r y 

s e c o n d r ep resen t s t h e e n e r g y g a i n e d b y t he e l e c t r o n s d u r i n g t he i r 

p e r i o d s o f free t r ave l , w h e n t h e y a c c e l e r a t e u n d e r t he ef fec t o f t he 

a p p l i e d e l e c t r o m o t i v e f o r c e , a n d s u r r e n d e r e d b y t h e m t o t h e 

a t o m s w h e n the i r s p e e d is d e c r e a s e d b y a co l l i s i on . I n t h i s m a n 

n e r t h e a t o m s r e c e i v e e n e r g y a n d e n t e r i n t o v i b r a t i o n a b o u t the i r 

a v e r a g e p o s i t i o n o f e q u i l i b r i u m , ra i s ing t h e t e m p e r a t u r e o f t h e c o n 

d u c t o r s u b s t a n c e . T h e e n e r g y e x p e n d e d is t h u s c o m p l e t e l y t rans -
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f o r m e d i n t o hea t , a t t he e x p e n s e o f t he s o u r c e o f e l e c t r o m o t i v e 

f o r c e . 

I n d u c t a n c e . — S i n c e t he e l e c t r o m o t i v e f o r c e a p p l i e d t o a c o n 

d u c t o r e x a c t l y c o u n t e r b a l a n c e s t he r e t a rd ing f o r c e d u e t o t h e c o n 

d u c t o r r e s i s t ance , t he c o n d i t i o n o f m o t i o n o f t h e e l e c t r o n s in t h e 

c o n d u c t o r a t a c o n s t a n t a v e r a g e s p e e d m a y b e l i k e n e d t o t h a t o f 

u n i f o r m l y m o v i n g e l ec t r i c c h a r g e s in a v a c u u m , as c o n s i d e r e d i n a 

p r e c e d i n g s e c t i o n . 

F o r p o i n t s o u t s i d e t h e c o n d u c t o r h o w e v e r , t h e e l e c t r o s t a t i c 

( r ad ia l ) field o f t hese e l e c t r o n s b e i n g , as k n o w n , neu t r a l i z ed b y 

t h e p o s i t i v e a t o m c e n t e r s o f t h e c o n d u c t o r s u b s t a n c e , the re o n l y 

r e m a i n t h e m a g n e t i c fields o f t h e m o v i n g e l e c t r o n s , t h e l ines o f 

f o r c e o f w h i c h are c i rc les e n c l o s i n g t he e l e c t r o n t r a j e c t o r y . T h e 

m a g n e t i c field w h i c h t h u s s u r r o u n d s t he c o n d u c t o r w h e n c a r r y i n g 

a n e l e c t r i c cu r r en t , b e i n g t h e s u m t o t a l o f t h e m a g n e t i c fields o f 

t h e i n d i v i d u a l m o v i n g e l e c t r o n s w h i c h c o n s t i t u t e t h e cu r ren t , is 

t he re fo re d i r e c t l y p r o p o r t i o n a l t o t he c u r r e n t i n t e n s i t y . T h i s 

m a y b e e x p r e s s e d b y t h e r e l a t i o n 

w h e r e $ is t he m a g n e t i c field f lux, I t he e l ec t r i c c u r r e n t i n t e n s i t y , 

a n d L a c o n s t a n t ca l l ed t h e inductance o f t h e c i r cu i t e l e m e n t 

c o n s i d e r e d . 

T h e i n d u c t a n c e is t h u s e q u a l t o t he m a g n e t i c flux w h e n a un i t 

c u r r e n t is flowing t h r o u g h t h e c i rcu i t . T h e un i t o f i n d u c t a n c e is 

t h e n t he i n d u c t a n c e o f a c i r cu i t in w h i c h a un i t cu r r en t c rea t e s a 

T h e i n d u c t a n c e t h u s d e p e n d i n g o n t h e s a m e f a c t o r s as a f fec t 

t h e m a g n e t i c field s u r r o u n d i n g t h e w i r e , d e p e n d s o n t h e s h a p e 

of t h e c i r cu i t a n d t h e n a t u r e o f t h e m e d i u m s u r r o u n d i n g i t . 

T h i s d e p e n d e n c e o n t h e shape o f t h e c i r cu i t m a y b e r e a d i l y 

u n d e r s t o o d w h e n i t is c o n s i d e r e d t h a t t he m a g n e t i c fields sur

r o u n d i n g v a r i o u s pa r t s o f a c i r cu i t c o m b i n e w i t h e a c h o the r , a d d 

ing o r s u b t r a c t i n g a c c o r d i n g t o the i r r e l a t ive p o s i t i o n s i n s p a c e . 

T h u s F i g . 7 r ep resen t s t h e m a g n e t i c field a b o u t a s t r a igh t wi re 

$ = Z J , 

un i t m a g n e t i c f lux. I n t he 

p r a c t i c a l un i t s y s t e m , th i s 

is ca l l ed t he h e n r y . 

FIG. 7. FIG. 8. 
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c a r r y i n g a n e l e c t r i c c u r r e n t I. I f th i s w i r e b e b e n t o v e r i tself l ike 

a h a i r p i n ( F i g . 8 ) t h e c u r r e n t wi l l f l o w u p o n e b r a n c h a n d d o w n 

t h e o t h e r , a n d t he m a g n e t i c f ields a b o u t t h e t w o b r a n c h e s b e i n g in 

o p p o s i t e d i r e c t i o n s , neu t ra l i ze e a c h o t h e r . T h i s c o m b i n a t i o n 

h a s the re fo re s u b s t a n t i a l l y n o i n d u c t a n c e . 

S imi l a r l y , i n w i n d i n g a w i r e i n t o a co i l , t h e s u c c e s s i v e t u r n s 

w i l l c a r r y c u r r e n t i n t h e s a m e d i r e c t i o n , c r e a t i n g a c o n s i d e r a b l e 

m a g n e t i c f ield a b o u t t h e c o i l , w h i c h m a y t h u s h a v e a v e r y g r e a t 

i n d u c t a n c e . F o r a s ing le - l ayer s o l e n o i d c o i l , t h e i n d u c t a n c e m a y 

b e c a l c u l a t e d f r o m t h e f o r m u l a 

L = iirnNS, 
w h e r e n is t h e n u m b e r o f t u rn s o f w i r e p e r c e n t i m e t e r l e n g t h o f 

c o i l , N t h e t o t a l n u m b e r o f tu rns , a n d S t he c r o s s - s e c t i o n a l a rea 

( in s q u a r e c e n t i m e t e r s ) o f t h e c o i l . 

T h e d e p e n d e n c e o f i n d u c t a n c e o n t h e n a t u r e o f t h e s u r r o u n d i n g 

m e d i u m is d u e t o t h e f a c t tha t , s imi la r t o t he e l e c t r o s t a t i c f ield, 

t h e m a g n e t i c field p r o d u c e s a n a t o m i c d i s t o r t i o n o f t h e m e d i u m . 

T h i s i n t r o d u c e s in t h e f o r m u l a a m u l t i p l y i n g f a c t o r , c a l l e d t h e 

permeability o f t h e m e d i u m . W h i l e th i s is s u b s t a n t i a l l y a c o n s t a n t 

f o r m o s t s u b s t a n c e s , i t is f o r s o m e s u b s t a n c e s , l i ke i r o n , s tee l , o r 

n i c k e l , a f u n c t i o n o f t h e m a g n e t i c flux. T h e i n d u c t a n c e o f a c o i l 

h a v i n g , f o r e x a m p l e , a n i r o n c o r e is t h e r e f o r e v a r i a b l e , a n d use is 

m a d e o f th i s p r o p e r t y in a n u m b e r o f r a d i o d e v i c e s . 

M a g n e t i c E n e r g y . — A s in t h e case o f a s ing le m o v i n g e l e c t r i c 

c h a r g e , t h e m a g n e t i c field o f a n e l ec t r i c cu r r en t r ep re sen t s a s to r e 

o f e n e r g y a c c u m u l a t e d d u r i n g t he p e r i o d w h e n t h e free e l e c t r o n s 

w e r e se t i n t o m o t i o n a n d t h e c u r r e n t e s t ab l i shed . 

L e t i b e t h e cu r r en t i n t e n s i t y i n a c i r cu i t o f i n d u c t a n c e L a t a 

ce r t a in i n s t an t o f t h e t r ans ien t p e r i o d , a n d <£ t h e c o r r e s p o n d i n g 

m a g n e t i c flux a r o u n d t h e c i rcu i t . W h e n t h e c u r r e n t i nc r ea se s b y a n 

a m o u n t di t he m a g n e t i c e n e r g y s t o r e d as a resul t o f th i s i nc rease is 

dW = $di, 
a n d s ince f r o m the de f in i t ion o f i n d u c t a n c e 

$ = Li, 
t h e e q u a t i o n b e c o m e s 

dW = Lidi. 
I n t e g r a t i n g o v e r t he t i m e h r e q u i r e d f o r t h e c u r r e n t t o r e a c h i t s 

final i n t e n s i t y J, t h e t o t a l e n e r g y s t o r e d in t h e m a g n e t i c field is 
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E l e c t r o m a g n e t i c I n d u c t i o n . — C o n s i d e r a s t r a igh t wi re AB ( F i g . 

9 ) i n w h i c h a n e l ec t r i c c u r r e n t o f i n t e n s i t y I is flowing f r o m A t o 

B. T h i s c u r r e n t se ts u p a m a g n e t i c field, p r o p o r t i o n a l t o i ts i n t e n 

s i t y I, t h e l ines o f f o r c e o f w h i c h are c i rc les e n c l o s i n g t h e w i r e , as 

p r e v i o u s l y e x p l a i n e d . 

S u p p o s e a n e g a t i v e c h a r g e m t o b e l o c a t e d a t a fixed p o i n t P o u t 

s ide a n d in t h e v i c i n i t y o f t he w i r e AB, a n d le t H b e t h e m a g n e t i c 

f o r c e a t t h a t p o i n t ( d i r e c t e d t a n g e n t l y t o t h e c i r cu la r l ine o f m a g 

n e t i c f o r c e pa s s ing t h r o u g h P). I f n o w t h e cu r r en t i n t e n s i t y / is 

v a r i e d , s a y i n c r e a s e d , in a c o n t i n u o u s m a n n e r , t h e l ines o f m a g 

n e t i c f o r c e , c o r r e s p o n d i n g e a c h t o a g i v e n m a g n e t i c field s t r eng th , 

wi l l e x p a n d . T h e m a g n e t i c f o r c e H t h e n d i sp l ace s i tself in t h e 

d i r e c t i o n D p e r p e n d i c u l a r t o i t (H t hus r e m a i n i n g para l le l t o i t se l f ) 

a t a s p e e d w h i c h d e p e n d s o n t he ra te 

o f c h a n g e o f t he c u r r e n t i n t e n s i t y / . H \ / D 

T h e s t a t i o n a r y c h a r g e m l o c a t e d a t \ f r l — -

p o i n t P h e n c e finds i tself in a m a g - , 

n e t i c field t h e l ines o f f o r c e o f w h i c h , B 

para l le l t o H, m o v e in t h e d i r e c t i o n F l Q 

D. I t m a y , t he re fo re , b e l i k e n e d t o 

a c h a r g e m o v i n g in a d i r e c t i o n o p p o s i t e t o D in a fixed m a g n e t i c 

field—a c a s e a l r e a d y s t u d i e d in c o n n e c t i o n w i t h F i g . 5, f r o m w h i c h 

i t is seen tha t , he re t o o , an " i n d u c e d e l e c t r o m o t i v e f o r c e " E finds 

i tself a p p l i e d t o t he c h a r g e m, p e r p e n d i c u l a r t o t h e d i r e c t i o n s H 
a n d D. 

T h e magnitude o f th is f o r c e E is d i r e c t l y p r o p o r t i o n a l t o t h a t o f 

t h e m a g n e t i c f o r c e H a n d t o i t s d i s p l a c e m e n t s p e e d in t he d i r e c 

t i o n D. I t is t he re fo re d i r e c t l y p r o p o r t i o n a l t o t h e i n t e n s i t y I o f 

t h e c u r r e n t a n d t o i t s r a te o f c h a n g e , a n d is a l so i n v e r s e l y p r o p o r 

t i o n a l t o t h e s q u a r e o f t h e d i s t a n c e b e t w e e n t h e p o i n t P c o n 

s ide red a n d t h e w i r e AB. 

T h e direction o f t h e f o r c e E d e p e n d s o n t h e p o l a r i t y o f t h e 

c h a r g e m , o n t h e d i r e c t i o n o f t he f o r c e H a n d o n t h e d i r e c t i o n o f 

m o t i o n o f th i s f o r c e H. I n t h e figure i t h a s b e e n d r a w n f o r a 

n e g a t i v e c h a r g e m a n d f o r a m o t i o n o f t he f o r c e H a w a y f r o m t h e 

wi re AB c o r r e s p o n d i n g t o e x p a n d i n g l ines o f m a g n e t i c f o r c e d u e 

t o i nc r ea s ing cu r r en t i n t e n s i t y / . I t w o u l d b e r e v e r s e d if t h e cu r 

r en t w e r e dec reas ing , o r if t he c u r r e n t s h o u l d inc rease wh i l e flow

ing i n a r eve r se d i r e c t i o n , t h a t is , f r o m B t o A. 

I f t h e e l ec t r i c c h a r g e m is o n e o f t h e free e l e c t r o n s i n a 

w i r e A'B', t h e f o r c e E wi l l se t i t i n t o m o t i o n a l o n g th is wi re , as 
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wel l as all t h e o t h e r free e l e c t r o n s o f t he w i r e , w h i c h are all u n d e r 
s imi la r c o n d i t i o n s . I f th i s w i r e is c o n n e c t e d i n a c l o s e d c i r cu i t , 
a n e l ec t r i c cu r r en t wi l l f l o w a l o n g i t w h i c h , b y def in i t ion , is d i r e c t e d 
o p p o s i t e l y t o the e l e c t r o n cu r ren t . T h e i n d u c e d e l ec t r i c c u r r e n t 
in t h e w i r e A'B' is t h u s seen t o flow in a d i r e c t i o n o p p o s i t e t o t h a t 
o f t h e i n d u c i n g cu r r en t i n t h e w i r e AB. T h i s i n d u c i n g c u r r e n t 
is t h e c u r r e n t w h i c h , in t h e w i r e AB, m u s t b e a d d e d t o o r 
s u b t r a c t e d f r o m t h e c u r r e n t o f i n t e n s i t y I w h e n t h e l a t t e r i s 
v a r i e d . 

I n pa r t i cu l a r , if t h e wi res AB a n d A'B' a re n e i g h b o r i n g p o r t i o n s 
o f s u c c e s s i v e t u rn s o f a c o i l ( F i g . 10) a n d a v a r y i n g c u r r e n t is s en t 

t h r o u g h t h e c o i l , t h e cu r r en t flowing i n t h e p o r t i o n 
AB i n d u c e s , in t h e p o r t i o n A'B', a c u r r e n t t e n d i n g 
t o o p p o s e t h e cu r r en t v a r i a t i o n . E x t e n d i n g th i s t o 

' t h e w h o l e c o i l , a c u r r e n t v a r i a t i o n i n t h e c o i l t h u s 
i n d u c e s i n i t a n e l e c t r o m o t i v e f o r c e o f s u c h 
p o l a r i t y t h a t t h e resu l t ing i n d u c e d c u r r e n t t e n d s 
t o o p p o s e o r neu t ra l i ze t h e i n d u c i n g c u r r e n t va r i 

a t i ons . T h i s is a s o - c a l l e d s e l f - i nduced c o u n t e r - e l e c t r o m o t i v e 
f o r c e , w h i c h is p r o p o r t i o n a l t o t h e ra te o f c h a n g e o f t he cu r ren t . 
T h u s , 

T h e f a c t o r L is t he i n d u c t a n c e o f t h e c o i l , as de f ined p r e v i o u s l y . 

T h e m i n u s s ign expres ses t h e f ac t , t h a t t h e e l e c t r o m o t i v e f o r c e is 

d i r e c t e d o p p o s i t e l y t o t h a t p r o d u c i n g t h e c u r r e n t c h a n g e . 
Mutual Inductance.—As s t a t e d a b o v e , i n d u c t i o n t a k e s p l a c e , 

as we l l , i n a c i r cu i t e n t i r e l y s epa ra t e f r o m t h e i n d u c i n g c i r cu i t . I t 
is s i m p l y n e c e s s a r y t h a t a p a r t o f t h e v a r y i n g m a g n e t i c f ield o f t h e 
first ( i n d u c i n g ) c i r cu i t b e m a d e t o l i n k w i t h t h e s e c o n d c i r cu i t . 
T h e i n d u c t i o n ef fec t is o f c o u r s e smal le r t h e g r ea t e r t h e d i s t a n c e 
b e t w e e n t h e t w o c i rcu i t s , s ince t h e field i n t e n s i t y v a r i e s in i nve r se 
p r o p o r t i o n t o t h e s q u a r e o f t h e d i s t a n c e . 

I f a un i t c u r r e n t is m a d e t o f l o w i n a c i r cu i t A, t h e n t h e flux M 
l i n k i n g w i t h a c i r cu i t B is c a l l e d t he mutual inductance o f t h e t w o 
c i r cu i t s . L i k e w i s e , if a un i t cu r r en t is m a d e t o flow t h r o u g h c i r 
c u i t B, a n e q u a l flux M wi l l l i n k w i t h c i r cu i t A. 

F r o m w h a t h a s b e e n sa id b e f o r e , i t is s een t h a t t h e m u t u a l 
i n d u c t a n c e o f t w o c i r cu i t s d e p e n d s o n t he i r r e s p e c t i v e i n d u c t 
a n c e s , o n the i r r e l a t i ve p o s i t i o n s , a n d o n t h e p e r m e a b i l i t y o f t h e 
m e d i u m . 
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I f a t e a c h p o i n t t h e d i r e c t i o n o f t h e wi re m a k i n g u p t he s e c o n d 
a r y c i r c u i t is p e r p e n d i c u l a r t o t he d i r e c t i o n o f t h e field a t t h a t 
p o i n t , t h e e l e c t r o n s in t he w i r e wi l l n o t b e set in m o t i o n a l o n g t h e 
w i re , a n d t he re wi l l b e n o i n d u c e d e l e c t r o m o t i v e f o r c e o r c u r r e n t 
in t h e c i rcu i t . I n th is case t h e m u t u a l i n d u c t a n c e M is z e r o . 

Electromagnetic Radiation of Energy .—Cons ide r a s t r a igh t 
w i r e AB ( F i g . 11) c a r r y i n g a n e l ec t r i c c u r r e n t o f i n t e n s i t y I 
flowing f r o m A t o B. L e t H a n d K r ep re sen t t w o l ines o f m a g 
n e t i c f o r c e d u e t o t h i s cu r r en t , t h e l ine K b e i n g o f s o m e w h a t 
g r ea t e r d i a m e t e r t h a n t h e l ine H ( a n d h e n c e c o r r e s p o n d i n g t o a 
w e a k e r m a g n e t i c f o r c e ) . S u p p o s e t h e cu r r en t i n t e n s i t y t o b e 
i n c r e a s e d t o s o m e v a l u e / ' . T h e m a g 
n e t i c f ield a b o u t t h e wi re b e i n g i n c r e a s e d 
in p r o p o r t i o n , t h e l ines o f f o r c e a l o n g 
w h i c h t he m a g n e t i c f o r c e h a s t h e s a m e 
v a l u e s , r e s p e c t i v e l y , as a l o n g t he o r ig ina l 
l ines H a n d K a re n o w c i rc les H' 
a n d K' o f g r e a t e r d i a m e t e r s t h a n 
b e f o r e . 

I r r e s p e c t i v e o f h o w s l o w l y o r q u i c k l y t he c u r r e n t i n t e n s i t y 
h a s b e e n m a d e t o i nc rease f r o m t h e v a l u e / t o t h e v a l u e I', t h e 
s a m e a m o u n t o f t i m e as r e q u i r e d f o r th i s i nc rease is a l so r e q u i r e d 
f o r t he l ines H a n d K t o e x p a n d i n t o , r e s p e c t i v e l y , t h e l ines H' 
a n d K'. B u t t he l ine H wi l l start t o inc rease i n s ize , a n d a l so 
wi l l cease t o e x p a n d a l i t t le b e f o r e t he l ine K. T h i s t i m e l ag is 
d u e t o a p r o p e r t y o f t he e l e c t r o m a g n e t i c f ield, w h e r e b y changes in 
it ( s u c h as t h e i nc rease o f m a g n e t i c field s t r e n g t h f o r i n s t a n c e ) 
are n o t t r a n s m i t t e d i n s t a n t l y t h r o u g h o u t t h e field, b u t propagate 
f r o m t h e c h a n g e c e n t e r o r s o u r c e ( w h i c h he re is t h e w i r e AB) 
o u t w a r d a t a c o n s t a n t s p e e d , cha rac t e r i s t i c o f t h e s u r r o u n d i n g 
m e d i u m , a n d e n t i r e l y i n d e p e n d e n t o f t h e s l o w n e s s , a b r u p t n e s s , 
o r o t h e r cha rac t e r i s t i c s o f t h e c h a n g e c o n s i d e r e d . 

T h i s s p e e d , as resul ts f r o m b o t h e x p e r i m e n t a l a n d t h e o r e t i c a l 
i n v e s t i g a t i o n , is e q u a l t o t h e s p e e d o f p r o p a g a t i o n o f l i gh t , 
3 0 0 , 0 0 0 k i l o m e t e r s p e r s e c o n d ( 1 8 2 , 0 0 0 m i l e s ) . T h i s p r o p a g a t i o n 
p r o c e s s m a y b e c o m p a r e d t o the p r o p a g a t i o n o f a r i p p l e o r w a v e 
o v e r t h e s m o o t h sur face o f a l i q u i d . B u t t a k i n g p l a c e i n all 
d i r e c t i o n s o f s p a c e , t he w a v e is n o t c i r cu l a r b u t spher i ca l , l ike 
a s o u n d w a v e in air . 

T h e s a m e r e m a r k s a p p l y , o f c o u r s e , t o t h e case w h e n t h e 
c u r r e n t i n t e n s i t y in t he wi re AB is d e c r e a s e d f r o m s o m e v a l u e I' 
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to some other value I: the circular lines of magnetic force H' 
a n d K' sh r ink i n t o t he l ines H a n d K r e s p e c t i v e l y , a t a s p e e d 

d e p e n d i n g s o l e l y u p o n t h e ra te o f c h a n g e o f t h e c u r r e n t in t h e 

w i r e , a n d w i t h t h e l ine H' b e g i n n i n g a n d e n d i n g i t s m o t i o n a 

l i t t le b e f o r e t he l ine K'. 

S i m u l t a n e o u s l y w i t h th i s m o t i o n o f t he m a g n e t i c l ines o f f o r c e 

the re a p p e a r s a t e v e r y p o i n t a n e l e c t r o s t a t i c f o r c e , as e x p l a i n e d 

in a p r e v i o u s s e c t i o n , p e r p e n d i c u l a r t o t h e c i r cu la r l ines o f m a g 

ne t i c f o r c e ( h e n c e para l le l t o AB), p r o p o r t i o n a l t o t he s p e e d o f 

m o t i o n ( e x p a n s i o n o r c o n t r a c t i o n ) a n d d i r e c t e d i n o n e w a y w h e n 

the l ines e x p a n d , in t he o t h e r w h e n t h e y shr ink . T h e s e t w o 

i n d u c t i o n fields ( m a g n e t i c a n d e l e c t r i c ) v a r y i n v e r s e l y as t h e 

squa re o f t h e d i s t a n c e f r o m the wi re AB. u 

N o w , a s l o n g as t he e l ec t r i c c u r r e n t in t he w i r e AB r e ta ins a 

c o n s t a n t i n t e n s i t y I o r I' t h e e l e c t r o n s i n i t t r a v e l a t a c o n s t a n t 

a v e r a g e s p e e d . T h e c o n s t a n t e l e c t r o m o t i v e f o r c e w h i c h is 

a p p l i e d a t t he wi re e n d s , i t w a s s h o w n , t h e n c o u n t e r b a l a n c e s 

e x a c t l y t he r e t a rd ing ef fec t o f t he w i r e r e s i s t ance . B o t h th i s 

a n d t h e c o n s t a n t a p p l i e d e l e c t r o m o t i v e f o r c e m a y b e d i s r e g a r d e d , 

t h e e l e c t r o n s b e i n g t h e n c o n s i d e r e d as m o v i n g a t c o n s t a n t s p e e d 

in a w i r e h a v i n g n o o h m i c res i s tance a n d h a v i n g n o e l e c t r o m o t i v e 

f o r c e a p p l i e d t o i t . 

A change in c u r r e n t i n t ens i t y , h o w e v e r , m e a n i n g a c h a n g e in 

t he e l e c t r o n s p e e d , r equ i r e s t h e a p p l i c a t i o n o f s o m e a c c e l e r a t i n g 

o r d e c e l e r a t i n g f o r c e t o t he e l e c t r o n s ( w h i c h e l e c t r o m o t i v e f o r c e , 

in t h e a c t u a l case , wi l l a d d t o o r s u b t r a c t f r o m t h e c o n s t a n t , 

r e s i s t ance neu t r a l i z ing e l e c t r o m o t i v e f o r c e a p p l i e d t o t h e w i r e ) . 

S i n c e t h i s f o r c e d i s p l a c e s i t s p o i n t s o f a p p l i c a t i o n ( the m o v i n g 

e l e c t r o n s ) a l o n g i t s o w n d i r e c t i o n , i t a c c o m p l i s h e s p o s i t i v e w o r k , 

a n d t h e e n e r g y t h u s s p e n t r ep resen t s t h e e n e r g y c h a n g e s o f t he 

e l e c t r o m a g n e t i c field, w h i c h , as s t a t ed , p r o p a g a t e w i t h t h e s p e e d 

o f l i gh t i n t h e f o r m o f a w a v e . I n o t h e r w o r d s , t he e n e r g y s p e n t is 

r e m o v e d f r o m t h e w i r e (radiated) in t h e f o r m o f a sphe r i ca l w a v e 

h a v i n g t he c i r cu i t e l e m e n t AB a t i t s cen te r , a n d d i s t r i b u t e d 

t h r o u g h o u t s p a c e in t h e e l e c t r o m a g n e t i c field.1 

1 If a is the acceleration of the individual electrons, the speed s at some 
instant t is equal to 

s = at, 

counting the time from the instant the accelerating force was applied to the 
electrons at rest. 
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C o n s i d e r t h e n a f ixed p o i n t P ( F i g . 12) a n d le t w r ep re sen t t h e 

e n e r g y f l o w o r e n e r g y c u r r e n t pa s s ing t h r o u g h a n e l e m e n t a r y 

un i t a rea o f t h e s p h e r e sur face c o n t a i n i n g p o i n t P. A s m e n t i o n e d 

b e f o r e , th i s h a s t w o " c o m p o n e n t s " 1 h a n d e w h i c h are r e s p e c t i v e l y 

t h e m a g n e t i c a n d e l e c t r o s t a t i c c o m p o n e n t s , a n d w h i c h are 

r e l a t ed t o t h e e n e r g y v e c t o r b y t he v e c t o r e q u a t i o n 

w = h • e. 

FIG. 12 . 

I t wi l l b e n o t e d t h a t t he e n e r g y v e c t o r is i n v e r s e l y p r o p o r t i o n a l 

t o t h e s q u a r e o f t h e d i s t a n c e r o f t he p o i n t P c o n s i d e r e d : t h e 

r a d i a t e d e n e r g y , c ross ing in i t s o u t w a r d m o t i o n s u c c e s s i v e c o n 

c e n t r i c sphe re s o f inc reas ing rad ius , t h e sur face a rea o f w h i c h 

inc reases as t h e s q u a r e o f t h e r ad ius ( tha t is , as r 2 ) , a n d t he e n e r g y 

p e r un i t a rea o f sphere sur face d e c r e a s e s in i nve r se p r o p o r t i o n 

t o r 2. 

The distance d covered by each electron during a short time interval At 
being substantially equal to 

d = s- At — at- At 

the energy radiated by each electron during this time interval At (work done 
by the accelerating force in driving the electrons over the distance d) is 
hence 

w = a-d = a • s • At = a2 • I • At 
and is thus proportional to the square of the acceleration. 

1 These are not geometrical components, combining in accordance with 
the parallelogram law, but vector components following the rules of vector 
algebra. 
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A c o n s e q u e n c e is t h a t t he c o m p o n e n t s e a n d h o f t he r a d i a t e d 

e n e r g y d e c r e a s e e a c h i n i nve r se r a t i o t o t h e first power o f t h e 

d i a m e t e r r. T h i s , t o g e t h e r w i t h the i r p r o p a g a t i o n s p e e d , r ad i 

c a l l y d i f ferent ia tes t h e radiation fields f r o m the i n d u c t i o n f ields 

p r e v i o u s l y c o n s i d e r e d , w h i c h w e r e seen t o d e c r e a s e i n v e r s e l y 

as t h e square o f t h e d i s t a n c e , a n d w h i c h t he re fo re b e c o m e neg l i 

g i b l y s m a l l a t a n y g r e a t d i s t a n c e f r o m the c i r cu i t as c o m p a r e d 

w i t h t h e r a d i a t i o n fields. 

F u r t h e r m o r e , t h e r a d i a t i o n fields b e i n g d i r e c t l y p r o p o r t i o n a l 

t o t h e rate of change o f t h e cu r ren t , c o n s i d e r a b l e r a d i a t i o n f ields 

m a y b e se t u p b y p e r i o d i c a l l y a n d f r e q u e n t l y r eve r s ing t h e e l ec t r i c 

c u r r e n t i n t he c i r c u i t — i n o t h e r w o r d s b y us ing h i g h - f r e q u e n c y 

a l t e rna t ing cur ren t s . T h e r a d i a t i o n fields wi l l t h e n a l t e rna t e ly 

reve r se w i t h t h e s a m e f r e q u e n c y as t he cu r r en t i n t h e r a d i a t i n g 

c i r cu i t . W h e n s w e e p i n g o v e r a n y d i s t an t c i r cu i t t h e y w i l l i n 

t u r n set u p in i t a n a l t e rna t ing cu r r en t o f l ike f r e q u e n c y a n d o f 

an a m p l i t u d e d i r e c t l y p r o p o r t i o n a l t o t h a t o f t h e c u r r e n t in t h e 

r ad i a t i ng c i rcu i t . 

U n d e r l y i n g P r i n c i p l e s o f R a d i o C o m m u n i c a t i o n . — R a d i o c o m 

m u n i c a t i o n is e f fec ted t h r o u g h a t ransfer o f e l ec t r i ca l e n e r g y 

f r o m the t r a n s m i t t i n g s t a t i on t o t he d i s t an t r e c e i v i n g s t a t i on , 

a c h i e v e d t h r o u g h t h e m e d i u m o f r a d i a t i o n fields. 

T h e s e , cons i s t i ng as s h o w n a b o v e , o f i n t e r l i n k e d e l ec t r i c a n d 

m a g n e t i c fields, are se t u p a t t he t r a n s m i t t i n g s t a t i o n b y h i g h -

f r e q u e n c y a l t e rna t ing cu r ren t s g e n e r a t e d b y a p p r o p r i a t e a p p a r a 

tus , w h i c h ene rg i ze s o - c a l l e d a n t e n n a c i rcu i t s , d e s i g n e d t o r a d i a t e 

l a rge a m o u n t s o f e n e r g y , e i the r e q u a l l y i n all d i r e c t i o n s , o r e lse 

m o r e p a r t i c u l a r l y in ce r t a in d i r e c t i o n s , d e p e n d i n g u p o n t h e 

p u r p o s e in v i e w . T h e a m o u n t s o f e n e r g y r a d i a t e d are v a r i e d o r 

m o d u l a t e d i n a c c o r d a n c e w i t h t h e s igna ls t o b e t r a n s m i t t e d . 

T h e m o d u l a t e d r a d i a t i o n fields, s w e e p i n g o v e r t h e r e c e i v i n g 

s t a t i on , ene rg i ze i t s c i r cu i t s w h i c h are , f o r th i s p u r p o s e , g i v e n 

su i t ab le d i m e n s i o n s , s h a p e , a n d p o s i t i o n ( r e c e i v i n g a n t e n n a ) a n d 

t h e resu l t ing h i g h - f r e q u e n c y a l t e rna t ing cu r r en t s o f m o d u l a t e d 

a m p l i t u d e a c t u a t e t r ans la t ing d e v i c e s a n d se rve t o r e p r o d u c e t h e 

o r ig ina l m o d u l a t i o n s . 

B e f o r e d e s c r i b i n g t he m e t h o d s , a p p a r a t u s , a n d d e v i c e s u s e d 

f o r t hese v a r i o u s f u n c t i o n s , a b r ie f s u r v e y o f s o m e a l t e rna t ing -

cu r r en t p h e n o m e n a is m a d e in t he f o l l o w i n g c h a p t e r , w h i c h are o f 

pa r t i cu la r i m p o r t a n c e fo r t he s t u d y o f r a d i o c i rcu i t s . 



C H A P T E R I I 

P R O P E R T I E S O F O S C I L L A T O R Y C I R C U I T S 

FORCED OSCILLATIONS 

C a p a c i t i v e R e a c t a n c e . — C o n s i d e r a c o n d e n s e r o f e l e c t r o s t a t i c 

c a p a c i t y C h a v i n g , as in F i g . 3 , i t s p l a t e s A a n d B c o n n e c t e d 

r e s p e c t i v e l y t o t h e p o s i t i v e a n d n e g a t i v e t e rmina l s o f a s o u r c e o f 

c o n t i n u o u s p o t e n t i a l , a d i r ec t - cu r r en t g e n e r a t o r G, f o r i n s t a n c e , 

s o t h a t a p o t e n t i a l d i f ference v ( e q u a l t o t he g e n e r a t o r v o l t a g e ) , 

is e s t a b l i s h e d b e t w e e n t h e p l a t e s . A s e x p l a i n e d in t he p r e c e d i n g 

c h a p t e r , th i s c o n d i t i o n is t he resu l t o f t he t ransfer , a r o u n d t h e 

c i r cu i t AGB, o f a ce r t a in n u m b e r o f ( n e g a t i v e ) e l e c t r o n s f r o m t h e 

p l a t e A t o t he p l a t e B, t he c o n d e n s e r c h a r g e b e i n g t h e n 

m = Cv. 

T h e c o n d e n s e r h a v i n g t h u s b e e n c h a r g e d , n o fur ther m o t i o n o f 

e l e c t r i c i t y t a k e s p l a c e i n t h e s y s t e m , a n d a s t ab l e c o n d i t i o n is 

r e a c h e d . I f n o w t h e g e n e r a t o r v o l t a g e is g r a d u a l l y i n c r e a s e d a t 

a c o n s t a n t ra te , t h a t is t o s a y b y a ce r t a in f ixed n u m b e r o f v o l t s 

d u r i n g e v e r y s e c o n d , t h e c o n d e n s e r c h a r g e c o r r e s p o n d i n g l y 

inc reases , t h e v o l t a g e v a n d c h a r g e m b e i n g a t e v e r y i n s t an t t i e d 

b y t he a b o v e re l a t ion . I n o t h e r w o r d s , d u r i n g e v e r y s e c o n d t h e 

s a m e n u m b e r o f e l e c t r o n s are t rans fe r red f r o m t h e p l a t e A t o t h e 

p l a t e B, t h r o u g h the c i r cu i t AGB, c r ea t ing a c o n s t a n t f l o w o r 

c u r r e n t o f e l e c t r i c i t y a r o u n d this c i r c u i t . 1 T h e intensity o f th is 

cu r r en t inc reases a n d dec rea se s w i t h t he rate of change o f t h e 

p o t e n t i a l d i f fe rence b e t w e e n t he c o n d e n s e r p l a t e s . T h e direction 
o f c u r r e n t f l o w reve r ses w i t h t h e direction of variation o f t he p o t e n 

t ia l d i f fe rence . T h u s , i b e i n g t h e cu r r en t i n t ens i t y , as m e a s u r e d 

b y t he c h a r g e ( o r n u m b e r o f e l e c t r o n s ) pa s s ing t h r o u g h a c r o s s -

s e c t i o n o f t h e c i r cu i t d u r i n g e v e r y s e c o n d , a n d dv/dt a n d dm/dt 

1 Although the free electrons which constitute the current around the 
condenser circuit do not cross the dielectric separating the condenser plates-
it is often said that a varying potential difference between the plates pro
duces a current flow through the condenser. 
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B E I N G THE RATES OF VARIATION OF THE CONDENSER POTENTIAL DIFFERENCE 

A N D OF THE CHARGE RESPECTIVELY, 

. _ dm _ rdv 
1 ~ Ldt 

IF , INSTEAD OF CONTINUALLY V A R Y I N G I N A S A M E DIRECTION, THE P O T E N 

TIAL DIFFERENCE ALTERNATELY INCREASES A N D DECREASES, THE CONDENSER 

CURRENT FLOWS I N ALTERNATELY O P P O S I T E DIRECTIONS. T H E AVERAGE 

RATE OF CHANGE OF A THUS PULSATING OR ALTERNATING POTENTIAL DIFFER

ENCE B E I N G DIRECTLY PROPORTIONAL TO THE FREQUENCY A N D A M P L I T U D E 

OF THE POTENTIAL VARIATION, THE CURRENT INTENSITY IS ALSO PROPORTIONAL 

TO THESE T W O QUANTITIES. 

I N PARTICULAR, IF A SINUSOIDAL ELECTROMOTIVE FORCE 

e = Ea SIN 2irft = E0 SIN ait 
OF FREQUENCY / (OR OF CYCLIC FREQUENCY o = 2irf) A N D M A X I M U M 

VALUE E0 IS I M P R E S S E D U P O N THE CONDENSER, THE CORRESPONDING 

CONDENSER-CURRENT INTENSITY IS 

de 
i = = oiCE0 COS wt, 

A N D CALLING I A N D E THE EFFECTIVE VALUES OF CONDENSER CURRENT A N D 

VOLTAGE, 

J = 01CE, 
F R O M W H I C H 

I - J _ - R 
I ~ « C ~ C -

T H E EXPRESSION Xe — IS CALLED THE reactance OF THE CONDENSER. 
oiL> 

T H E S E RESULTS ARE REPRESENTED GRAPHICALLY I N F I G . 1 3 , WHERE THE 

INSTANTANEOUS VALUES OF THE ALTERNATING ELECTROMOTIVE FORCE e A N D 

CONDENSER CURRENT i ARE PLOTTED AGAINST T I M E . T H E RATE OF CHANGE 

OF THE VOLTAGE, W H I C H IS EQUAL AT EVERY INSTANT TO THE SLOPE OF THE 

CURVE "e," IS SEEN TO B E POSITIVE W H E N THE VOLTAGE P A S S E S F R O M ITS 

NEGATIVE TO ITS POSITIVE M A X I M U M , A N D GREATEST W H E N THE CURVE 

CROSSES THE T I M E A X I S . T H I S CORRESPONDS TO A CONDENSER CURRENT i 

FLOWING I N THE CIRCUIT I N A POSITIVE DIRECTION, A N D H A V I N G ITS M A X I 

M U M VALUE W H E N THE VOLTAGE B E C O M E S ZERO. T H E RATE OF CHANGE 

OF THE VOLTAGE REVERSES A N D B E C O M E S NEGATIVE W H E N THE VOLTAGE 

P A S S E S F R O M ITS POSITIVE TO ITS NEGATIVE M A X I M U M , A N D IS GREATEST 

W H E N THE " e " CURVE CROSSES THE T I M E A X I S . T H I S CORRESPONDS 

TO A CURRENT FLOWING I N THE CIRCUIT I N THE O P P O S I T E ( N E G A T I V E ) DIREC

TION, H A V I N G ITS M A X I M U M INTENSITY W H E N THE VOLTAGE IS ZERO. 
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T h e c o n d e n s e r c u r r e n t t h u s passes t h r o u g h i ts p o s i t i v e a n d 

n e g a t i v e m a x i m a r e s p e c t i v e l y o n e - q u a r t e r p e r i o d before t h e c o n 

dense r v o l t a g e . I t is sa id t o " l e a d " t h e v o l t a g e b y 9 0 deg . , o r 

w h a t a m o u n t s t o t h e s a m e , t he v o l t a g e is sa id t o " l a g " b e h i n d 

t he c u r r e n t b y 9 0 d e g . 

T h e s e s a m e resul ts a re r e p r e s e n t e d v e c t o r i a l l y in F i g . 14, t h e 

s i nuso ida l e l e c t r o m o t i v e f o r c e a n d cu r r en t b e i n g r e p r e s e n t e d b y 

* 7 ' \ \ 
\ / ' \ x 

1 r ' 1 ^ 

/ / 
/ / 
/ t 

\ 

\ y >' \ V , ' Time —*• 

0 

\ 
*-E 

FIG. 13. FIG. 14 . 

v e c t o r s OE a n d 01, r e s p e c t i v e l y , h a v i n g a c o m m o n o r ig in 0 a n d 

f o r m i n g a n a n g l e o f 9 0 d e g . , a n d r o t a t i n g a b o u t th i s p o i n t 0 a t 

c o n s t a n t s p e e d , m a k i n g d u r i n g e v e r y s e c o n d a n u m b e r o f t u rn s 

e q u a l t o t h e f r e q u e n c y / o f t h e e l e c t r o m o t i v e f o r c e a n d c u r r e n t . 

T h e c u r r e n t v e c t o r 01, l e a d i n g t h e v o l t a g e , is d i r e c t e d i n s u c h a 

w a y as t o a s s u m e , i n i ts r o t a t i o n , t h e s u c c e s s i v e p o s i t i o n s w h i c h t he 

v o l t a g e v e c t o r wi l l a s s u m e o n e - q u a r t e r p e r i o d after i t . 

C o n s i d e r i n g n o w t h e c o n d e n s e r r e a c t a n c e Xc = 1 / u C , s u p p o s e 

t h e c o n d e n s e r t o b e c o n n e c t e d t o an a l t e rna to r g e n e r a t i n g an 

a l t e rna t ing e l e c t r o m o t i v e f o r c e o f 

g r a d u a l l y i nc reas ing f r e q u e n c y . 

T h e r e a c t a n c e , v a r y i n g i n v e r s e l y as 

t h e f r e q u e n c y , is r ep resen ted , i n 

f u n c t i o n o f t h e la t te r , b y a h y p e r 

b o l a as in F i g . 15 . T h i s s i m p l y 

m e a n s t h a t f o r a n a l t e rna t ing v o l t 

a g e o f u n v a r y i n g m a x i m u m a m p l i 

t u d e , t h e c o n d e n s e r cu r r en t is smal l 

a t l o w f r e q u e n c i e s a n d inc reases 

d i r e c t l y as t h e f r e q u e n c y d u e t o t he f ac t , s t a t e d a b o v e , t h a t t he 

r a te o f c h a n g e o f t h e v o l t a g e inc reases as t he f r e q u e n c y . 

I n d u c t i v e R e a c t a n c e . — I t w a s s h o w n in t h e p r e c e d i n g c h a p t e r 

t h a t if a cu r r en t o f i n t e n s i t y i flowing t h r o u g h a co i l o f i n d u c t a n c e 

L is v a r i e d , a n e l e c t r o m o t i v e f o r c e e is i n d u c e d in t h e co i l e q u a l t o 

t 

Frequency-
FIG. 15. 

e = -L 
di 
Ji 
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I f t h e v a r i a b l e c u r r e n t % is a s inuso ida l a l t e rna t ing c u r r e n t o f 

m a x i m u m i n t e n s i t y J 0 

i = J 0 s in cot 

t h e n t h e s e l f - i nduced e l e c t r o m o t i v e f o r c e ac ros s t he c o i l is 

di 
e = —L dt 

-ceLIo COS cat 

a n d , ca l l ing I a n d E the e f fec t ive v a l u e s o f cu r r en t a n d v o l t a g e , 

E = LOLI, 
f r o m w h i c h 

E 
I 

XL 

Frequency — 

FIG. 16. 

T h e q u a n t i t y XL = 01L is ca l l ed t h e 
reactance o f t h e c o i l . I t i nc reases 
d i r e c t l y w i t h t he f r e q u e n c y o f t h e 
a l t e rna t ing cu r r en t f l o w i n g t h r o u g h 
the co i l , a n d expresses t h e f ac t t h a t 
t he h ighe r t he v a r i a t i o n f r e q u e n c y o f 

t he cur ren t , the g rea te r t he e l e c t r o m o t i v e f o r c e i n d u c e d a c r o s s 
t he co i l . T h i s d e p e n d e n c e o f the co i l r e a c t a n c e o n t he f r e q u e n c y 
is r ep re sen t ed g r a p h i c a l l y i n F i g . 16 . 

R e p r e s e n t i n g n o w , in f u n c t i o n o f t i m e , t he s inuso ida l a l t e rna t ing 
cu r r en t i f l o w i n g t h r o u g h t h e c o i l ( F i g . 17) t he s e l f - i n d u c e d e l e c 
t r o m o t i v e f o r c e e is p r o p o r t i o n a l t o t he i n s t a n t a n e o u s ra te o f 
c h a n g e o f t he cu r ren t a n d o f o p p o s i t e p o l a r i t y , a n d is t h u s seen t o 

A \ / / \ \ > * 
/ 0 , »-£ 

\ V / v V . Time —-

I' 
FIG. 17. FIG. 18. 

" l e ad " t he cu r r en t b y 9 0 d e g . T h e e q u i v a l e n t v e c t o r r ep re sen ta 
t i o n is g i v e n in F i g . 18. 

Impedance .—Suppose n o w an a l t e rna t ing c u r r e n t 

i = J 0 sin cot 

t o b e flowing in a r e a c t a n c e X ( i n d u c t i v e o r c a p a c i t i v e ) c o n n e c t e d 

i n series w i t h a res i s tance R ( F i g . 1 9 ) . T h i s cu r r en t , f l o w i n g 

t h r o u g h t h e res i s t ance , p r o d u c e s a p o t e n t i a l d i f fe rence e s b e t w e e n 
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i ts e n d s M a n d N w h i c h , a c c o r d i n g t o O h m ' s l a w as s t a t e d in t h e 

p r e c e d i n g c h a p t e r , is e q u a l t o 

eR = iR = Rio s in ut. 
T h i s p o t e n t i a l d i f fe rence t h u s pas ses t h r o u g h i ts p o s i t i v e a n d 

n e g a t i v e m a x i m a , a n d b e c o m e s ze ro , a t t h e s a m e t i m e , r e s p e c 

t i v e l y , as t he c u r r e n t i. I n o t h e r w o r d s , i t is in p h a s e w i t h i t . T h e 

c o r r e s p o n d i n g re l a t ion b e t w e e n m a x i m u m o r e f f ec t ive v a l u e s is 

ER = RI. 
T h i s s a m e a l t e rna t ing cu r r en t i p a s s ing t h r o u g h t h e r e a c t a n c e 

X se ts u p b e t w e e n i ts e n d s N a n d P a p o t e n t i a l d i f fe rence ex w h i c h 

is in q u a d r a t u r e w i t h t he cu r ren t , l e a d i n g i t o r l a g g i n g b e h i n d i t , 

d e p e n d i n g o n w h e t h e r t he r e a c t a n c e is c a p a c i t i v e o r i n d u c t i v e , as 

e x p l a i n e d in t h e p r e c e d i n g s e c t i o n . T h u s , 

ex = iX 

R X 
— « - V W W * • M B M — -
M N P 

FIG. 19 . 

a n d t he c o r r e s p o n d i n g r e l a t i on b e t w e e n m a x i m u m o r e f f ec t i ve 

v a l u e s is 

Ex = XI. 
T h e o v e r a l l p o t e n t i a l d i f fe rence b e t w e e n t he e n d s M a n d P o f 

t he c i r cu i t b r a n c h MNP is , a t e v e r y ins tan t , e q u a l t o t h e s u m o f 

t he i n s t a n t a n e o u s v a l u e s eB a n d e x o f these t w o p o t e n t i a l differ

e n c e s , t hus 
e = e s ~\~ 6X. 

B u t , o w i n g t o t he f ac t t h a t these t w o p o t e n t i a l d i f fe rences a re n o t 

in p h a s e w i t h e a c h o the r , t h e m a x i m u m o r e f f ec t i ve v a l u e E o f t h e 

o v e r a l l p o t e n t i a l d i f fe rence e is n o t e q u a l t o t he s u m o f t h e m a x i 

m u m o r e f f ec t i ve v a l u e s ER, E x o f t h e i n d i v i d u a l p o t e n t i a l d i f fe r 

e n c e s eR, e x , i t b e i n g n e c e s s a r y t o t a k e th is p h a s e d i f fe rence i n t o 

a c c o u n t . R e p r e s e n t i n g t he c o n d i t i o n s v e c t o r i a l l y ( F i g . 2 0 ) t he 

t o t a l p o t e n t i a l d i f fe rence E is seen t o b e 

E = Veb* + Ex* = I\/W+~X2 = IZ 
E 

w h e r e Z = j = \/Rt + X2 is ca l l ed t he impedance o f t he c i r -

Eeactance Reactance 
FIG. 2 0 . 
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c u i t b r a n c h MP. F o r r e s p e c t i v e l y c a p a c i t i v e a n d i n d u c t i v e 
r e a c t a n c e X, i t is e q u a l t o 

a n d 

z = V B M ^ P . 
A l s o , t he p o t e n t i a l d i f fe rence E is seen t o l e ad t he c u r r e n t I, o r 

l ag b e h i n d i t ( d e p e n d i n g o n t h e n a t u r e o f t h e r e a c t a n c e ) b y a n 

ang le a s u c h t h a t 
Ex X 

t a n a = WR
 = j f 

L i k e t h e r e a c t a n c e , t h e i m p e d a n c e a n d p h a s e a n g l e are t h u s 

f u n c t i o n s o f t h e f r e q u e n c y o f t he c u r r e n t f l o w i n g t h r o u g h the c i r 

c u i t . T h i s is o f f u n d a m e n t a l i m p o r t a n c e in r a d i o , f o r i t p e r m i t s , 

t h r o u g h c o m b i n a t i o n s o f i n d u c t i v e a n d c a p a c i t i v e r e a c t a n c e s in a 

g i v e n c i r cu i t s y s t e m , t o c o n s t i t u t e i m p e d a n c e s w h i c h m a y b e 

a l m o s t a n y des i r ed f u n c t i o n o f the f r e q u e n c y o f t he a p p l i e d e l e c 

t r o m o t i v e f o r c e o r o f t he c u r r e n t flowing t h r o u g h i t . T h e 

cu r r en t , v o l t a g e , a n d p h a s e r e l a t i ons b e i n g , in s u c h c i r cu i t s , 

p r i m a r i l y d e p e n d e n t o n t h e f r e q u e n c y , i t t h e n b e c o m e s p o s s i b l e 

t o s e p a r a t e cu r r en t s o r e l e c t r o m o t i v e f o r c e s o f d i f ferent f re

q u e n c i e s s e l e c t i v e l y . S o m e s i m p l e cases are s t u d i e d in t he 

f o l l o w i n g p a r a g r a p h s . 

S e r i e s R e s o n a n c e . — C o n s i d e r a n a l t e rna t ing c u r r e n t o f m a x i 

m u m o r e f f ec t ive i n t e n s i t y I a n d c y c l i c f r e q u e n c y 01 flowing 

^ c t h r o u g h a n i n d u c t a n c e L 

• ^^TTHTT^ . II . w y y y , c o n n e c t e d in series w i t h a 

M V V W if | | p s c a p a c i t y C a n d r e s i s t ance R 
F l G - 2 1 - ( F i g . 2 1 ) . A s e x p l a i n e d 

b e f o r e , th is cu r r en t p r o d u c e s a l t e rna t ing p o t e n t i a l d i f fe rences EL, 

Ec, a n d E s b e t w e e n t h e e n d s MN, NP, PS o f t h e i n d u c t a n c e , 

c a p a c i t y , a n d res i s tance r e s p e c t i v e l y e q u a l t o 

EL = ccLI, 

Ec = —~> 

EB = RI. 
T h e p o t e n t i a l d i f ference ER is in p h a s e w i t h t he cu r r en t I, 

whi l e t h e p o t e n t i a l d i f fe rences EL a n d Ec, r e s p e c t i v e l y , l e a d t he 

cu r r en t a n d l a g b e h i n d i t b y 9 0 d e g . T h e s e t w o p o t e n t i a l differ

e n c e s are h e n c e 180 d e g . o u t o f p h a s e w i t h e a c h o t h e r . I n o t h e r 

w o r d s , t h e y are in p h a s e o p p o s i t i o n , t he o n e r e a c h i n g i ts p o s i t i v e 
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m a x i m u m w h e n the o t h e r r eaches i t s n e g a t i v e m a x i m u m , a n d 

c o n v e r s e l y . T h e p o t e n t i a l d i f fe rence E x b e t w e e n t h e p o i n t s 

M a n d P is t he re fo re e q u a l t o t he d i f fe rence b e t w e e n EL a n d E c , 

Ex EL — Ec = 0}LI 

T h i s p o t e n t i a l d i f fe rence E x 

l e ads t h e c u r r e n t I o r l ags 

b e h i n d i t , d e p e n d i n g , r e s p e c 

t i v e l y , o n w h e t h e r t h e i n d u c 

t i v e r e a c t a n c e <oL is g r ea t e r o r 

sma l l e r t h a n t h e c a p a c i t i v e 

r e a c t a n c e 1/coC. N o w th is , 

f o r fixed i n d u c t a n c e L a n d 

c a p a c i t y C, d e p e n d s solely 
u p o n the f r e q u e n c y co o f t h e 

c u r r e n t f l o w i n g i n the c i r c u i t ; 

a n d if th is f r e q u e n c y b e 

v a r i e d ( s a y , i n c r e a s e d ) f r o m 

a v e r y sma l l v a l u e u p , t he 

i n d u c t i v e r e a c t a n c e coL wi l l 

i nc rease d i r e c t l y as t h e f re

q u e n c y , w h i l e t he c a p a c i t i v e 

r e a c t a n c e 1/uC d e c r e a s e s , as 

a l r e a d y s h o w n in F i g s . 16 

a n d 15 . 

T h e r e su l t an t r e a c t a n c e 

X = coL — 1/wC b e i n g e q u a l 

t o t he d i f fe rence o f t h e t w o , 

t hese t w o F i g s . 16 a n d 15 are 

r e p r o d u c e d o n a s ing le d i a g r a m 

( u p p e r d i a g r a m o f F i g . 2 2 ) , t he 

i n d u c t i v e r e a c t a n c e b e i n g , f o r 

g r ea t e r c lea rness , p l o t t e d p o s i 

t i v e l y wh i l e t he c a p a c i t i v e 

r e a c t a n c e is p l o t t e d n e g a 

t i v e l y . T h e re su l t an t r e a c t 

a n c e , r e p r e s e n t e d b y t he h e a v y 

l ine c u r v e in t h e d i a g r a m , is thus , a t t he smal le r f r equenc i e s , o f 

t he n a t u r e o f a l a rge c a p a c i t i v e r e a c t a n c e . A s t he f r e q u e n c y 

inc reases , t h e v a l u e o f th is resu l tan t r e a c t a n c e dec reases unt i l , 

Frequency 
FIG. 22. 
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f o r a g i v e n f r e q u e n c y w 0 t he i n d u c t i v e a n d c a p a c i t i v e c o m p o n e n t 

r e a c t a n c e s b e i n g e q u a l , t he t o t a l r e a c t a n c e is z e r o . T h u s , 

X = oiL \y = 0 , 
coO 

f r o m w h i c h j 
CO = j = = coo 

VLC 
w h i c h is ca l l ed t he resonance frequency o f t h e c i r cu i t . F o r g r ea t e r 

v a l u e s o f t h e f r e q u e n c y , t h e t o t a l r e a c t a n c e n o w b e c o m e s i n d u c 

t i v e , a n d inc reases w i t h t he f r e q u e n c y . 

N o w , s a y i n g t h a t t h e t o t a l r e a c t a n c e X is z e r o a t t h e f r e q u e n c y 

co 0 m e a n s , a c c o r d i n g t o t h e de f in i t ion o f r e a c t a n c e , t h a t f o r 

th is f r e q u e n c y 

X = ^ = 0, 

E x b e i n g , as s t a t ed a b o v e , t he p o t e n t i a l d i f fe rence b e t w e e n p o i n t s 

M a n d P o f t h e c i r cu i t ( F i g . 2 1 ) a n d I t h e cu r r en t f l o w i n g t h r o u g h 

i t . 

If, t hen , a n a l t e rna t ing c u r r e n t o f m a x i m u m o r e f f ec t i ve i n t e n 

s i ty I is f l o w i n g i n t he c i r c u i t , t h e p o t e n t i a l d i f fe rence E x m u s t 

b e z e r o , o r e lse , if t h e c i r cu i t is c o n n e c t e d t o t h e t e rmina l s o f a n 

a l t e r n a t o r g e n e r a t i n g a n a l t e rna t ing e l e c t r o m o t i v e f o r c e o f f ixed 

m a x i m u m a m p l i t u d e E, a n d t h e r e s i s t ance R o f t h e c i r c u i t is s o 

sma l l t h a t i t m a y b e n e g l e c t e d , t h e n the a l t e rna t ing c u r r e n t I 
flowing in t he c i r cu i t m u s t b e inf in i te . T h i s l a t t e r c o n d i t i o n 

is r e p r e s e n t e d b y t h e full l ine resonance curve i n t h e s e c o n d 

d i a g r a m o f F i g . 2 2 w h e r e t he i n t e n s i t y o f t h e a l t e rna t ing c u r r e n t ! 

flowing in t h e c i r cu i t is p l o t t e d i n f u n c t i o n o f t h e f r e q u e n c y o f 

t he a p p l i e d a l t e rna t ing e l e c t r o m o t i v e f o r c e , t h e l a t t e r b e i n g 

a s s u m e d t o b e o f c o n s t a n t m a x i m u m a m p l i t u d e a t a l l f r e q u e n c i e s . 

A c t u a l l y , t h e r e s i s t ance R o f t h e c i r cu i t is n e v e r e q u a l t o 

z e r o , a n d l i m i t s t h e c u r r e n t i n t ens i ty , w h i c h h e n c e . d o e s n o t 

b e c o m e inf ini te , b u t s i m p l y passes t h r o u g h a m a x i m u m a t r e s o 

n a n c e f r e q u e n c y , as s h o w n f o r v a r i o u s v a l u e s o f res i s tance b y t h e 

d o t t e d l ine c u r v e s in t he s e c o n d d i a g r a m o f F i g . 2 2 . 

T h e c i r cu i t i m p e d a n c e b e i n g , a c c o r d i n g t o t h e p r e c e d i n g 

s e c t i o n , 

Z = y/X* + R* 
th is is , i n t he p r e s e n t case , 
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W h e n t h e f r e q u e n c y is s u c h t h a t t h e r e a c t a n c e is z e r o , t h e 

i m p e d a n c e r e d u c e s t o 

a n d t he c u r r e n t flowing in t h e c i r cu i t is t h e n e q u a l t o 

T - E 

E b e i n g t h e a p p l i e d e l e c t r o m o t i v e f o r c e . T h i s cu r r en t is t h e n 

in p h a s e w i t h t h e a p p l i e d e l e c t r o m o t i v e f o r c e . W h e n t h e fre

q u e n c y is d i f ferent f r o m the r e s o n a n c e f r e q u e n c y <o0, t h e r eac t 

a n c e is n o l o n g e r z e r o , a n d t h e c u r r e n t l e a d s the" a p p l i e d 

e l e c t r o m o t i v e f o r c e , o r l ags b e h i n d i t , b y a n a n g l e A s u c h t h a t 

a c c o r d i n g t o w h e t h e r t h e f r e q u e n c y is , r e s p e c t i v e l y , g r ea t e r o r 

sma l l e r t h a n t h e r e s o n a n c e f r e q u e n c y co 0 . 

R e f e r r i n g a g a i n t o d i a g r a m 2 , F i g . 2 2 , t he s h a p e a n d m a x i m u m 

h e i g h t o f t h e r e s o n a n c e c u r v e d e p e n d i n e a c h case o n t h e v a l u e 

o f t h e res i s t ance R. T h e g r e a t e r th i s res i s t ance , t h e sma l l e r 

t h e m a x i m u m , a n d a l so t h e flatter o r b r o a d e r t h e c u r v e , so t h a t t h e 

c i r cu i t is c o r r e s p o n d i n g l y less s e l e c t i v e , r e s p o n d i n g m o r e e q u a l l y 

t o all f r e q u e n c i e s i n s t ead o f s h o w i n g a m a r k e d l y i n c r e a s e d cu r r en t 

a t o n e pa r t i cu l a r " r e s o n a n c e f r e q u e n c y . " 

A s a c o n c l u s i o n a n d s u m m a r y o f t h e a b o v e d i s c u s s i o n , w h e n 

a c i r cu i t c o n t a i n s i n d u c t a n c e , c a p a c i t y , a n d res i s t ance in series 

a n d is e n e r g i z e d b y a s o u r c e o f a l t e rna t ing cu r ren t , t h e i n t e n s i t y 

o f t h e c u r r e n t flowing i n t h e c i r cu i t is (if t h e res i s t ance is s l i gh t ) 

n e g l i g i b l y s m a l l a t all f r e q u e n c i e s w i t h t h e e x c e p t i o n o f o n e 

pa r t i cu l a r f r e q u e n c y , c a l l e d r e s o n a n c e f r e q u e n c y a n d e q u a l t o 

L/-\/LC, w h e n t h e c u r r e n t passes t h r o u g h a sha rp m a x i m u m . 

I f t h e f r e q u e n c y o f t h e e n e r g i z i n g s o u r c e c a n n o t b e a l t e red , 

r e s o n a n c e m a y b e e s t ab l i shed b y a l te r ing e i the r o r b o t h t h e c i r 

c u i t i n d u c t a n c e L a n d c a p a c i t y C, i n o r d e r t h a t t h e e x p r e s s i o n 

1/Y/LC wi l l b e c o m e e q u a l t o t h e f r e q u e n c y o f t he e n e r g i z i n g 

s o u r c e . T h i s p r o c e s s o f b r i n g i n g t h e c i r cu i t i n t o r e s o n a n c e w i t h 

t h e s o u r c e f r e q u e n c y is ca l l ed TUNING. I f s eve ra l a l t e rna t ing -

c u r r e n t s o u r c e s o f d i f ferent f r e q u e n c i e s e n e r g i z e t h e c i r cu i t s i m u l 

t a n e o u s l y , t h e c i r cu i t m a y , t h r o u g h t u n i n g , b e s u c c e s s i v e l y 

Z == V O + R2 = R 
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b r o u g h t i n t o r e s o n a n c e w i t h e a c h o f these s o u r c e s , t h e c u r r e n t 
in t he c i r cu i t r is ing s h a r p l y e v e r y t i m e t h e c i r cu i t is i n r e s o n a n c e 
o r i n t u n e . I n pa r t i cu la r , if t h e e l e c t r o m o t i v e f o r c e i m p r e s s e d o n 
t he c i r cu i t c o m p r i s e s a p lu ra l i t y o f d i f ferent f r e q u e n c y c o m p o 
nen t s , t h e c i r cu i t m a y b e t u n e d t o a n y o n e o f t hese c o m p o n e n t s , 
a n d t h e c u r r e n t f l o w i n g i n t h e c i r cu i t wi l l t h e n b e s u b s t a n t i a l l y 
p r o p o r t i o n a l t o t h e a m p l i t u d e o f t h e c o r r e s p o n d i n g e l e c t r o 
m o t i v e f o r c e f r e q u e n c y c o m p o n e n t . 

F i n a l l y , t h e p o t e n t i a l d i f fe rences EL = wLI a n d Ec = I/uC 
b e t w e e n t h e i n d u c t a n c e a n d c a p a c i t y t e rmina l s MN a n d NP, 
r e s p e c t i v e l y are f u n c t i o n s o f b o t h t h e f r e q u e n c y a n d c u r r e n t 
i n t e n s i t y . ' F o r an a l t e rna t ing a p p l i e d e l e c t r o m o t i v e f o r c e o f c o n 
s t an t m a x i m u m a m p l i t u d e a n d v a r i a b l e f r e q u e n c y , t h e c u r r e n t 
v a r y i n g w i t h t h e l a t t e r as s h o w n i n d i a g r a m 2 o f F i g . 2 2 , t h e p o t e n 
t ia l d i f ferences EL, Ec wi l l in t u r n v a r y as s h o w n i n d i a g r a m s 3 a n d 
4 , o f F i g . 2 2 . T h e full l ine c u r v e s c o r r e s p o n d t o z e r o r e s i s t ance , 
t he d o t t e d l ine c u r v e s refer t o cases w h e r e r e s i s t ance is a s s o c i a t e d 
w i t h t h e i n d u c t a n c e a n d c a p a c i t y . T h e p o t e n t i a l d i f fe rence 
b e t w e e n t he i n d u c t a n c e t e rmina l s is t hus s m a l l w h e n the f r e q u e n c y 
o f t h e a p p l i e d e l e c t r o m o t i v e f o r c e is less t h a n t h e r e s o n a n c e 
f r e q u e n c y , b e c o m e s a m a x i m u m a t r e s o n a n c e , a n d t e n d s t o 
b e c o m e e q u a l t o t h e i m p r e s s e d e l e c t r o m o t i v e f o r c e E a b o v e t he 
r e s o n a n c e f r e q u e n c y . 

T h e p o t e n t i a l d i f fe rence b e t w e e n t h e c o n d e n s e r t e r m i n a l s v a r i e s 
in r eve r se m a n n e r , b e i n g s u b s t a n t i a l l y e q u a l t o the i m p r e s s e d e l e c 
t r o m o t i v e f o r c e E a t f r e q u e n c i e s b e l o w t h e r e s o n a n c e f r e q u e n c y , 
a n d b e c o m i n g n e g l i g i b l y sma l l a t f r e q u e n c i e s g r ea t e r t h a n th is . 

T h i s p e r m i t s t h e filtering o u t o f e l e c t r o m o t i v e f o r c e s h a v i n g 
f r e q u e n c i e s b e l o w o r a b o v e , a s t h e case m a y b e , a p a r t i c u l a r f re
q u e n c y wo- D e p e n d i n g o n w h e t h e r t h e p o t e n t i a l d i f fe rence 
b e t w e e n t h e i n d u c t a n c e t e rmina l s o r c o n d e n s e r t e r m i n a l s is u sed , 
t he c i r cu i t m a y t h u s s e rve as a s o - c a l l e d h i g h - p a s s o r 
l o w - p a s s fi l ter. H o w e v e r , t h e a b r u p t n e s s o f t h e c u t - o f f is in m o s t 
ca se s t o o sma l l f o r p r a c t i c a l p u r p o s e s , a n d m o r e c o m p l i c a t e d c i r 
cu i t c o m b i n a t i o n s a re t h e n r e s o r t e d t o , as p o i n t e d o u t i n a l a te r 
s e c t i o n o f t h e p r e sen t c h a p t e r . 

Parallel Resonance .—The case o f F i g . 23 differs f r o m t h e p r e 
c e d i n g o n e i n t h a t t h e c a p a c i t y C a n d i n d u c t a n c e L a re c o n n e c t e d 
in para l le l a c r o s s t h e ene rg i z ing s o u r c e , r e p r e s e n t e d h e r e as a n 
a l t e rna to r g e n e r a t i n g an e l e c t r o m o t i v e f o r c e 

e = E sin ut, 
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w h i c h is i m p r e s s e d s i m u l t a n e o u s l y u p o n the c o n d e n s e r a n d i n d u c 

t a n c e c o i l . T h u s , wh i l e in t he c a s e o f t he series c i rcu i t , t he c a p a c 

i t y a n d i n d u c t a n c e w e r e c a r r y i n g a s imi la r cu r ren t , w h i c h w o u l d 

se t u p a c r o s s e a c h o f t h e m e l e c t r o m o t i v e f o r c e s d e p e n d i n g u p o n 

the f r e q u e n c y o f t h e cu r ren t , t h e c a p a c i t y a n d i n d u c t a n c e h a v e , 

in t h e p r e s e n t case o f para l le l c o n n e c t i o n , a l ike i m p r e s s e d e l e c 

t r o m o t i v e f o r c e , a n d c a r r y cu r ren t s w h i c h d e p e n d o n the i r r e s p e c 

t i v e i m p e d a n c e s , t h a t is , o n t he 

f r e q u e n c y . 

T h u s , t he cu r r en t i s u p p l i e d b y 

t he a l t e r n a t o r d i v i d e s b e t w e e n t he 

c o n d e n s e r a n d i n d u c t a n c e - c o i l 

b r a n c h e s in i nve r se p r o p o r t i o n t o 

the i r r e s p e c t i v e i m p e d a n c e s . 

R e f e r r i n g t o m a x i m u m o r e f fec 

t i v e v a l u e s , a n d t e m p o r a r i l y 

n e g l e c t i n g all res i s tances , t he c o n d e n s e r cu r r en t I0 a n d i n d u c t a n c e 

c o i l c u r r e n t IL a re e q u a l t o 

Ic = ~ = coCE, 

FIG. 2 3 . 

I I ~ X 
E 
oiL 

S i n c e t he c o n d e n s e r c u r r e n t l e a d s t he a p p l i e d e l e c t r o m o t i v e 

f o r c e E b y 9 0 d e g . w h i l e t h e i n d u c t a n c e - c o i l c u r r e n t l ags b e h i n d 

th i s s a m e e l e c t r o m o t i v e f o r c e b y 9 0 d e g . , t he cu r r en t s i n t h e t w o 

b r a n c h e s flow i n o p p o s i t e d i r e c t i o n s , a n d t he a l t e r n a t o r cu r r en t is 

e q u a l t o the i r d i f fe rence . T h u s , 

~ - uCE = 
coL 

E 

I f t h e n the a l t e r n a t o r f r e q u e n c y is g r a d u a l l y i n c r e a s e d , t he f a c 

t o r 1/coL wil l c o n t i n u a l l y d e c r e a s e wh i l e t h e f a c t o r ccC c o n s t a n t l y 

i nc r ea se s . T h e i r d i f fe rence t he re fo re b e c o m e s z e r o f o r a f re 

q u e n c y g i v e n b y t he r e l a t i on 

1_ 
0>L Ar = uC, 

a n d t hus e q u a l t o 
1 

VLC coo-

A t th is f r e q u e n c y , t h e cu r r en t s i n t h e t w o b r a n c h e s a re e q u a l 

a n d o p p o s i t e , a n d t h e c u r r e n t s u p p l i e d b y t h e a l t e r n a t o r is e q u a l 



3 4 RADIO ENGINEERING PRINCIPLES 

t o z e r o . I n o t h e r w o r d s , an a l t e rna t ing c u r r e n t o f i n t e n s i t y IT 
= IC a n d o f f r e q u e n c y « 0 wi l l t h e n f l o w i n t h e c l o s e d c i r c u i t 
f o r m e d b y t he t w o b r a n c h e s L a n d C, b u t NO c u r r e n t wi l l 
f l o w t h r o u g h the a l t e rna to r . A t th i s f r e q u e n c y the re is t h e r e f o r e 
n o i n t e r c h a n g e o f e n e r g y b e t w e e n t h e a l t e rna to r a n d t h e c i r cu i t 
LC, a n d t he a l t e rna to r m a y c o n s e q u e n t l y b e e n t i r e l y d i s c o n n e c t e d 
a n d r e m o v e d f r o m t h e c i rcu i t , i n w h i c h t he c u r r e n t wi l l , n e v e r 
the less , c o n t i n u e t o flow indef in i t e ly , c o n s t i t u t i n g i n th i s c i r cu i t a 
s o - c a l l e d FREE ELECTRICAL OSCILLATION. T h i s c o n d i t i o n is t a k e n u p in 
de t a i l i n l a t e r s e c t i o n o f th i s c h a p t e r . 

A c t u a l l y , t h e res i s tance b e i n g n o t z e r o , t h e a l t e rna to r wi l l , a t 
r e s o n a n c e , s u p p l y a cu r r en t t o t he c i r cu i t , e q u a l t o 

I = ® R 

a n d t h e a l t e rna to r cu r ren t , 

passes t h r o u g h a m i n i m u m . 

F r o m t h e a b o v e r e l a t i on 

i n s t e a d o f b e c o m i n g z e r o , s i m p l y 

t h e r e a c t a n c e o f t he c i r cu i t c o n n e c t e d t o 
t h e a l t e rna to r ( F i g . 2 3 ) is s een t o b e 
e q u a l t o 

E L OIL z = r -
- WC O*LC 

w« Frequency 

FIG. 2 4 . 

I f t he a l t e rna to r f r e q u e n c y is g r a d u a l l y 
i nc r ea sed , t h e r e a c t a n c e , w h i c h is i n d u c 
t i v e f o r sma l l v a l u e s o f <o, i nc r ea se s in 
m a g n i t u d e , b e c o m e s inf ini te w h e n 1 — 
u 2 L C = 0, t h a t is, w h e n w = L/\/LC= CO0, 
a f ter w h i c h , f o r f r e q u e n c i e s g r ea t e r t h a n 
th is , i t b e c o m e s a c a p a c i t i v e r e a c t a n c e o f 
g r a d u a l l y smal le r m a g n i t u d e . 

T h e s e c o n d i t i o n s are r e p r e s e n t e d i n t h e u p p e r d i a g r a m o f F i g . 
2 4 . T h e l o w e r d i a g r a m rep resen t s t he a l t e rna to r c u r r e n t in f u n c 
t i on o f f r e q u e n c y , a n d s u m m a r i z e s t h e a b o v e d i s c u s s i o n . 

Resonance in Coupled Circui ts .—Consider a c l o s e d c i r cu i t A 
( F i g . 2 5 ) c o n t a i n i n g i n d u c t a n c e a n d c a p a c i t y i n series (al l resis t 
a n c e b e i n g n e g l e c t e d f o r s i m p l i c i t y ) a n d e n e r g i z e d b y a n a l ter
n a t o r S c o n n e c t e d i n the c i r cu i t , o r c o u p l e d t o i t in a n y s u i t a b l e 
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m a n n e r , g e n e r a t i n g i n t h e c i r cu i t a n a l t e rna t ing e l e c t r o m o t i v e 

f o r c e o f c o n s t a n t m a x i m u m a m p l i t u d e E. I f t he a l t e rna to r f re

q u e n c y is v a r i e d , t he c u r r e n t wi l l , as e x p l a i n e d b e f o r e , pa s s 

t h r o u g h a m a x i m u m a t r e s o n a n c e . 

S u p p o s e a s e c o n d c l o s e d c i r cu i t B h a v i n g t he s a m e i n d u c t a n c e 

a n d c a p a c i t y , r e s p e c t i v e l y , as c i r cu i t A , t o b e c o u p l e d t o th i s cir

cu i t , i ts i n d u c t a n c e co i l l i nk ing f o r i n s t ance w i t h s o m e o f t he m a g 

n e t i c l ines o f f o r c e set u p b y t h e a l t e rna to r cu r ren t flowing in t h e 

c o i l o f c i r cu i t A. A n a l t e rna t ing e l e c t r o m o t i v e f o r c e wi l l t h e n b e 

i n d u c e d in c i r cu i t B, w h i c h in t u r n sets u p a n a l t e rna t ing c u r r e n t 

in th i s c i r cu i t . 

S u p p o s e first t h a t t he t w o c i rcu i t s A a n d B are so LOOSELY COUPLED 
t h a t the a l t e rna t ing cu r r en t flowing in c i r cu i t B d o e s n o t set u p , 

t h r o u g h i ts a l t e rna t ing m a g n e t i c 

field, a n y a p p r e c i a b l e e l e c t r o m o t i v e 

f o r c e in c i r cu i t A. A s t h e a l t e rna to r 

f r e q u e n c y is v a r i e d , r e s o n a n c e p h e 

n o m e n a wi l l t h e n t a k e p l a c e in c i r cu i t 

A as if c i r cu i t B w e r e n o t ex i s t an t . 

. O n the o t h e r h a n d , t he e l e c t r o m o t i v e f o r c e i n d u c e d in c i r cu i t B, 
b e i n g of t h e s a m e f r e q u e n c y as t he a l t e rna to r e l e c t r o m o t i v e f o r c e , 

wi l l p r o d u c e s imi la r r e s o n a n c e ef fec ts in c i r cu i t B. T h a t is , t h e 

c u r r e n t in th is c i r cu i t wi l l b e a m a x i m u m w h e n the a l t e rna to r f re

q u e n c y is e q u a l t o t he r e s o n a n c e f r e q u e n c y L/-\/LC o f t he c i r cu i t . 

H o w e v e r , wh i l e t he a l t e rna to r e l e c t r o m o t i v e f o r c e w h i c h ene r 

g i ze s c i r cu i t A is a s s u m e d t o b e c o n s t a n t a t all f r equenc i e s , t h e 

e l e c t r o m o t i v e f o r c e i n d u c e d i n c i r cu i t B, b e i n g p r o p o r t i o n a l t o the 

i n d u c i n g c u r r e n t ( w h i c h is t h e cu r r en t in c i r c u i t A), wi l l b e a m a x 

i m u m w h e n t h e f r e q u e n c y is t he r e s o n a n c e f r e q u e n c y o f t he c i r cu i t . 

T h i s e f fec t wi l l a d d i tself t o t h a t o f t h e a l t e rna to r f r e q u e n c y 

v a r i a t i o n , so t h a t t h e r e s o n a n c e c u r v e o f c i r cu i t B, r e p r e s e n t i n g 

t h e cu r r en t i n t e n s i t y in th is c i r cu i t in f u n c t i o n o f a l t e rna to r f re

q u e n c y , wi l l b e m o r e p e a k e d t h a n t h a t o f c i r cu i t A, a l t h o u g h t h e 

a c t u a l i n t e n s i t y o f t h e c u r r e n t in c i r cu i t B is , in v i e w o f t h e 

l o o s e n e s s o f t he c o u p l i n g b e t w e e n t h e t w o c i r cu i t s , sma l l e r t h a n 

t h a t in c i r cu i t A. 

T i g h t e n i n g t he c o u p l i n g b e t w e e n t h e c i r cu i t s s e e m s a n o b v i o u s 

w a y o f i nc reas ing th is i n d u c e d cu r ren t . B u t t h e n t h e p o r t i o n o f 

t h e m a g n e t i c field o f o n e c i r cu i t l i n k i n g w i t h t h e o t h e r c i r c u i t 

b e c o m e s a n a p p r e c i a b l e f r a c t i o n o f i t s t o t a l m a g n e t i c field, a n d i t is 

n e c e s s a r y t o t a k e i n t o a c c o u n t t he e l e c t r o m o t i v e f o r c e i n d u c e d 
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B A C K INTO CIRCUIT A B Y THE CURRENT FLOWING I N CIRCUIT B. A S WILL B E 

S H O W N PRESENTLY, THIS ALTERS THE CONDITIONS COMPLETELY. 

S A Y I N G THAT THE CIRCUITS ARE closely coupled IS EQUIVALENT TO C O N 

SIDERING T H E M AS H A V I N G A PART OF THEIR RESPECTIVE TOTAL I N D U C T A N C E 

I N C O M M O N (IF T H E Y ARE INDUCTIVELY C O U P L E D ; M O R E GENERALLY 

T H E Y M A Y B E CONSIDERED AS H A V I N G A PORTION OF THEIR REACTANCE I N 

C O M M O N ) . I N EFFECT, IT M A K E S CIRCUIT B A PART OF THE CIRCUIT S Y S 

T E M W H I C H I S CONNECTED TO THE ALTERNATOR. 

T H U S LA A N D LB, B E I N G THE TOTAL INDUCTANCE I N THE CIRCUITS A 

A N D B, RESPECTIVELY, ( F I G . 2 5 ) A N D M THEIR M U T U A L I N D U C T A N C E , A N 

EQUIVALENT S Y S T E M WILL B E THAT OF F I G . 

2 6 I N W H I C H T W O DIRECTLY COUPLED CIR

CUITS H A V E E A C H RESPECTIVELY THE S A M E 

TOTAL INDUCTANCE AS THE CIRCUITS OF F I G . 

2 5 B U T H A V E A PART M OF THEIR TOTAL 

F L G ' 2 6 - INDUCTANCE I N C O M M O N . T H U S , LA = L I + M, LB = L2 + M. 
T H E ALTERNATOR GENERATING A N ALTERNATING ELECTROMOTIVE FORCE OF 

ADJUSTABLE FREQUENCY CO, THE RESONANCE P O I N T S OF THIS S Y S T E M M A Y 

READILY B E F O U N D B Y C O M P U T I N G ITS REACTANCE. T H U S , CONSIDER 

THE CIRCUIT B R A N C H CALi AS CONNECTED I N SERIES W I T H THE PARALLEL 

A R R A N G E M E N T OF THE T W O BRANCHES C B L 2 A N D M. T H E REACTANCE OF CALi B E I N G , AS S H O W N I N A P R E V I O U S SECTION, 

T 1 
<x>Li „-> 

COC A 

WHILE THAT OF THE PARALLEL ARRANGEMENT OF C B L 2 A N D M IS 

aiMluLz ~ J 
\ C O G B / <L* + M)-«k 

THE TOTAL REACTANCE OF THE CIRCUIT OF F I G . 2 6 IS 

1 «M{«L> ~ ik) 

X = 6 0 L T - — + - - ^ ^ F -

" L A O ( L 2 + M) - -jr 
T H E VALUE OF FREQUENCY FOR W H I C H THE ALTERNATOR CURRENT IS A M A X -

M U M IS THEN THAT W H I C H M A K E S THIS REACTANCE EQUAL TO ZERO (SINCE 

B Y DEFINITION I = E/X), THE CURRENT B E I N G THEN, AS I N THE S IMPLER 

CASES CONSIDERED BEFORE, L I M I T E D B Y THE CIRCUIT RESISTANCE. 
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A s s u m i n g e a c h o f t he t w o c i rcu i t s A a n d B t o h a v e a s a m e r e s o 

n a n c e f r e q u e n c y co 0 w h e n c o n s i d e r e d s epa ra t e ly , t h a t is, w h e n n o t 

c o u p l e d t o e a c h o the r , e q u a l t o 

= 1 1 
WO VLAU~A " VLVCB' 

a n d r ep re sen t ing t h e c o u p l i n g o f t he t w o c i rcu i t s b y the i r s o - c a l l e d 

c o u p l i n g coef f ic ien t 

M 
VLALB' 

i t is f o u n d t h a t t he a b o v e v a l u e o f t he r e a c t a n c e X o f t he c i r cu i t 
c o m b i n a t i o n b e c o m e s e q u a l t o z e r o f o r TWO v a l u e s o f t h e a l t e rna to r 
f r e q u e n c y , 1 e q u a l t o 

K = 

COl = COo 

a n d 

C02 = 
T h u s , w h e n t h e a l t e rna to r f r e q u e n c y is v a r i e d c o n t i n u o u s l y , 

t h e a l t e rna to r c u r r e n t passes t h r o u g h t w o m a x i m a , c o r r e s p o n d i n g 
t o t h e t w o r e s o n a n c e f r e q u e n c i e s coi a n d co 2 , r e s p e c t i v e l y . I t is 

z e r o c o u p l i n g ( o r , in p r a c t i c e f o r v e r y l o o s e 
= 0, t he re is o n l y o n e m a x i m u m o f cu r r en t , f o r 
w h i c h is t he r e s o n a n c e o f e a c h o f t h e t w o 

A s t he c o u p l i n g is m a d e t igh te r , t w o r e s o 
n a n c e f r e q u e n c i e s A>i a n d co 2 a p p e a r , o n e b e l o w a n d o n e a b o v e t h e 
u n c o u p l e d i n d i v i d u a l f r e q u e n c y co 0 un t i l , f o r m a x i m u m c o u p l i n g , 
w h e n K = 1, t he t w o f r e q u e n c i e s are 

COo 
V 2 

seen a l so t h a t f o r 
c o u p l i n g ) , w h e n K 
t h e f r e q u e n c y co 0 

u n c o u p l e d c i r cu i t s 

a n d 

1 In the more general 
frequencies UA and we 
has, as above, two rei 

One of these freque 
a A, OIB while the other 

When making UA 
values wi and « 2 giver 

COl 

C02 
case where the two circuits have different resonance 

when not coupled together, the coupled circuit system 
onance frequencies, equal to 

+ c o B

2 +V(CCA2 - c o B

2 ) 2 + 4/c 2co^ 2co B

2 

2(1 - K2) 
es is smaller than the smallest of the two frequencies 
is greater than the greatest frequency o>A, O>B. 
<J>B this expression simplifies and gives for « the two 
in the text. 



3 8 RADIO ENGINEERING PRINCIPLES 

w h i c h c o r r e s p o n d s t o t h e case w h e n t h e t w o c i r cu i t s h a v e all o f 

the i r i n d u c t a n c e i n c o m m o n . 

T h e s e resul ts are r e p r e s e n t e d in F i g . 2 7 , w h e r e t he c u r v e s 1, 2 , 

3 a n d 4 c o r r e s p o n d t o i nc reas ing v a l u e s o f t he c o u p l i n g coef f i c ien t . 

I t s h o u l d b e n o t e d tha t , f o r r e a s o n a b l y sma l l v a l u e s o f c o u p l i n g , 

s u c h as u s e d f o r c u r v e 2 f o r i n s t ance , t he t w o - c u r r e n t m a x i m a are 

c o m p a r a t i v e l y c l o s e t o g e t h e r , a n d the c u r v e , w h i l e r is ing a n d fa l l 

ing s t e e p l y , h a s a s u b s t a n t i a l l y flat t o p , c o n t r a s t i n g w i t h t h e 

s ing le , sha rp p e a k o f t he s ing le -c i rcu i t c u r v e ( c u r v e 1 ) . T h u s , 

whi le a s ing le o s c i l l a t o r y c i r cu i t wi l l c a r r y a n a p p r e c i a b l e c u r r e n t 

a t s u b s t a n t i a l l y o n e f r e q u e n c y o n l y , an a r r a n g e m e n t o f t w o s u c h 

O F Frequency 
FIG. 2 7 . 

c i rcu i t s , h a v i n g i n d i v i d u a l l y a s a m e r e s o n a n c e f r e q u e n c y a n d 

c o u p l e d n o t t o o t i g h t l y , wi l l c a r r y a n a p p r e c i a b l e a l t e rna t ing c u r 

rent o v e r a b a n d o f f r equenc ie s , t h a t is , a t f r e q u e n c i e s c o m p r i s e d 

a p p r o x i m a t e l y b e t w e e n t h e t w o r e s o n a n c e f r e q u e n c i e s o f t h e c i r 

cu i t -pa i r a r r a n g e m e n t , w h i c h m a y h e n c e se rve as a frequency band 
filter. 

H o w e v e r , s u c h a t w o - c i r c u i t o r t w o - c e l l filter m a y b e u s e d f o r 

n a r r o w b a n d s o n l y , f o r w h e n t h e c o u p l i n g is m a d e t i g h t e r t h e 

t w o r e s o n a n c e f r e q u e n c i e s s epa ra t e a n d t h e a r r a n g e m e n t wi l l 

r e s p o n d , subs t an t i a l ly , t o t hese t w o we l l -de f ined f r e q u e n c i e s o n l y . 

F i n a l l y , i t is i m p o r t a n t t o n o t e t h a t t h e cu r r en t s i n t h e t w o 

c o u p l e d c i r cu i t s A a n d B a re s u b s t a n t i a l l y i n p h a s e w i t h e a c h 

o t h e r a t t h e l o w e r o f t h e t w o r e s o n a n c e f r equenc i e s , w h i l e t h e y 
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are 180 d e g . o u t o f p h a s e ( tha t is, in p h a s e o p p o s i t i o n ) a t t he 

h ighe r r e s o n a n c e f r e q u e n c y , a c o n d i t i o n w h i c h f inds i t s a p p l i c a 

t i o n n o t a b l y in ce r t a in v a c u u m t u b e c i rcu i t s , as p o i n t e d o u t la ter . 

FREE OSCILLATIONS 

Oscillatory Discharge of a Condenser.—Physical Explanation. 
C o n s i d e r a c o n d e n s e r C ( F i g . 2 8 ) w h i c h m a y b e c o n n e c t e d 

b y m e a n s o f a s w i t c h t o a b a t t e r y E o r t o a c i r cu i t o f i n d u c t a n c e L 

a n d res i s t ance R. I f t h e c o n d e n s e r is first c o n n e c t e d t o t h e 

b a t t e r y E b y c o n n e c t i n g A t o A' a n d B t o B', t h e c o n d e n s e r wi l l 

b e c o m e c h a r g e d . T h a t is , a n e l ec t r i c cu r r en t wi l l f o r a s h o r t 

t ime f l o w i n t h e m e t a l l i c c i r cu i t i n t h e d i r e c t i o n EB'BCAA'E, 

+ 
E — 
+ 

A' A A" - w -

B' B B" S 
•—vwvvv 

FIG. 2 8 . 

a c c u m u l a t i n g a n e g a t i v e c h a r g e o n t he u p p e r c o n d e n s e r p l a t e 

and a p o s i t i v e c h a r g e o n t h e l o w e r p l a t e , as e x p l a i n e d in a p r e v i o u s 

s e c t i o n . T h i s c h a r g i n g c u r r e n t f lows in t h e c i r cu i t un t i l t h e 

e l e c t r o s t a t i c field c r e a t e d b e t w e e n t h e c o n d e n s e r p l a t e s b y t h e 

c h a r g e s o n t h e m e x a c t l y e q u a l s a n d c o u n t e r b a l a n c e s t he b a t t e r y 

e l e c t r o m o t i v e f o r c e . T h e c o n d e n s e r b e i n g t h e n fu l ly c h a r g e d , 

t h e a m o u n t o f e n e r g y s t o r e d in it as p o t e n t i a l e n e r g y is , as k n o w n , 

y2 cv* 

w h e r e C is t h e e l e c t r o s t a t i c c a p a c i t y o f t he c o n d e n s e r a n d V t h e 

p o t e n t i a l d i f fe rence b e t w e e n i ts p la t e s . 

S u p p o s e n o w t h a t t h e c o n d e n s e r , h a v i n g t h u s b e e n c h a r g e d , 

is c o n n e c t e d t o t h e c i r cu i t LR, b y d i s c o n n e c t i n g A a n d A' f r o m 

B a n d B', a n d c o n n e c t i n g A t o A" a n d B t o B". T h e p o t e n t i a l 

d i f fe rence V b e t w e e n t h e c o n d e n s e r p l a t e s b e i n g t h u s a p p l i e d 

t o t he e n d s o f t he wire c o n s t i t u t i n g t h e c i r cu i t b r a n c h LR, an 

e l ec t r i c c u r r e n t wi l l s ta r t f l o w i n g in t he c i rcu i t CLR i n t he d i r e c 

t i o n CBB"RLA"AC, o p p o s i t e t o t h a t o f t he c h a r g i n g cu r ren t . 
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I n o t h e r w o r d s , t h e e x c e s s o f e l e c t r o n s a c c u m u l a t e d , d u r i n g t he 

c h a r g i n g p r o c e s s , o n t h e n e g a t i v e c o n d e n s e r p l a t e , w i l l s ta r t 

m o v i n g a l o n g t h e w i r e LR t o r e a c h t h e p o s i t i v e c o n d e n s e r p l a t e 

a n d rees tab l i sh a neu t r a l ( d i s c h a r g e d ) s t a te o f e q u i l i b r i u m . 

B u t t hese e l e c t r o n s d o n o t , af ter t h e c l o s i n g o f t he c i r cu i t , 

r e a c h the i r final s p e e d a t o n c e , t h e m a g n e t i c f ield resu l t ing f r o m 

the i r m o t i o n a n d e n c l o s i n g t h e c i r cu i t t e n d i n g t o o p p o s e s p e e d 

va r i a t i ons , as e x p l a i n e d i n C h a p . I . U n d e r t h e c o n t i n u o u s 

a c c e l e r a t i o n d u e t o t he p o t e n t i a l d i f fe rence b e t w e e n t h e c o n d e n s e r 

p l a t e s , h o w e v e r , t h e e l e c t r o n s p e e d a n d the re fo re t h e c u r r e n t in 

t h e c i r cu i t , i nc rease a t a ra te d e p e n d i n g o n t h e i n d u c t a n c e o f t h e 

c i r cu i t ( s ince this g o v e r n s the m a g n i t u d e o f t he m a g n e t i c f ie ld) 

a n d o n t h e i n s t a n t a n e o u s c o n d e n s e r v o l t a g e . A n d s ince t he c o n 

dense r is d i s c h a r g i n g , t he e n e r g y o f t he s y s t e m , w h i c h a t first w a s 

en t i r e ly s t o r e d in t h e c o n d e n s e r as e l e c t r o s t a t i c e n e r g y , is b e i n g 

g r a d u a l l y t r a n s f o r m e d i n t o m a g n e t i c e n e r g y . A t t h e s a m e t i m e , 

a ce r t a in a m o u n t o f e n e r g y is spen t i n t h e c i r cu i t r e s i s t ance R 
a n d is t h u s c o n v e r t e d i n t o h e a t . W h e n th i s e n e r g y t rans for 

m a t i o n is c o m p l e t e , t h e c o n d e n s e r is fu l ly d i s c h a r g e d a n d i ts 

e l e c t r o s t a t i c e n e r g y en t i r e ly d i s a p p e a r s . 

A t th is m o m e n t t he p o t e n t i a l d i f fe rence b e t w e e n t h e c o n d e n s e r 

p la t e s is z e r o , a n d t he re b e i n g n o l o n g e r a n y d r i v i n g e l e c t r o m o 

t i v e f o r c e i n t h e c i r cu i t , t h e c u r r e n t flow i n i t wi l l s t o p . T h e 

e n e r g y s t o r e d i n t he m a g n e t i c field a b o u t t h e c i r cu i t t e n d i n g t o 

p r e v e n t c h a n g e s i n t h e v e l o c i t y o f t h e e l e c t r o n s , h o w e v e r , t h e 

c u r r e n t wi l l n o t s t o p i n s t an t ly , b u t wi l l c o n t i n u e t o flow i n t h e 

s a m e d i r e c t i o n f o r s o m e t i m e af ter t h e c o n d e n s e r is c o m p l e t e l y 

d i s c h a r g e d . T h i s wi l l , c o n s e q u e n t l y , c h a r g e t h e c o n d e n s e r aga in , 

b u t th i s t i m e i n a d i r e c t i o n o p p o s i t e t o t h e o r ig ina l o n e , t he 

e l e c t r o n s n o w a c c u m u l a t i n g o n w h a t w a s a t first t h e p o s i t i v e 

p l a t e o f t h e c o n d e n s e r . T h i s c rea tes b e t w e e n t he c o n d e n s e r p l a t e s 

a p o t e n t i a l d i f ference o f a p o l a r i t y o p p o s i t e t o t h e o r ig ina l o n e , 

a n d t h e m a g n e t i c e n e r g y o f t h e s y s t e m g r a d u a l l y t r a n s f o r m s 

i tself a g a i n i n t o e l ec t ro s t a t i c e n e r g y , w h i c h is s t o r e d in t h e e l e c t r o 

s t a t i c field o f t h e c o n d e n s e r , a n d i n t o hea t , r esu l t ing f r o m t h e 

e x p e n d i t u r e o f a p a r t o f t h e e n e r g y i n t h e c i r cu i t r e s i s t ance . 

W h e n t h e en t i r e m a g n e t i c e n e r g y h a s t h u s b e e n c o n v e r t e d , t h e 

c o n d i t i o n s are the re fo re s imi la r t o t h e o r ig ina l o n e s , e x c e p t f o r t h e 

p o l a r i t y o f t h e c o n d e n s e r p l a t e s . A l s o , i n v i e w o f t h e t r a n s f o r m a 

t i o n o f a p a r t o f t he e n e r g y i n t o hea t , t h e a m o u n t o f p o t e n t i a l 

e n e r g y n o w s t o r e d in t he c o n d e n s e r is less t h a n a t t he b e g i n n i n g , 
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a n d t h e p o t e n t i a l d i f fe rence b e t w e e n t h e c o n d e n s e r p l a t e s is 

c o r r e s p o n d i n g l y smal le r . 

T h e c h a r g e d c o n d e n s e r b e i n g sti l l c o n n e c t e d t o t h e c i r c u i t 

LR, wi l l a g a i n s ta r t d i s c h a r g i n g , b u t th is t i m e i n t h e o p p o s i t e 

d i r e c t i o n , a n d t h e p h e n o m e n o n wi l l r e p e a t i tself a n u m b e r o f 

t i m e s w i t h an e l ec t r i c cu r r en t f l owing in t h e c i r cu i t in a l t e r n a t e l y 

o p p o s i t e d i r e c t i o n s . T h e c o n d e n s e r d i s c h a r g e is t he re fo re sa id 

t o b e OSCILLATORY, a n d p r o d u c e s a l t e rna te t r a n s f o r m a t i o n s o f 

e l e c t r o s t a t i c e n e r g y i n t o m a g n e t i c e n e r g y , a n d o f m a g n e t i c e n e r g y 

i n t o e l e c t r o s t a t i c e n e r g y , e a c h t r a n s f o r m a t i o n b e i n g a c c o m p a n i e d 

b y a lo s s in t h e f o r m o f h e a t o f a p a r t o f t h e e n e r g y o f t he s y s t e m . 

T h e o s c i l l a t o r y d i s c h a r g e is t he re fo re sa id t o b e DAMPED, a n d t he 

o sc i l l a t i on wi l l s t o p w h e n all t he e n e r g y o r i g i n a l l y s t o r e d in t h e 

c o n d e n s e r h a s b e e n d i s s ipa t ed as h e a t i n t he r e s i s t ance . 

I t is e v i d e n t t h a t t he t o t a l n u m b e r o f c y c l e s o f t h e o sc i l l a t i on 

is d i r e c t l y d e p e n d e n t o n t he v a l u e o f t h e c i r cu i t r e s i s t ance , 

i t b e i n g g rea te r t h e smal le r t he res i s tance . 

I t is p o s s i b l e t h a t t he res i s tance m a y b e so h i g h as t o p r e v e n t 

t he d i s c h a r g e f r o m b e i n g o s c i l l a t o r y , all o f t he e n e r g y o r i g i n a l l y 

s t o r e d in t he c o n d e n s e r as e l e c t r o s t a t i c e n e r g y b e i n g d i s s i pa t ed 

as h e a t . T h e d i s c h a r g e is t h e n sa id t o b e APERIODIC. 
F r o m t h e a b o v e e x p l a n a t i o n o f t h e o s c i l l a t o r y c o n d e n s e r 

d i s c h a r g e , i t m a y b e s h o w n t h a t t h e f r e q u e n c y o f t h e resu l t ing 

a l t e rna t ing cu r r en t ( n u m b e r o f c y c l e s p e r un i t t i m e ) is d e t e r m i n e d 

b y t h e c o n s t a n t s o f t he c i r cu i t ( res i s tance , i n d u c t a n c e , a n d c a p a c 

i t y ) . N e g l e c t i n g t h e res i s tance R, n o e n e r g y wi l l b e l o s t as h e a t 

d u r i n g t he d i s c h a r g e p r o c e s s , a n d t h e o r ig ina l a m o u n t o f e l e c t r o 

s ta t i c e n e r g y , e q u a l t o Y^CV2, wi l l b e e n t i r e l y c o n v e r t e d i n t o an 

e q u a l a m o u n t o f m a g n e t i c e n e r g y YLP, d e s i g n a t i n g b y V t h e 

o r ig ina l c o n d e n s e r v o l t a g e , a n d b y I t he m a x i m u m cur ren t f l o w i n g 

in t he c i r cu i t w h e n t h e c o n d e n s e r is fu l ly d i s c h a r g e d . T h u s , 

~CV2 = -LP o r VVC = iVZ. 

H e n c e , t he smal le r t he i n d u c t a n c e L, t he g rea te r t he d i s c h a r g e 

c u r r e n t I. A n d s ince , b y def in i t ion , t h e c u r r e n t is e q u a l t o t he 

q u a n t i t y o f e l e c t r i c i t y pa s s ing o n e s e c t i o n o f t he c i r cu i t d u r i n g 

a u n i t o f t i m e , t h e g r ea t e r t he cu r ren t , t h e m o r e r a p i d l y wi l l t h e 

c h a r g e o r q u a n t i t y o f e l e c t r i c i t y s t o r e d in t h e c o n d e n s e r b e se t 

i n t o m o t i o n i n t h e c i r cu i t . T h e a b o v e e x p r e s s i o n t h u s s h o w s 

tha t , f o r a g i v e n c o n d e n s e r c a p a c i t y C, t he t i m e r e q u i r e d t o o n c e 
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d i s c h a r g e t he c o n d e n s e r , a n d h e n c e a l so t h e t i m e r e q u i r e d t o g o 

t h r o u g h o n e c y c l e o f t h e o sc i l l a t i on , t h a t is , t he period o f t h e 

a l t e rna t ing -cu r r en t osc i l l a t ion , wi l l v a r y d i r e c t l y as t h e s q u a r e 

r o o t o f t h e i n d u c t a n c e . T h e frequency, t he re fo re , var ies i n v e r s e l y 

as t h e squa re r o o t o f t he i n d u c t a n c e . I n a s imi la r w a y , f o r a 

g i v e n i n d u c t a n c e L , t h e p e r i o d va r i e s as t h e s q u a r e r o o t o f t h e 

c o n d e n s e r c a p a c i t y , a n d t h e f r e q u e n c y the re fo re va r i e s i n v e r s e l y 

as th i s . 

T h e p e r i o d a n d f r e q u e n c y o f t he free o s c i l l a t o r y d i s c h a r g e o f 

a c o n d e n s e r t h r o u g h a n i n d u c t a n c e are ca l l ed t h e natural period 
a n d natural frequency o f t he c i rcu i t . T h e v a l u e o f th i s f r e q u e n c y 

in t e r m s o f t h e c i r cu i t c o n s t a n t s is g i v e n q u a n t i t a t i v e l y i n a 

l a te r p a r a g r a p h . 

S u m m a r i z i n g t he a b o v e d i scuss ion , an a l t e rna t ing cu r r en t m a y 

b e g e n e r a t e d i n a c i r cu i t c o n t a i n i n g i n d u c t a n c e a n d c a p a c i t y b y 

first c h a r g i n g t he c o n d e n s e r a n d t h e n l e t t ing i t d i s c h a r g e t h r o u g h 

t h e i n d u c t a n c e . T h e a m p l i t u d e o f th is a l t e rna t ing c u r r e n t 

c o n t i n u a l l y dec reases , d u e t o t h e res i s t ance o f t h e c i r cu i t . T h e 

f r e q u e n c y o f t he c u r r e n t is d e t e r m i n e d b y t h e i n d u c t a n c e a n d 

7^ m a n n e r b e e n p o s s i b l e t o g e n e r -

' 1 a t e o sc i l l a t i ons o f f r e q u e n c i e s o f 

" F l G " 2 9 ' m a n y m i l l i o n c y c l e s p e r s e c o n d . 

H o w e v e r , o n a c c o u n t o f t he d a m p i n g o f t he osc i l l a t ions , t h e 

a c t u a l d u r a t i o n o f a t r a in o f o sc i l l a t i ons is , in gene ra l , n o t m o r e 

t h a n a f r a c t i o n o f a s e c o n d . I n o r d e r t o h a v e a s u c c e s s i o n o f 

o s c i l l a t i o n t ra ins , i t is t h e n n e c e s s a r y t o r e c h a r g e t h e c o n d e n s e r 

af ter e a c h o s c i l l a t i o n h a s d i e d o u t . T h i s m a y b e d o n e b y 

inse r t ing a spa rk g a p in t he o s c i l l a t o r y c i r cu i t a n d c h a r g i n g t h e 

c o n d e n s e r b y m e a n s o f a s o u r c e o f a l t e rna t ing o r p u l s a t i n g 

v o l t a g e . 

T h i s m e t h o d is i l lus t ra ted in F i g . 2 9 . T h e o s c i l l a t o r y c i r cu i t 

c o m p r i s e s t he c o n d e n s e r C , i n d u c t a n c e c o i l L, a n d g a p G. T h e 

p l a t e s o f t h e c o n d e n s e r are c o n n e c t e d t o t he t w o t e r m i n a l s o f 

an a l t e rna to r A g e n e r a t i n g a s ine w a v e e l e c t r o m o t i v e f o r c e . I f 

t h e g a p G is so w i d e t h a t i t wi l l w i t h s t a n d the m a x i m u m v o l t a g e 

o f t he a l t e rna to r w i t h o u t b r e a k i n g d o w n , t h e p o t e n t i a l d i f fe rence 

b e t w e e n t he c o n d e n s e r p l a t e s wi l l a t e v e r y i n s t a n t b e t he s a m e as 

c a p a c i t y o f t h e c i r cu i t , a n d 

h e n c e m a y b e m a d e s u b s t a n 

t i a l ly as g r e a t o r as sma l l as 

des i red . I n d e e d , i t h a s in th is 
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t h e a l t e r n a t o r e l e c t r o m o t i v e f o r c e , a n d m a y b e r e p r e s e n t e d b y a 

s ine c u r v e as in F i g . 3 0 , t he p o t e n t i a l d i f fe rence v a r y i n g b e t w e e n 

t h e m a x i m u m v a l u e s + V a n d — V. 

I f t h e g a p G, w h i c h l ike t h e c o n d e n s e r C r e c e i v e s t h e full 

a l t e r n a t o r v o l t a g e , is se t s o t h a t a s p a r k wi l l j u m p a c r o s s i t 

w h e n a v o l t a g e V, sma l l e r t h a n V, is i m p r e s s e d u p o n i t , t h e n 

t h e c o n d i t i o n s b e c o m e v e r y m u c h dif ferent . T h u s w h e n t h e 

FIG. 3 0 . 

a l t e r n a t o r v o l t a g e r ises f r o m z e r o t o t he v a l u e V ( F i g . 3 1 ) t he 

c o n d e n s e r v o l t a g e r ises s imi la r ly , a n d a n a m o u n t o f p o t e n t i a l 

e n e r g y e q u a l t o %CV2 is s t o r e d in t h e c o n d e n s e r . A s t he v o l t a g e 

r eaches t h e v a l u e V f o r w h i c h t he s p a r k g a p is se t , t h e l a t t e r 

b r e a k s d o w n , a spa rk b r i d g i n g t h e g a p , i o n i z i n g t h e g a s b e t w e e n 

t h e e l e c t r o d e s , a n d fil l ing t h e s p a c e b e t w e e n t h e m w i t h c o n d u c t 

i ng m e t a l v a p o r s . T h i s s u d d e n l y c loses t h e o s c i l l a t o r c i r cu i t 

LGC, a n d t h e c o n d e n s e r C d i s c h a r g e s t h r o u g h the i n d u c t a n c e L. 
I f t he res i s t ance o f t h e wi re s m a k i n g u p th is c i r cu i t , a n d t h a t o f 

t he s p a r k a c r o s s t h e g a p G a re n o t t o o g rea t , t h e c o n d e n s e r d i s 

c h a r g e wi l l b e o s c i l l a t o r y , a s e x p l a i n e d b e f o r e . T h i s c rea t e s 

in t he c i r c u i t LGC a d a m p e d a l t e rna t ing cu r r en t o f a f r e q u e n c y 

d e t e r m i n e d b y t h e v a l u e s o f L a n d C, a n d p r o d u c e s a c r o s s t h e 

c o n d e n s e r G a n a l t e rna t ing e l e c t r o m o t i v e f o r c e o f th i s s a m e 

f r e q u e n c y , as s h o w n in F i g . 3 1 . W h e n t h e en t i r e a m o u n t o f 

p o t e n t i a l e n e r g y o r i g i n a l l y s t o r e d in t h e c o n d e n s e r b y t h e a l ter -



44 RADIO ENGINEERING PRINCIPLES 

nator has been dissipated, the oscillation ceases, and the current 
stops flowing across the gap G, which is again open. The poten
tial across the condenser then again follows the alternator voltage, 
until the latter reaches the value — V in the next half cycle, when 
the process repeats itself. 

A series of successive oscillation groups may thus be obtained 
in the oscillatory circuit LC. The frequency of the oscillations in 
each group, being determined by the constants of the oscillatory 
circuit, is entirely independent of the alternator frequency. 
The frequency of the oscillation goups, however, is in the above 
explanation equal to twice the alternator frequency, there being 
one oscillation group for each half-cycle. Further, if the voltage 
A (Fig. 31) impressed on the condenser after the discharge is 
sufficient to again break down the spark gap, a new discharge 
will take place before the end of the half-cycle of the alternator. 
The frequency of the oscillation groups thus depends on the 
alternator frequency as well as on the gap adjustment. In 
general, this adjustment is such as to give but one discharge for 
every half-cycle of the alternator. 

The periodical succession of oscillatory discharges, requiring 
the periodical charging of the condenser to a certain potential, 
may also be accomplished by using an induction coil (spark coil) 
instead of the alternator, as is done frequently in low-power radio 
sets. The electromotive force charging the condenser is then 
pulsating, instead of being alternating, which does not materi
ally change the above explanation. 

It should be noted that the decrement of the oscillations, that 
is, their rate of decrease in the oscillatory circuit, depends not 
only on the resistance of the wires making up the circuit, but also 
on that of the spark which bridges the gap. The latter resist
ance is, in turn, a function of the current passing through the 
gap, and increases as the current decreases. The decrement 
of the oscillation thus increases as the oscillation amplitude 
decreases, and the oscillation is therefore damped more rapidly in 
such a circuit than in the same circuit without the gap, but having 
approximately an equivalent constant resistance. 

Mathematical Interpretation of the Oscillatory Condenser Dis
charge.—As explained in the preceding section, the amount of 
electrostatic energy variation in the oscillating system of Fig. 28 
during a certain interval of time is equal to the sum of the energy 
lost as heat and the magnetic energy variation during the same 
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time interval. The algebraic sum of these three quantities is, 
therefore, equal to zero. 

In the time interval dt the variation of electrostatic energy is 

where C, L, and R are the constants of the oscillatory circuit, i 
the current intensity in the circuit at the instant considered, v the 
condenser voltage at the same instant, and di and dv the current 
and voltage variations during the period of time dt. Since, by 
definition, the current i is equal to the quantity of electricity dq set 
in motion in the time dt, 

and since 

There are, hence, two cases to be considered, according to whether 
the values of a, which will make the quantity between brackets 
equal to zero, are real or imaginary. 

If the values of a are real, that is, if 

di}/2Cv2) = Cvdv, 
while the variation of magnetic energy is 

d{y2Li2) = Lidi, 
and the amount of heat produced is 

RiWt. 
The equation may then be written 

Cvdv + Lidi + RiHt = 0, 

q = Cv, 

so that finally the above equation becomes 
d2v Rdv v _ .. 
oW L dt LC ~ 

or 

IP 
4L2 LC >0, 

or 
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then v and i are not periodic functions of time, and the discharge 
is aperiodic. The current and voltage in the circuit may then be 
represented by curves similar to those of Fig. 32. 

If the values of a are imaginary, that is, if 

the current i and voltage v are periodic and exponential functions 
of time having a cyclic frequency 

FIG. 3 2 . 

and a decrement 

The current and voltage in the circuit may be represented, in 
function of time, by curves similar to those of Fig. 33. 

The decrement 5 is merely a representation of the damping 
action due to the circuit resistance, which continually decreases 
the amplitude of the alternating-current oscillation. The maxi
mum amplitude of the voltage and current decreasing logarith
mically, that is, by a constant percentage during every cycle, the 
value S given above for the decrement is the natural logarithm of 
the ratio of the maximum amplitudes of two successive cycles, this 
being easier to deal with, in the calculations, than the actual ratio. 
The decrement is zero when there is no resistance in the circuit 
(R = 0). 

The damping action may also be represented by the ratio of the 
average energy lost in the circuit resistance to the average mag
netic or electrostatic energy, the logarithmic decrement 5 given 
above being equal to one-half this energy ratio. 
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A t t e n t i o n is he re d r a w n t o t h e f a c t t h a t t h e na tu ra l f r e q u e n c y 

CO„ o f t he free o s c i l l a t i o n is d i f ferent f r o m the r e s o n a n c e f r e q u e n c y 

w 0 = L/Y/LC o f t h e c i r cu i t , de f ined b e f o r e as t h e f r e q u e n c y f o r 

w h i c h t he c i r cu i t is in t u n e o r in r e s o n a n c e w i t h a n ex t e rna l a l ter 

n a t i n g - c u r r e n t e n e r g i z i n g s o u r c e . T h i s na tu ra l f r e q u e n c y CO„ 

of a n o s c i l l a t o r y c i r cu i t b e c o m e s e q u a l t o i t s r e s o n a n c e f r e q u e n c y 

« o w h e n i ts r e s i s t ance R is z e r o . I n th is c o n n e c t i o n i t is p o i n t e d 

o u t t h a t t he free o s c i l l a t i o n o f a c i r cu i t h a v i n g n o res i s tance , b e i n g 

u n d a m p e d , is c o m p a r a b l e t o t h e u n d a m p e d f o r c e d o sc i l l a t i on sus 

t a i n e d , in a c i r cu i t h a v i n g res i s tance , b y a n ex t e rna l a l t e rna t ing -

FIG. 3 3 . 

c u r r e n t e n e r g i z i n g s o u r c e o f f r e q u e n c y e q u a l t o t h e r e s o n a n c e 

f r e q u e n c y o f t h e c i rcu i t . T h e a l t e rna t ing -cu r r en t s o u r c e in th i s 

case furn ishes , as s h o w n b e f o r e , a cu r r en t I = E/R t h r o u g h w h i c h 

it s y n c h r o n o u s l y rep len i shes t h e e n e r g y l o s t in t he c i r cu i t resis t 

a n c e . I n o t h e r w o r d s , t h e a l t e rna to r neu t ra l i zes t he d a m p i n g 

a c t i o n o f t h e res i s tance . 

M o s t r a d i o c i r cu i t s a re d e s i g n e d w i t h s o smal l a r e s i s t ance t h a t 

the i r na tu ra l a n d r e s o n a n c e f r e q u e n c i e s m a y g e n e r a l l y b e c o n 

s ide red as s u b s t a n t i a l l y e q u a l t o e a c h o t h e r . 

Free Oscillations of Loosely Coupled Circuits.—Consider a n 
o s c i l l a t o r y c i r cu i t A ( F i g . 34) c o n t a i n i n g fixed i n d u c t a n c e a n d 

c a p a c i t y a n d a s p a r k g a p , a n d in w h i c h free o sc i l l a t i ons m a y b e se t 
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u p as e x p l a i n e d i n t he p r e c e d i n g s e c t i o n . C o n s i d e r a l so a s e c o n d 

o s c i l l a t o r y c i r cu i t B loosely c o u p l e d t o c i r cu i t A ( t ha t i s , as 

e x p l a i n e d b e f o r e , s o c o u p l e d t h a t t h e c u r r e n t i n c i r c u i t A i n d u c i n g 

a c u r r e n t i n c i r cu i t B, th i s l a t t e r c u r r e n t wi l l n o t i n d u c e a n a p p r e 

c i a b l e c u r r e n t i n c i r cu i t A). A s s u m e c i r cu i t B t o h a v e a fixed 

i n d u c t a n c e a n d a d j u s t a b l e c a p a c i t y c o n s t i t u t e d , fo r i n s t a n c e , b y 

a v a r i a b l e c o n d e n s e r . 

C i r c u i t A o sc i l l a t i ng a t i t s n a t u r a l f r e q u e n c y , d e t e r m i n e d b y 

i t s i n d u c t a n c e , r e s i s t ance , a n d c a p a c i t y , as e x p l a i n e d b e f o r e , t h e 

d a m p e d a l t e rna t ing cu r r en t flowing i n i t a t e a c h s p a r k a c r o s s t h e 

g a p , i n d u c e s in c i r cu i t B a n a l t e rna t ing e l e c t r o m o t i v e f o r c e o f 

s t u d i e d p r e v i o u s l y , e x c e p t t h a t o s c i l l a t i o n i n c i r cu i t A b e i n g 

d a m p e d , t h e e l e c t r o m o t i v e f o r c e a c t i n g i n c i r cu i t B is o f c o n 

s t a n t l y d e c r e a s i n g a m p l i t u d e . 

R e a s o n i n g t h e n f o r c i r cu i t B, as in t h e case o f a l t e r n a t o r -

e x c i t e d series r e s o n a n c e , i t f o l l o w s t h a t t h e a l t e rna t ing c u r r e n t 

set u p i n c i r cu i t B is a m a x i m u m w h e n i ts v a r i a b l e c o n d e n s e r is 

a d j u s t e d t o t u n e th i s c i r cu i t t o r e s o n a n c e w i t h c i r cu i t A. A n d if 

a n a m m e t e r b e inse r t ed i n c i r cu i t B a n d t he c o n d e n s e r in th i s 

c i r cu i t b e v a r i e d , t h e r e s o n a n c e c u r v e o f c i r cu i t B r ep re sen t ing 

t h e c u r r e n t i n t e n s i t y in th is c i r cu i t in f u n c t i o n ^ o f i t s n a t u r a l 

f r e q u e n c y , w i l l pa s s t h r o u g h a s ing le m a x i m u m w h e n c i r c u i t B 
h a s s u b s t a n t i a l l y t he s a m e n a t u r a l f r e q u e n c y as c i r cu i t A. 

I f t h e d e c r e m e n t o f c i r cu i t B is smaller t h a n t h a t o f c i r cu i t A, 
t he o s c i l l a t i o n i n c i r cu i t B wi l l b e d a m p e d less t h a n t h a t in 

c i r cu i t A, a n d m a y c o n t i n u e af ter t h e l a t t e r h a s d i e d o u t . If, 

o n t h e o t h e r h a n d , t he d e c r e m e n t o f c i r cu i t B is e q u a l t o o r g rea te r 

t h a n t h a t o f c i r cu i t A, t h e o s c i l l a t i o n s i n t h e t w o c i r cu i t s wil l 

h a v e s u b s t a n t i a l l y t h e s a m e cha rac t e r i s t i c s as t h e o s c i l l a t i o n s o f 

c i r cu i t A. 

Free Oscillations of Closely Coupled Circuits.—If t h e t w o 
c i r cu i t s A a n d B a re closely c o u p l e d , t he c u r r e n t se t u p in c i r cu i t 

FIG. 3 4 . 

d e c r e a s i n g a m p l i t u d e . C o n 

d i t i o n s i n c i r cu i t B a re t h u s 

t h e s a m e as t h o u g h a n a l ter 

n a t o r w e r e i n se r t ed in series 

w i t h i t , g e n e r a t i n g an e l e c t r o 

m o t i v e f o r c e e q u a l a t e v e r y 

i n s t a n t t o t h e e l e c t r o m o t i v e 

f o r c e a c t u a l l y i n d u c e d b y c i r 

c u i t A i n c i r cu i t B. T h i s w a s 
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B b y t he a l t e rna t i ng c u r r e n t flowing in c i r cu i t A i n d u c e s in t h e 

l a t t e r an e l e c t r o m o t i v e f o r c e w h i c h , c o m b i n i n g w i t h t h e e l e c t r o 

m o t i v e f o r c e o p e r a t i n g in c i r cu i t A, m o d i f i e s t h e c u r r e n t flowing 

in th is c i r cu i t . A s in t h e case o f c o u p l e d c i rcu i t s e n e r g i z e d b y a n 

a l t e rna to r , t h e t w o c i r cu i t s c o n s t i t u t e a s ing le -c i r cu i t s y s t e m 

h a v i n g t w o o s c i l l a t i o n f r equenc i e s , e v e n t h o u g h t h e t w o c i r cu i t s 

A a n d B m a y h a v e , i n d i v i d u a l l y , t he s a m e na tu ra l f r e q u e n c y . 

A n d s ince a t e a c h o f these t w o r e s o n a n c e f r e q u e n c i e s t he p h a s e 

a n d a m p l i t u d e r e l a t ions p e r m i t a s t ab le o p e r a t i n g e q u i l i b r i u m , 

t he s y s t e m o f t w o c l o s e l y c o u p l e d o s c i l l a t o r y c i r cu i t s wi l l s i m u l t a 

n e o u s l y osc i l l a t e f ree ly a t t he se t w o f r e q u e n c i e s . T h u s , t he 

c i r cu i t s A a n d B wi l l e a c h c a r r y t w o d a m p e d a l t e rna t ing cu r r en t s 

o f m o r e o r less dif ferent f r equenc i e s , w h i c h , c o m b i n i n g in e a c h 

c i r cu i t a c c o r d i n g t o the i r r e s p e c t i v e i n s t a n t a n e o u s in tens i t ies , 

p e r i o d i c a l l y a d d a n d s u b t r a c t , p r o d u c i n g b e a t s s imi la r t o t h o s e 

resu l t ing f r o m t h e c o m b i n a t i o n o f t w o s o u n d s o f s l i gh t ly dif ferent 

p i t c h e s . T h e s e b e a t s , f u r t h e r m o r e , o c c u r in t h e t w o c i rcu i t s in 

s u c h a m a n n e r t h a t t he resu l t ing o s c i l l a t i o n c u r r e n t in o n e o f t h e 

c i r cu i t s is a m a x i m u m w h e n the cu r r en t in t h e o t h e r is a m i n i m u m , 

a n d c o n v e r s e l y . 

T h e s e c o n d i t i o n s m a y b e c l ea r ly i n t e rp re t ed , as s h o w n b e l o w , 

in c o n s i d e r i n g t h e e n e r g y p r o d u c i n g t h e o s c i l l a t i o n as b e i n g 

a l t e rna t e ly s t o r e d i n t h e o n e a n d in t h e o t h e r c i r cu i t A a n d B, 
t he su rg ing b a c k a n d f o r t h o f t h e e n e r g y f r o m o n e c i r cu i t t o t h e 

o t h e r t a k i n g p l a c e a t a f r e q u e n c y e q u a l t o t h e d i f fe rence o f t he 

t w o o s c i l l a t i o n f r e q u e n c i e s o f t h e c i r cu i t s y s t e m AB. 

C o n s i d e r , t hen , t h e t w o o s c i l l a t o r y c i r cu i t s A a n d B as b e f o r e , 

c l o s e l y c o u p l e d , a n d h a v i n g , i n d i v i d u a l l y , t he s a m e na tu ra l f re

q u e n c y , th is c o n d i t i o n b e i n g c h o s e n f o r g rea te r s i m p l i c i t y o f 

e x p l a n a t i o n . A n osc i l l a t i on is set u p in c i r cu i t A b y first c h a r g 

ing i t s c o n d e n s e r un t i l t h e s p a r k g a p b r e a k s d o w n , w h e n t h e 

c o n d e n s e r d i s c h a r g e s . T h i s o sc i l l a t i ng d i s c h a r g e , r ep re sen t ed 

b y t h e u p p e r c u r v e o f F i g . 35, is d a m p e d d u e t o a c o n t i n u a l 

t ransfer o f e n e r g y f r o m c i r cu i t A t o c i r cu i t B, a n d a pa r t i a l loss o f 

e n e r g y i n t h e c i r cu i t r e s i s t ance . T h i s c o r r e s p o n d s t o a g a i n o f 

e n e r g y o n t h e p a r t of c i r cu i t B, in w h i c h t h e i n d u c e d a l t e rna t ing 

c u r r e n t inc reases in a m p l i t u d e , as s h o w n b y t he l o w e r c u r v e o f 

F i g . 35. 
A t a c e r t a i n t i m e U all t he e n e r g y o r i g i n a l l y s t o r e d in c i r cu i t A 

will h a v e b e e n t rans fe r red t o c i r cu i t B o r d i s s ipa t ed i n t h e resist

a n c e . C i r c u i t B, a t t he s a m e ins t an t , is in full o s c i l l a t i o n , h a v i n g 
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continually received energy from circuit A up to this time U. 
T h i s s u p p l y o f e n e r g y h a v i n g n o w d i s s a p p e a r e d , t h e o sc i l l a t i on 

in c i r cu i t B wi l l s t a r t d e c r e a s i n g in i t s t u rn , o n a c c o u n t o f t h e 

e n e r g y losses i n t h e res i s tance o f th i s c i r cu i t . H o w e v e r , d u e t o 

t h e e x t r e m e l y s h o r t t i m e r e q u i r e d f o r t h e en t i r e p r o c e s s , t h e c o n 

d u c t i n g v a p o r s in t he s p a r k g a p o f c i r cu i t A h a v e n o t h a d t i m e t o 

FIG. 3 5 . 

e s c a p e , c o o l d o w n , o r d e i o n i z e , so t h a t t he g a p is still i n a c o n 

d u c t i n g s ta te , m a k i n g A v i r t u a l l y a c l o s e d c i r cu i t . T h e a l t e rna t 

i n g cu r r en t i n c i r cu i t B t he re fo re r eac t s u p o n c i r cu i t A a n d i n d u c e s 

a n e l e c t r o m o t i v e f o r c e w h i c h a g a i n se ts u p an a l t e rna t ing c u r r e n t 

i n c i r cu i t A. T h e r e wi l l t h u s b e a t ransfer o f e n e r g y f r o m c i r cu i t 

B t o c i r cu i t A d u r i n g t he o s c i l l a t i o n o f c i r cu i t B. T h i s i nc reases 

t he d e c r e m e n t o f c i r cu i t B, in w h i c h t h e o s c i l l a t i o n , a t a t i m e tz, 
wil l h a v e en t i r e ly d i e d o u t . A t th is s a m e ins tan t , c i r cu i t A is 



PROPERTIES OF OSCILLATORY CIRCUITS 51 

a g a i n o sc i l l a t i ng , w i t h an a m p l i t u d e less t h a n t h a t o f i ts o r ig ina l 

o s c i l l a t i o n s b y an a m o u n t e q u a l t o t h e losses in t h e res i s t ances 

o f t h e t w o c i r cu i t s . T h e a l t e rna te t ransfer o f e n e r g y f r o m o n e 

c i r c u i t t o t he o t h e r t h u s r e p e a t s i tself a n u m b e r o f t i m e s , un t i l 

all o f t h e e n e r g y has b e e n d i s s i p a t e d in t he r e s i s t ance o f t h e 

s y s t e m . 

FIG. 3 6 . 

I t is n e v e r t h e l e s s p o s s i b l e , w i t h t h e c i r cu i t s c l o s e l y c o u p l e d , 

t o a v o i d th is a l t e rna t e t rans fe r o f e n e r g y b e t w e e n t h e c i r cu i t s , 

a n d t h u s set u p in c i r cu i t B a s i n g l e - f r e q u e n c y a l t e rna t i ng cu r ren t . 

T h i s m a y b e a c c o m p l i s h e d as f o l l o w s : 

If , a t t h e t i m e ti w h e n all t h e e n e r g y o f c i r cu i t A has b e e n 

t rans fe r red t o c i r cu i t B, t h e s p a r k g a p in c i r cu i t A is m a d e n o n 

c o n d u c t i n g , c i r cu i t A wi l l b e o p e n a n d i n c a p a b l e o f a b s o r b i n g 

e n e r g y b a c k f r o m c i r cu i t B. T h e r e su l t ing c o n d i t i o n s a re t h e n 

as r e p r e s e n t e d in F i g . 3 6 . T h e o sc i l l a t i on se t u p in c i r c u i t A 
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d ie s o u t a t t he t i m e t\, af ter h a v i n g t rans fe r red t o c i r cu i t B t h a t 

p a r t o f i t s e n e r g y w h i c h is n o t l o s t i n t h e r e s i s t ance . A t t h e t i m e 

ti t h e g a p i n c i r cu i t A is m a d e n o n - c o n d u c t i n g b y o n e o f t h e 

m e t h o d s i n d i c a t e d la ter . C i r c u i t B b e i n g t h e n in ful l o s c i l l a t i o n , 

a n d se t t i ng u p n o c u r r e n t in c i r cu i t A, w h i c h is n o w o p e n , t h e 

o s c i l l a t i o n i n c i r cu i t B w i l l d e c r e a s e a t a r a te d e t e r m i n e d s o l e l y 

b y t h e d e c r e m e n t o f c i r cu i t B, as if c i r cu i t A h a d b e e n e n t i r e l y 

r e m o v e d . 

W i t h t h i s m e t h o d o f se t t ing u p o r e x c i t i n g o s c i l l a t i o n s in t he 

s e c o n d a r y c i r cu i t B, t he p r i m a r y c i r cu i t g e n e r a l l y osc i l l a t e s f o r 

a s h o r t p e r i o d o f t i m e o n l y as c o m p a r e d w i t h t he o s c i l l a t i o n in 

c i r cu i t B. T h e a c t i o n o f t h e p r i m a r y cu r r en t m a y b e c o m p a r e d 

t o a h a m m e r b l o w w h i c h , a l t h o u g h l a s t ing a v e r y s h o r t t i m e , m a y 

se t a g o n g i n t o v i b r a t i o n f o r a c o n s i d e r a b l e l e n g t h o f t i m e . B y 

a n a l o g y , th i s m e t h o d o f e x c i t i n g t h e s e c o n d a r y c i r cu i t is c a l l e d 

' ' i m p u l s e e x c i t a t i o n . ' ' 

W i t h th i s m e t h o d , t h e s e c o n d a r y b e c o m e s t h e m a i n o s c i l l a t o r y 

c i r cu i t . I t d o e s n o t i n c l u d e a n y s p a r k g a p , a n d is g e n e r a l l y a 

c i r cu i t o f l o w res i s tance a n d s m a l l d e c r e m e n t , i n w h i c h t h e o sc i l l a 

t i o n s are less d a m p e d t h a n in t h e s ing le o s c i l l a t o r y c i r cu i t 

h a v i n g a s p a r k g a p . T h e s p a r k g a p , w h i c h is l o c a t e d i n t h e 

p r i m a r y c i r cu i t , is o f a spec i a l " q u e n c h e d " t y p e , o p e r a t i n g as 

e x p l a i n e d p r e s e n t l y . 

T h i s r a p i d q u e n c h i n g o f t h e s p a r k g a p , w h i c h insures t h e o p e n , 

i n g o f t he p r i m a r y c i r cu i t a n d a v o i d s s e c o n d a r y r e a c t i o n , m a y b e 

o b t a i n e d in a v a r i e t y o f m a n n e r s w h i c h all a c c o m p l i s h a r a p i d 

d e i o n i z a t i o n a n d c o o l i n g o f t he air b e t w e e n t h e g a p e l e c t r o d e s . 

T h u s , o n e t y p e u t i l izes a b l o w e r w h i c h c o n t i n u a l l y c h a n g e s t h e air 

w i t h i n t h e g a p . A n o t h e r t y p e c o m p r i s e s a m u l t i p l i c i t y o f s m a l l 

g a p s c o n n e c t e d i n series, t h e e l e c t r o d e s b e i n g p r o v i d e d w i t h m e t a l 

flanges, w h i c h c o o l d o w n the air b e t w e e n t h e m b y h e a t c o n d u c t i o n 

a n d r ad i a t i on . I n a t h i r d m o d e l , k n o w n as t h e r o t a r y g a p a n d 

u s e d p r i n c i p a l l y i n d a m p e d w a v e r a d i o se ts i n w h i c h t h e p r i m a r y 

c i r cu i t is p e r i o d i c a l l y c h a r g e d b y a n a l t e rna to r , o n e o f t h e e l e c 

t r o d e s is a t o o t h e d m e t a l d i s c o r w h e e l r o t a t i n g c lo se t o a fixed 

m e t a l s t u d f o r m i n g t he o t h e r e l e c t r o d e . T h i s g a p is g e n e r a l l y s o 

a r r a n g e d t h a t o n e t o o t h o f t h e r o t a r y e l e c t r o d e wi l l p a s s i n f r o n t 

o f t he s t a t i o n a r y e l e c t r o d e e v e r y t i m e the a l t e r n a t o r v o l t a g e 

b e c o m e s a m a x i m u m . T h e g a p t h e n b r e a k s d o w n , b u t t h e s p a r k 

is r a p i d l y e x t i n g u i s h e d , d u e t o t h e f a c t t h a t t h e r o t a t i o n o f t h e 

d i s c r e m o v e s t h e t o o t h f r o m the s t a t i o n a r y e l e c t r o d e . 
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Wavemete r s .—An a p p l i c a t i o n o f r e s o n a n c e p h e n o m e n a is 

e m b o d i e d in t h e " w a v e m e t e r . " T h i s is a d e v i c e w h i c h m a y b e 

used f o r m e a s u r i n g t h e f r e q u e n c y o f a n osc i l l a t i ng o r a l t e rna t ing 

cu r r en t , t h e na tu ra l f r e q u e n c y o f a c i r cu i t , t h e e l e c t r o s t a t i c c a p a c 

i t y o f a c o n d e n s e r o r i n d u c t a n c e o f a c o i l , t h e d e c r e m e n t o f 

a c i r cu i t o r a n o sc i l l a t i on , a n d t h e r a d i o w a v e l e n g t h , w h i c h is a 

o 
FIG. 3 7 . FIG. 3 8 . 

q u a n t i t y d e n n e d i n t he f o l l o w i n g c h a p t e r . I t m a y a l so b e u s e d 
f o r g e n e r a t i n g o s c i l l a t i o n s o f k n o w n f r e q u e n c y . 

T h e w a v e m e t e r , i n i t s s i m p l e s t f o r m , is a c l o s e d , l o w - r e s i s t a n c e 
o s c i l l a t o r y c i r cu i t , t h e na tu ra l f r e q u e n c y o f w h i c h m a y b e a l t e r ed 
b y m e a n s o f a v a r i a b l e c o n d e n s e r o r i n d u c t a n c e co i l , a n d w h i c h is 
c a l i b r a t e d so t h a t i ts na tu ra l f r e q u e n c y o r i t s c o n s t a n t s are k n o w n 
f o r e a c h se t t i ng o f t h e v a r i a b l e c o n d e n s e r o r i n d u c t a n c e c o i l . 
W h e n u s e d a s a m e a s u r i n g i n s t r u m e n t t h e w a v e m e t e r c i r cu i t a l so 
c o m p r i s e s a sens i t i ve c u r r e n t o r v o l t a g e 
m e a s u r i n g o r i n d i c a t i n g d e v i c e . T h u s , a 
h o t - w i r e a m m e t e r ( F i g . 3 7 ) m a y b e c o n 
n e c t e d in ser ies w i t h t h e i n d u c t a n c e c o i l 
a n d c o n d e n s e r , o r a t h e r m o c o u p l e c o n 
n e c t e d t o a s ens i t i ve g a l v a n o m e t e r , o r e lse 
a n e o n o r Ge i s s l e r t u b e m a y b e c o n n e c t e d 
i n s h u n t w i t h t h e c o n d e n s e r ( F i g . 3 8 ) . 

C u r r e n t m e a s u r i n g d e v i c e s , s u c h as 
a m m e t e r s o r t h e r m o c o u p l e s , are f re
q u e n t l y o f r e l a t i v e l y h i g h res i s tance . I n 
o r d e r t o k e e p d o w n t h e res i s t ance o f t he w a v e m e t e r o s c i l l a t o r y 
c i r c u i t a n d t h e r e b y i n c r e a s e t h e s e n s i t i v i t y o f t he d e v i c e b y 
r e d u c i n g t h e e n e r g y losses in i t , t he cu r r en t m e a s u r i n g ins t ru
m e n t m a y b e l o o s e l y c o u p l e d t o t he c i r cu i t ( F i g . 3 9 ) i n s t e a d 
o f b e i n g c o n n e c t e d d i r e c t l y in i t . 

I f t h e w a v e m e t e r is u s e d s i m p l y as a n i n d i c a t i n g i n s t r u m e n t , t h e 
sens i t i ve d e v i c e m a y b e a sma l l l o w - r e s i s t a n c e i n c a n d e s c e n t b u l b , 
w h i c h g l o w s w h e n t h e cu r r en t in t he c i r cu i t is m a x i m u m ; o r e lse a 

FIG. 3 9 . 
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telephone receiver may be used in conjunction with a rectifying 
detector, when working with damped, or modulated, or discon
tinuous oscillations, as explained in a later chapter. 

The use of the wavemeter for measuring the frequency of an 
oscillation has been explained: it is merely necessary to couple the 
wavemeter loosely to the circuit under test, and vary the wave-
meter constants until maximum current is observed by means of 
the indicating device. The wavemeter is then i n tune with the fre
quency of the oscillation, and this frequency may then be 
obtained from the wavemeter setting and calibration. The 
"wave length" of the oscillation, which, as explained in the follow
ing chapter, is equal to the ratio of the speed of light (300,000 
km. per second) to the frequency of the oscillation, is then 
obtained at the same time, and many wavemeters are calibrated 
directly in wave lengths. 

The wavemeter may be used for measuring the decrement of an 
oscillation, and if this oscillation is generated by a circuit 
oscillating freely, such as is the case when it is excited by 
the impulse method described before, the decrement measured 
will also be that of the oscillatory circuit. The measurement is 
effected by tuning the wavemeter to resonance, as just explained, 
the reading I of the ammeter being recorded, and also the corre
sponding electrostatic capacity C of the wavemeter condenser. 
The condenser setting is then varied until a current equal to 1/2 
is observed, when the electrostatic capacity C of the wavemeter 
condenser is recorded. The decrement D of the oscillation is then 
given by the relation 

where d is the decrement of the wavemeter circuit, which, 
expressed as a function of the wavemeter constants, is equal to 

Wavemeters may be specially constructed and calibrated to 
read decrement directly (decremeters). The description and 
theory of an instrument of this type is given in Bureau of Stan
dards Scientific Paper No. 235. 

The above measurements may be done in a similar manner with 
a wavemeter having a variable inductance instead of variable 
electrostatic capacity. This, however, may not be quite as satis-
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factory, for a change in the inductance generally alters the degree 
of coupling of the wavemeter to the circuit generating the oscilla
tions, and the change in the current, as indicated by the ammeter 
in the wavemeter circuit, is then due to this change of coupling, 
as well as to the change in the natural frequency of the wavemeter, 
thus making the result less reliable. 

The electrostatic capacity of a condenser may be determined 
by means of a wavemeter by connecting the condenser to the 
terminals of an inductance coil of known inductance L and of a 
resistance sufficiently low to be negligible. The oscillatory 
circuit thus formed is then excited, and the frequency / of its free 
oscillations is measured with the wavemeter, as explained above. 
The unknown capacity is then calculated from the relation 

/ - 1 _ . 
2TTVLC 

Similarly, the inductance of a coil may be determined by con
necting the coil to a condenser of known capacity and proceeding 
along similar lines. 

FIG. 40 . 

Finally, the wavemeter may be used to generate oscillations of 
standard or known frequency. To this effect the wavemeter con
denser is shunted by a buzzer and battery (Fig. 40). The wave
meter circuit is set to the desired frequency, and the buzzer is set 
into operation. When the buzzer vibrator closes the contact A, 
the battery is connected across the wavemeter condenser through 
the buzzer winding and thus charges the condenser. But the 
buzzer circuit being also completed through the inductance L, the 
vibrator is attracted toward the buzzer coil, and the contact A is 
opened. The wavemeter condenser C then discharges through 
the coil L at the natural frequency of the wavemeter circuit. As 
the buzzer vibrator springs back to its original position, the 
contact A closes, the condenser recharges, and the process 
repeats itself. 



56 RADIO ENGINEERING PRINCIPLES 

The three-electrode vacuum tube has greatly improved the 
above methods, in increasing the sensitivity of the device, in 
permitting the generation of continuous oscillations of known 
frequency in a calibrated oscillatory circuit, and also in adapting 
the heterodyne methods to the accurate measurement of fre
quency. The principles underlying the operation of such devices 
are fully developed in later chapters of this book. 



CHAPTER III 

ANTENNA SYSTEMS AND RADIATION 

Closed and Open Oscillators.—The mechanism of energy 
radiation was explained in Chap. I, where it was shown that 
electromagnetic waves are sent out by an accelerated electron, 
and hence also by a circuit carrying an alternating current, and 
that the radiation fields (electric and magnetic) are directly 
proportional to the electron acceleration, and, therefore, to the 
frequency of the alternating current. The freely oscillating 
discharge of a condenser, permitting to attain extremely high 
frequencies, should therefore provide means for radiating large 
amounts of energy. All oscillatory circuits are not suitable for 
this purpose^however. 

Thus, for instance, consider the oscillatory circuit of Fig. 41 
comprising a condenser C connected to the ends of an inductance 
coilL. When a high-frequency, alternating-current oscillation 
is established in this circuit, in the manner explained in the 
preceding chapter, interlinked alternating electric and magnetic 
fields are established around it, which set up alternating electro
motive forces and currents in any external circuits which may 
be present and in a suitable position. Now consider a point P 
at a comparatively great distance from the oscillatory circuit. 
When alternating current is flowing in the circuit LC, the current 
in the section AB of that circuit alternately flows upward and 
downward, creating an alternating field at point P. But the 
section A'B' of the circuit carries at every instant a current equal 
to that in the section AB but in opposite direction, creating at 
point P a field neutralizing that of the section AB. There will 

c 
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hence be no appreciable radiation from the circuit, except when 
the point P is so near to the circuit that its distance to the various 
sections of the circuit can no longer be considered as equal. 

Such "closed" oscillators are therefore not generally suitable 
for long-distance radiation of energy, and so-called "open" 
oscillatory circuits are used for this purpose, the principle of 
which is illustrated by Fig. 42. Consider a straight metal wire 
A'B' cut in its center by a small sphere gap AB. This system 
constitutes a condenser (from the very definition of a condenser), 
and electrostatic energy may be stored in it. Thus, connecting 
A and B to a source of continuous potential charges this condenser 
by removing some free electrons from one wire and placing a 
like number on the other. In the case of Fig. 42, the upper wire 
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AA' will be positive and lose some electrons, while the lower wire 
BB' gains a like number of electrons and becomes negatively 
charged. This establishes a potential gradient along the system 
A'B', as shown in Fig. 43, where the deficiency or excess of elec
trons is plotted at each point of the wire A'B' perpendicularly to 
it. An electrostatic field is thus created about the wire, repre
senting a store of potential or electrostatic energy. 

If the potential difference between the two sections A A' and 
BB' is large enough, a spark will bridge the gap AB and the 
electrons accumulated on the lower section BB' start moving 
upward under the action of the electrostatic field into the upper 
section AA', tending to reestablish the original neutral electro
static equilibrium. This produces an electric current flow in the 
wire A'B', with a corresponding continual decrease of electro
static energy and the setting up of a magnetic field and store of 
magnetic energy, as explained before. When the entire amount 
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of electrostatic energy has thus been transformed into magnetic 
energy (with a partial loss due to the resistance of the circuit), 
the potential difference across AB is zero, but, due to the presence 
of the magnetic field and exactly as in the case of an ordinary 
oscillatory circuit, previously considered, the current continues 
to flow in the direction B'A' until the entire amount of magnetic 
energy has, in its turn, disappeared. This continued electric 
current flow accumulates a number of electrons on AA' and 
removes a like number from BB', charging the system with a 
polarity opposite to the original one. This first discharge and 
recharging is followed by a discharge in the opposite direction, 
and so on, until the entire original store of energy has been 
dissipated. Thus, the system A'ABB' having inductance and 
electrostatic capacity, an oscillatory current may be set up in it 
by the sudden discharge, exactly as in the case of the oscillatory 
circuits considered in the previous chapter. 

The process may be interpreted as consisting in the surging 
back and forth along the wire of a charge of electricity resulting 

M 

N 
FIG. 45. 

from the electrostatic unbalance originally created. That is, a 
mass or agglomeration of electrons will oscillate back and forth 
along the wire between its ends A' and B', these electrons accumu
lating at the end of each half-cycle of the oscillation, at one end 
or the other of the wire A'B', and moving with maximum speed 
past the center AB of the wire at the middle of each half-cycle, 
produce along the wire A'B' a voltage and current distribution 
as shown in Fig. 44 (maximum voltage at the ends, maximum 
current intensity at the center of the wire A'B'). During each 
half-cycle the motion of the charge results in the radiation of a 
certain amount of energy in the form of a wave, in the manner 
explained in Chap. I. 

Contrary to the case of Fig. 41, the oscillations of the straight 
wire or open oscillator MN of Fig. 45 produce in this a current 
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flowing alternately up and downward, and which is at every 
instant in the same direction at all points of the wire MN. 
The alternating field set up at a distant point P by this current 
in a section AB of the circuit MN is then no longer in opposition 
with the field, due to some other section of the circuit, and 
energy radiation thus takes place effectively. 

Wave Length. Wave Front.—The electric charge surging 
back and forth along the wire MN, as just explained, may in 
every respect be likened to the simple electric charge m of Fig. 
12. From this it follows that energy is radiated with greatest 
intensity along a plane perpendicular to MN and cutting MN 
in its middle, and not at all in the direction of the wire MN. 
Such radiation results in the setting up, at distant points P 
(Fig. 46), of alternately and 
simultaneously reversed mag
netic and electric fields H and F, 
directed perpendicularly to each 
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other and to the line PO joining point P to the center 0 of the 
radiating circuit MN, the electric force F being contained in the 
plane of OP and MN, while the magnetic force H is normal to 
this plane. 

Now, when an alternating current flows in the' conductor MN, 
the radiation fields around the wire reverse periodically. These 
reversals, however, do not occur simultaneously at all points of 
space, but travel from the wire MN outward in all directions 
with a definite speed equal to the speed of propagation of light. 
Thus, in Fig. 47, in the first half-cycle when the alternating current 
rises from a minimum to a maximum, the fields at a point P i in 
the immediate vicinity of the wire, rise similarly and simultane
ously. At point P 2 the fields will also rise, but will start doing so 
a small fraction of time after the corresponding field change at 
point P i , the time of lag being that required for the disturbance or 
wave to travel from P i to P 2 . Similarly, the fields at points P 3 , 
Pi, Pi, etc., will increase, but will start increasing only when the 
wave traveling with the speed of light has reached them in turn. 
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Now suppose that the alternating current in MN has reached 
its maximum value and started decreasing when the wave of 
increasing field has reached point P 4 . This wave will go on 
traveling outward, while a wave of decreasing field will start out 
from MN the moment the current in it begins to decrease. The 
field at point Pi, after having reached a maximum simultaneously 
with the current in MN, will now begin to decrease with the 
current, at a time when the field at P B or P 6 has not yet reached its 
maximum and is still increasing. The wave of decreasing field 
now travels outward from MN at the same speed as the preced
ing wave of increasing field, and reaches all points in succession. 
At each point of space the field reversals thus follow the current 
reversals in the wire, at a frequency equal to that of the alter
nating current in the wire. But, due to the finite speed of prop
agation of electrical disturbances, these field reversals do not 
take place simultaneously at all points. With an alternating 
current flowing in the wire MN, there will be a succession of 
waves of alternately increasing and decreasing fields traveling 
from MN outward. 

It may then readily be imagined that points P 3 and Pe, for 
instance, might be at just such a distance apart that the field 
variations at P 6 would lag one complete cycle behind the varia
tions at Pz, which would be equivalent to a synchronism of the 
field variations at these two points. The distance between two 
such points, located on the same line of travel of the wave, is 
called the ivave length of the radiation or oscillation sent out by 
the circuit MN. It is obviously equal to the velocity of propaga
tion of the disturbance, divided by the frequency of the alternat
ing current in the circuit. Thus, 

, _ velocity of light _ 300,000,000 _ 
wave length f r e q u e n c y ~ ~ / ~ X m 

where X m is the wave length in meters. It follows that the higher 
the frequency, the shorter the wave length. The wave lengths 
used in radio communication range all the way from several 
thousand meters to 50 or even 10 to 5 m. Wave lengths as short 
as a few millimeters have been obtained in the laboratory by 
means of specially constructed oscillatory circuits. 

Another expression of wave length may be derived from the 
formula 
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whence 
X = 2TVVIC, 

where X is the wave length, V the velocity of light, and L and C 
the inductance and capacity of the oscillatory circuit. This 
wave length, being that of the wave emitted by a circuit oscillat
ing at its natural frequency, is called the natural wave length of 
the circuit. 

It also follows from the above explanation that synchronous 
field variations occur at all points of a sphere having the radiat
ing circuit MN at its center.1 That is, the fields at all these 
points are a maximum, minimum, or zero together. The fields 
at points located on a concentric sphere of slightly greater diam
eter are also synchronous with each other, but lag slightly in 
phase behind the fields on the smaller sphere. That is, they 
pass respectively through their maximum, minimum, or zero 
values slightly later, when the sphere of maximum, minimum, or 
zero field intensity has expanded to include these points. This 
expanding spherical surface, tangent to the lines of force of 
synchronously varying magnetic and electric radiation fields, 
is called the front of the advancing wave. 

Antenna Resistance.—It was shown in Chap. I that electrical 
energy is dissipated or lost in a circuit on account of its resistance. 
In an antenna or radiating circuit, energy is lost by the circuit 
in three different ways. 

First, electrical energy is dissipated in the ohmic resistance of 
the wire making up the circuit, being transformed into heat. 
The loss is equal to the product of the current squared by the 
ohmic resistance {PR). 

Second, the circuit loses energy by radiation, this energy 
being removed from the circuit and stored in the emitted electro
magnetic waves, following a mechanism explained in Chap. I. 
It was then shown that the amount of energy radiated is propor
tional to the square of the frequency, and therefore inversely 
proportional to the square of the wave length. It is also propor
tional to the square of the antenna-current intensity, and is 
therefore of the form PA. By similarity with the ohmic resist
ance R, which expresses the energy lost in heat, the factor A, 

1 This is true in empty space only, as otherwise the surface is not a sphere 
when, as is actually the case in long-distance radio transmission around the 
globe, the propagation speed of the waves is not the same in all directions. 
This is studied in a later section of this chapter. 
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representing the energy lost or radiated into space, is called the 
radiation resistance of the antenna or radiating circuit. The 
greater this radiation resistance, the greater the amount of 
energy radiated by the circuit. 

Third, energy is lost due to the fact that the dielectric surround
ing the radiating circuit is not perfect, but partially conducting. 
Thus, on account of the "open" structure of the circuit and its 
generally large dimensions, energy is absorbed by the conducting 
materials in the surrounding objects, such as supporting masts or 
towers, trees, houses, metal structures, etc. This dielectric 

Wave Length > 
FIG. 48. 

absorption loss is approximately proportional to the wave length. 
The effective resistance of the antenna or radiating circuit is the 

sum of the three components indicated above. It therefore varies 
with the operating frequency, as represented in Fig. 48, which also 
shows that this resistance passes through a minimum value for a 
given value of wave length, at which the sum of the three compo
nents is a minimum. 

Antenna Constants and Types.—As stated before, the natural 
wave length of a freely oscillating circuit is determined by the cir
cuit constants (inductance and capacity). For open oscillators, 
these constants are more or less uniformly distributed along the 
entire circuit. Thus, in the oscillator of Fig. 41, the capacity 
comprises the small capacity of the extreme wire ends A' and B' 
with respect to each other as well as the larger capacity of the 
neighboring central wire portions. 
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Theoretical investigation, as well as wavemeter measurements, 
show that the free oscillation of a circuit, as shown in Fig. 41, has 
a wave length substantially equal to twice the overall length A'B' 

of the wire. The practical conditions 
of installation of such an antenna 
system therefore restrict its use to 
very small wave lengths only, of the 
order of only a few meters. 

For the longer wave lengths, only 
one of the two conductors A A' and 
BB' is used, the other being replaced 
by the ground on which the antenna 
is erected, or a so-called counterpoise 
consisting of a network of wires buried 
in or laid on the ground. A simple 
antenna circuit then takes the form of L V Groaud a single wire suspended vertically and 
grounded at its lower end (Fig. 49). 
This being, as just explained, essen
tially one-half of the antenna of Fig. 

41, it oscillates at one-quarter wave length, meaning that its 
natural wave length is roughly equal to four times the height of the 
vertical wire. 

s 

c 

FIG. 5 0 . FIG. 5 1 . FIG. 5 2 . 

In order to change the wave length of a vertical wire antenna, 
it is then necessary to vary the length of the wire. Or an induc
tance coil L (Fig. 50), may be inserted in series with the antenna. 
This increases the total inductance of the circuit, and hence also 
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the wave length, as shown by the wave length formula given on 
page 62. In order to shorten the wave length, a condenser C 
(Fig. 51) may be inserted in the antenna, the total capacity of the 
oscillatory circuit being thereby reduced. This is due to the fact 
that this condenser is in series with the capacity of the antenna 
system. 

Another method consists in changing the distributed constants 
of the antenna by changing its shape. Thus, in Fig. 52, by sus
pending horizontally a length AE of the originally vertical 
antenna wire, a so-called inverted-L antenna is obtained. This 
will have only slightly greater inductance than the vertical 
antenna of Fig. 49, but the wire above point E being brought closer 
to the ground, the capacities of the various elementary condensers 
formed by the wire sections AB, BC, CD, BE and the ground will 
be increased, the dielectric between these sections and the ground 
being reduced, which correspondingly increases the wave length. 
Thus, while the wave length of an inverted-L antenna increases 
with the length of the wire making up the antenna, the simple 
rule of the quarter wave length given for the vertical antenna does 
not hold true in this instance. 

Still other arrangements may be used by using a plurality of 
horizontal branches instead of the single branch EA of Fig. 52. 
Antennae, such as the well known " T " and "umbrella" types, 
are then obtained. These have a comparatively small inductance 
and great capacity. It is generally difficult to calculate accur
ately the constants of these more complicated types of antennae. 
Approximate formulae may be found in Bureau of Standards Cir
cular No. 74, and other publications. 

Receiving Antennae.—Reasons similar to those which made the 
use of "open" oscillators desirable for emitting or radiating 
energy have led to the use of open oscillators for receiving energy. 
In a closed oscillatory circuit, such as that of Fig. 41 above, the 
waves emitted by a distant oscillatory circuit P would set up a cur
rent generally too small to be observed, because the electromotive 
force induced in a section AB of the circuit would be practically 
equal and opposite to that induced in a section A'B'. 

With an open oscillatory circuit (Fig. 42) this objection is 
avoided, and reception takes place effectively. Also, in view of 
the generally great distance separating the transmitting and 
receiving circuits and the consequent weakness of the fields at the 
receiving station, the receiving antenna should be linked with as 
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large a portion of these fields as possible, which naturally leads to 
the use of an open oscillator. 

Directional Characteristics.—Consider a vertical wire antenna, 
shown in plan view by the point A (Fig. 53) and assume that a 
number of observers equipped with receiving circuits, all iden
tical, are scattered about the antenna. Assume also that each of 
these receiving circuits has some device permitting one to measure 
the current set up in it when the antenna A is oscillating. Now, 
if the observers move toward or away from the antenna A until 
they all obtain a same current reading in their receiving appara
tus, they will find themselves on a circle having A as its center, 
showing that a vertical-wire antenna radiates with equal strength 
in all directions. 

A similar test repeated with an inverted-L antenna results in 
a radiation curve, as shown in Fig. 54, where A and B are respec-

More generally, the energy emitted by an antenna may or may 
not be radiated with equal strength in all directions. Similarly, 
a receiving antenna may or may not receive signals equally well 
from all directions, depending upon the shape and arrangement of 
the antenna. These directional properties are important when 
communication is to be established between two definite stations, 
or on the contrary between a plurality of stations scattered in 
different directions. In order to study these properties it is nec
essary, however, to distinguish between long and medium waves 
on the one hand, and short waves on the other, the mode of propa
gation being different in some respects. 

Long and Medium Waves.—It was pointed out before that the 
energy emitted by a radiating circuit travels away from it in all 
directions in the form of a spherical wave having the radiating cir
cuit at its center. This is true provided such propagation takes 
place in a perfect dielectric and with the same speed in all 
directions. 

In radio communication, however, the waves propagate in the 
earth's atmosphere. This consists essentially of a layer of air 
(which is a good dielectric) surrounding the globe, bounded on the 

FIG. 5 3 . FIG. 5 4 . 

tively the grounded and free 
ends of the antenna. This 
shows that this type of 
antenna radiates energy with 
greater intensity in the direc
tion of its grounded end. 
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one side by the earth's semi-conducting surface and on the other 
by rarefied gases, which are strongly ionized and rendered con
ducting by the solar and other cosmic radiation. 

The waves set up by the grounded oscillator A (Fig. 55), thus 
enclosed in the layer of insulating air, hence propagate away 
from the oscillator in all directions. The earth's surface, however, 
being a poor dielectric and a poor conductor, some energy is 
absorbed at the foot of the wave, resulting in a dephasing of the 
magnetic and electric field components and an elliptic polariza
tion of the wave, not studied here. Also, the propagation speed 
is altered (lowered) so that the wave advances more slowly near 
the ground than higher up in the \ _\ .•_ _ 

tilted forward at the foot of the ^ ) I / I I I I / 
waves.1 F l G - 5 5 -

On the other hand, in the upper regions of the atmosphere 
where the air is rarefied and ionized, the propagation speed is 
greater than in the denser portions below. The wave advancing 
more rapidly, the wave front here also becomes bent forward so 
that, generally speaking, the entire wave front is inclined toward 
the ground. And since the direction of propagation of the 
radiation fields, which are at every point tangent to the wave front 
surface, is perpendicular to the wave front, this tilting forward of 
the latter explains why the waves emitted by the antenna follow 
the curvature of the earth, permitting communication to be estab
lished between distant points on the globe. 

It also explains the directional properties of geometrically 
asymmetrical antennae, such as the inverted-L antenna GAB of 
Fig. 56, for example.2 Suppose signals to be coming from a dis
tant station located at the left of the figure, the incoming waves 
traveling from left to right. The electric field set up at the 
receiving station, instead of being vertical, is then inclined in the 
direction OF, as just explained. It may, therefore, be considered 
as the combination of a vertical electric field F and a horizontal 
component F, respectively, setting up electromotive forces in the 

1 SMITH ROSE, D K . R. L. , and R. H . BARFIELD, "Some Measurements on 
Wireless Wave Fronts," Experimental Wireless and Wireless Engineer, 
pp. 737-749 , September, 1925. 

K R U S E , R. S., "Horizontal Reception," Q. S. T., pp. 9 -17 , February, 
1926. 

2 Zenneck, Annalen der Physik, 1907, vol. 23, p. 846 . 

air. The wave front thus becomes 
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vertical and horizontal antenna portions GA and A B as shown by 
the arrows, which operate in the same direction in the antenna 
circuit. If, on the other hand, signals come from the opposite 
direction, that is, from the ungrounded side of the antenna, the 
waves travel from right to left of the figure, the field is tilted as 
shown by OF (Fig. 57). The electromotive forces set up in the 
two branches GA and AB then oppose each other, totally or par
tially neutralizing each other and hence reducing the intensity of 
the recorded signals. 

Referring again to Fig. 56, and recalling previous discussion: 
When an alternating current is flowing in the distant transmitting 
antenna, the electric field OF at the receiving station alternately 
reverses, acting successively in the directions OF and FO. In 
this manner an alternating electromotive force is set up along the 
antenna circuit GAB in which, as explained before, a mass or 
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charge of electricity is set into oscillation, traveling back and forth 
along the antenna wire and accumulating at each half-cycle end 
in the ground or at the free antenna end B. This effect, of course, 
is a maximum when the free oscillation frequency of the circuit is 
equal to the frequency of the incoming oscillations. 

Stated in other terms, an electrical disturbance travels back 
and forth along the antenna, being reflected back every time it 
reaches its free end B. 

These oscillations build up gradually during the successive 
cycles of the exciting field, that is, as the successive 
incoming waves sweep past the antenna, each yielding some 
of its energy in giving a new impulse to the oscillating charge in the 
circuit. And these oscillations continue for some little time after 
the end of the signal, the circuit continuing to oscillate freely until 
all of the energy gradually accumulated in it is fully dissipated. 

Such a system therefore permits unidirectional reception due to 
the differential action, in the circuit, of the horizontal and vertical 
field components, and the gradual building up of a large signal cur
rent, through the cumulative action of the successive incoming 
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waves acting in synchronism with the natural oscillations of the 
system, in other words through resonance. 

These same characteristics of unidirectional reception and large 
received current may be obtained in a different manner by means 
of a so-called wave antenna,1 to be described presently, in which 
the accumulation of energy collected from the wave is not obtained 
through resonance (brought forth through the cumulative action 
of successive waves, and reflection of the impulses at either end of 
the antenna circuit), but through the continuous action of a single 
wave during a comparatively large portion of its travel. 

A wave antenna consists essentially of a long, horizontal wire 
AB (Fig. 58) pointing toward the station transmitting the signals 
which are to be received. Contrary to the inverted-L antenna 
described before, the wave antenna is connected to ground 

FIG. 58 . 

through the radio receiving set S at the end farthest away from the 
transmitting station. When a wave (traveling from right to left 
in the figure) reaches that end B of the antenna nearest to the 
transmitting station, the horizontal component of its slightly 
tilted electric field sets up an electromotive force E in the end 
portion B of the antenna wire. If the wave should then suddenly 
stop or vanish, this small electromotive force E would propagate or 
travel from the end B down the wire toward the end A, and the 
disturbance would thence pass into the ground through the receiv
ing circuit. Actually, the wave continues traveling along the 
wire with the disturbance, inducing a small electromotive force in 
each successive portion of the horizontal wire as it is reached. 
All these elementary electromotive forces, like the initial electromo
tive force, travel along the wire together, coinciding, adding con
tinually, and building up to many times the initial value, until 
they finally reach the end A and actuate the receiving set. 

It would thus seem that the signal intensity would increase 
indefinitely with the length of the horizontal antenna wire. 

1 See BEVERAGE, H . H. , C. W. R I C E , and E . W. KELLOGG, " The Wave 
Antenna," Jour. Am. Inst. Elec. Eng., March, April, May, June and July, 
1923. 
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This would be the case if the speed of travel of the wave were the 
same as that of the disturbances along the wire. Actually, this 
latter speed is less than that of the wave (being substantially 
equal to LC, where L and C are, respectively, the inductance 
and capacity of the wire per unit length), so that after a certain 
time, the wave traveling faster than the disturbance, the latter 
is left behind in its motion along the wire, and caught up by 
the following wave, of opposite field polarity, when the disturb
ance ceases to grow and begins to decrease in magnitude. The 
maximum antenna wire length which may be effectively used 
is, hence, limited to approximately one wave length of the 
received signals, although this need not be realized very closely 
(a difference of even 25 per cent will not greatly reduce the signal 
strength). 

A signal coming from the opposite direction (wave traveling 
from A to B) sets up but a very small disturbance at the receiver 
end A. This disturbance travels along AB with the wave and 
builds up in a manner similar to that explained above, and attains 
its maximum upon reaching the end B. If now this end B were 
left open, or were grounded through a low resistance connection, 
this disturbance would be reflected back into the antenna, in the 
manner explained above in connection with other types of anten
nae, and would actuate the receiving set at A. The antenna 
would then not have any unidirectional property. If, on the 
other hand, the end B is connected to ground through a resistance 
R, the energy of the disturbance traveling from A to B and thence 
to ground is transformed into heat and dissipated, and can no 
longer operate the receiving set. The damping resistance R 
must, for properly performing this function, be adjusted to the 
antenna characteristics to a value substantially equal to \/L/C. 

The antenna is thus made unidirectional, receiving with max
imum intensity signals which propagate in the direction BA, 
being substantially unaffected by signals coming in laterally 
from either side, and, if properly adjusted, completely non-
responsive to signals traveling in the direction AB. 

An improvement of this method of reception consists in placing 
the receiving set S at the same end B as the damping resistance 
R, thus permitting all adjustments to be made at one end of 
the antenna line. The receiving set S and resistance R are then 
both at the end of the antenna nearest to the transmitting 
station. To obtain this effect, the antenna is made up of two 
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wires AB, A'B', connected as shown in Fig. 59. The received 
signals, traveling from right to left, set up in the two wires identi
cal electrical disturbances which arrive simultaneously at the 
ends A and A', where they flow to the ground through a winding 
W, magnified through the building-up process as explained before. 
This winding W constitutes the primary of the transformer 

Received Signals 

FIG. 5 9 . 

T. The current flowing through it induces an electromotive 
force between the ends A and A' of the antenna wires, setting up 
a current in the closed circuit AA'B'BA which energizes the 
receiving set S through the transformer P. On the other hand, 
a signal coming from left to right produces a surge in the two 
wires AB and A'B' which, upon reaching the ends B and B', 
flows to ground through the resistance R, where its energy is 
dissipated and does not 
affect the receiving set S, 
since it flows in opposite 
directions in the two 
halves of the primary 
winding of the trans
former P, therefore in
ducing no electromotive 
force in its secondary. 

In order to reduce fur
ther or to eliminate com- F l G 6 0 

pletely currents interfer
ing with the desired signals, the current which flows to ground 
through the resistance R may be combined with the current 
in the receiving set S for neutralizing the interfering signals. 
In order that this neutralizing current may be impressed 
upon the receiving circuit with the proper phase and amplitude, 
a phase-adjusting device D (Fig. 60) is connected in the input 
circuit of the receiving set S, in series with the winding of its 
energizing transformer P, and coupled more or less closely through 
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the transformer M to the circuit branch carrying to ground the 
current of the resistance R. Another method consists in connect
ing an inductance L and capacity C in series with the resistance 
R (Fig. 61) and adjusted to set up in the antenna circuit a neutral

izing wave for compensating, notably, 
a possible reflection wave originating 
at the far end of the antenna. 

Finally, the antenna circuit being 
untuned and its resonance at signal 
frequency being rendered impossible 
through the use of the damping resist
ance R, it may be used for multiplex 
reception, that is, the simultaneous 
reception of a plurality of trans

mitting stations located in a common general direction. To this 
effect, a corresponding number of receiving sets S, S' and S", 
. . . , are coupled to the antenna circuit and tuned respectively 

FIG. 6 1 . 
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to the frequencies of the stations to be received. In order to 
prevent possible interactions between the various receiving sets, 
these are electrostatically and magnetically shielded from each 
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other, and furthermore are coupled to the antenna through 
unidirectional relays, constituted by three-electrode vacuum 
tubes, as shown in Fig. 62. The damping resistance R is adjusted 
to damp out a mean wave length, and the compensating electro
motive forces are obtained, for each set, by tapping off, through 
an intensity-adjusting potential divider K, an artificial line ener
gized by the damping resistance current. As many as nine 
different receiving sets have thus been actuated from a single 
antenna. 

Short Waves.—When radio communication is effected by 
means of short waves, of, say, less than 150 m., certain factors 
which were of lesser moment with the longer waves become of 
great importance and must be taken into account.1 

At such high frequencies the waves emitted by a transmitting 
station T (Fig. 63) set up comparatively strong currents in the 
ground, which consume a correspondingly great percentage of the 
energy stored in the lower part or foot of the waves and weaken 
their field intensity. A receiving set located on or near the 
ground will, hence, receive signals which rapidly become weaker 
when the distance between transmitting and receiving stations 
increases, and soon disappear entirely, when some point R (Fig. 
63) is reached. 

That part of the waves which is at a higher altitude above the 
ground is not absorbed however, and continues traveling in a 
straight line away from the transmitter. The earth's surface 
being curved into a sphere, this straight-line propagation brings 
the waves to an increasing height above the ground until they 
reach the layer of ionized conducting air which, as stated 
above, surrounds the earth's atmosphere. At this moment, as 
explained before for the longer waves, the waves become bent 
forward, and several possibilities arise as to their further direc
tion of travel. 

Those waves, the line of travel of which rises steeply above the 
ground (lines TA in Fig. 63 for instance), simply alter their direc
tion of propagation somewhat, but continue to travel away from 
the earth, carrying along energy which is definitely lost for the 
radio transmission. 

' T A Y L O R , D R . A. H „ and D R . E . O. HULBXTRT, Q. S. T., pp. 1 2 - 2 1 , 
October, 1925. Also B A K E R , W. G. and C . W. RICE, "Refraction of Short 
Radio Waves in the Upper Atmosphere," Jour. Am. Insi. Elee. Eng., June, 
1926. 
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Other waves, the lines of travel of which leave the ground sur
face and strike the ionized layer under a smaller angle, like the 
line TB, bend slightly upon reaching the layer of ionized 
air, which then makes them travel down toward the earth, so 
that they strike the ground at some point C, when the signals 
from the transmitting station T will be heard again. 

Finally, waves leaving the station T at a very small angle (line 
TD) will, after a reflection at D, come down grazing the 
ground surface at E and continuing in a straight line, rising again 
toward the higher atmosphere, where they may be reflected down
ward a second time, and so on, the waves thus circling the globe 
in a succession of leaps or reflections. 

FIG. 6 3 . 

Summarizing the above, signals from the transmitting station 
T will be received, with continually weaker intensity, over a dis
tance TR due to the so-called ground wave, the signals being set 
up by the lower part or foot of the waves traveling directly along 
the ground from the transmitter to the receiver. A silent zone 
RC follows then, in which no signals are received, after which 
signals are heard again with good intensity over a distance CE, 
from waves reflected downward from the upper atmosphere. A 
second, third, and even more alternate silent and signal zones 
may follow after these. 

The maximum distance of travel TR of the ground or direct 
wave and the "skip distance" TC are, of course, dependent upon 
the wave length, the former increasing and the latter decreasing 
with increasing wave length. Above a certain value of wave 
length the first silent zone RC may therefore not exist, the zone 
TR over which the ground wave is being received reaching out 
beyond point C. A receiving station within this overlapping 
region of the two zones TR and CE, will hence receive the ground 
(or direct) wave and also the sky (or reflected) wave. The paths 
followed by these two waves between the transmitting and receiv
ing stations being of different lengths, the fields set up by the two 
waves at the receiving station may or may not be in phase with 
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each other, depending upon the actual values of the path lengths. 
The signal will be of maximum strength if the fields are in phase, 
and of minimum strength (which may be equal to zero) if they 
are in phase opposition. There will thus be points where the 
received signals are of fair intensity and neighboring points 
where the signals are very faint or even entirely absent. 

Finally, all these phenomena, in addition to the signal wave 
length, depend also upon the height above the ground at which the 
waves radiated by the transmitting station encounter the layer of 
ionized conducting air. Now, for a given locality, this height is 
smallest during the day when the sun's ionizing radiations pene
trate the atmosphere to the greatest depth. At night, on the con
trary, the air is ionized only by weaker radiations (light reflected 
by the moon and various other cosmic radiations), so that the 
height of insulating, un-ionized air is then much greater. The 
transmission ranges obtained by means of the reflected waves are 
correspondingly greater during the night. Also, at dawn and at 
sunset the air rapidly ionizes and de-ionizes, lowering or raising 
the limit of the ionized layer, and consequently altering the posi
tions, on the earth's surface, of the zones of silence and of greatest 
signal intensity. 

Lastly, the limit between the ionized and un-ionized air is not a 
smooth surface, being constantly disturbed by air currents and 
winds which, changing the direction of the reflecting surface, also 
change that of the reflected waves, sometimes to a considerable 
extent. The effect is particularly noticeable in those regions 
where both the direct and reflected waves are received, and where 
the above-described interference phenomena take place (stand
ing waves resulting in points of silence neighboring with points of 
great signal strength), and takes the form of rapid and erratic 
changes in received signal intensity and direction, designated 
under the general name of "fading." 

Loop Antennae.—An open oscillator, as defined at the begin
ning of this chapter, may be considered as obtained by spreading 
apart the condenser plates of a closed oscillator. The circuit 
condenser is then constituted by the antenna, one plate being 
formed by the ground, the other by the aerial wires. The open 
oscillator is characterized by the fact that its linear dimensions 
are of the same order as the wave length of the emitted or received 
signals, and that electrical energy is readily absorbed by the cir
cuit from incoming electromagnetic waves (receiving antenna) or 
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radiated by the circuit in the form of waves (transmitting 
antenna). 

Similar characteristics may be obtained by means of so-called 
loop antennae, which may therefore be considered as "open" cir
cuits, as just described, constituted in giving to the inductance 
coil of an oscillator circuit as great linear dimensions as possible. 
Such loop antennae provide pronounced directional effects. The 
basic principle, for transmitting, is the creation, in various parts 
of the radiating circuit, of high-frequency currents having such 
phase relations as to set up electric fields, which add in certain 
directions of space and neutralize each other in other directions. 
For receiving, the same principle of phase difference is used. 

In order to understand the underlying principles, consider first 
two single-wire vertical antennae AB and A'B' (Fig. 64) of equal 

A , length and identical elec
trical constants, oscillating 
at the same wave length X, 
and separated by a distance 

AT b d equal to X/2. Tempora-
^ -7 * 

<—a = — • 
N 

mmmmmmmmzmmz?, r i i y neglecting the antenna 
FLG' 64' A'B', it will be ̂ called that 

the electric field set up directly around the antenna AB by the cur
rent flowing in it, is in synchronism with the field at all points at 
a distance from the antenna equal to X, or a multiple of X, that 
is, 2X, 3X, etc. Also, the field at a distance X/2 (or %X, jj^X, etc.) 
from A B is at every instant 180 deg. out of phase with the field at 
the wire AB. If, then, the alternating current in the antenna 
A'B' is 180 deg. out of phase with that in the antenna AB, it will 
produce in the plane ABB'A' a field which is at every instant in 
phase with the field produced by the current in AB. Under such 
conditions, the fields of the antennae will add to each other at all 
points of the plane containing the two antennae. On the other 
hand, at all points equidistant from the two antennae, that is, at 
all points of the plane at right angles to that of the two antennae 
and located midway between them, the fields of the two antennae 
will be exactly equal and opposite and will neutralize each other. 
Energy is thus radiated by the system with maximum amplitude 
in the plane of the two antennae and with zero amplitude in the 
plane at right angles to this and midway between the antennae. 

Now, if the two antennae are separated by a distance d smaller 
than X/2, but kept oscillating 180 deg. out of phase, similar 
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effects take place, with the difference however that the resultant 
maximum field is less than in the previous cases. This may be 
demonstrated mathematically as follows:1 

Assume an antenna MN (Fig. 64) to be located midway between 
the two antennae AB and A'B'. This antenna would produce 
at a point P of the plane ABB'A' a radiation field proportional 
to the hypothetical current I0 sin 2ir/f flowing in it. The field 
set up a at point P by the antenna A'B', which is nearer to it by 
the distance d/2, is then proportional to 

70 sin (2*ft + 

and the field due to AB is proportional to 2 

—Io sin 

The field at point P resulting from the currents in the antennae 
AB and A'B' is then proportional to their algebraic sum 

sin 

This expression, and hence the field, is a maximum when d = X/2 
and gradually decreases as d increases or 
decreases from this value. 

Now consider the closed rectangular 
metallic circuit or loop ABB'A' (Fig. 65) 
in which a high-frequency alternating 
current is made to flow. At every 
instant the current in the vertical B ° 
branch AB flows in a direction opposite 
to that in the branch B'A'. The condition is therefore similar to 
that of two vertical antennae in which the currents are 180 deg. 
out of phase and it follows, as shown above, that such a circuit 
has a directional effect giving maximum radiation in the plane 
of the loop, and zero radiation in a plane at right angles to that 
of the loop. The radiation will be small, however, if the loop 
is of small dimensions as compared with the wave length, that is, 
if the radio d/\ is small. It increases as the wave length 

1 TISSOT, C , Manuel EUmentaire de TeUgraphie sans Fil, Paris, 1918. 
2 The currents in AB and A'B' are 180 deg. out of phase, as explained 

before and, hence, are of opposite signs at every instant. This explains the 
minus sign before the next expression. 
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decreases, since then dj\ increases and d tends to become more 
nearly equal to X/2. 

The most common method of setting up a high-frequency 
alternating current in a loop of the kind just described is to use 
the loop as part or, preferably, all of the inductance of an oscil
latory circuit, as stated at the beginning of this section. Figure 
66 represents a simple damped-wave loop transmitting circuit. 
The oscillatory circuit is made up of the loop L, condenser C, 
and spark gap G, and is excited by connecting it in the usual way 
to a source of high alternating or pulsating potential. In the 
circuit here shown, the condenser C is charged periodically by 

FIG. 66 . FIG. 6 7 . 

the secondary S of an induction coil, the primary winding P of 
which is energized by the battery B when the key K is closed, 
the primary current being rapidly interrupted by the vibrator V. 
The condenser D serves merely to quench the spark at the vibra
tor, and thus bring about a quicker break of the primary current. 

The circuit of Fig. 67 is a continuous-wave loop transmitting 
circuit. This is essentially the same circuit as shown in Fig. 160 
and represents a three-electrode vacuum tube coupled electro
statically for oscillation generation. The inductance L of the 
oscillatory circuit is at the same time the loop antenna. 

In actual practice the loop for transmitting purposes is gener
ally made of only one or a few turns of heavy wire—say less than 
ten. Its linear dimensions seldom exceed a few feet (although 
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much larger loops have been used in permanent stations), and 
it may be of any convenient shape. Advantages of such loop 
antennae are their comparatively small dimensions, sharp direc
tional characteristics, and ease of orientation, it being necessary 
merely to turn the loop to change the direction of transmission 
of the waves. They are, however, for efficient operation, suited 
for short waves only, for the reasons previously given. 

Loop antennae may be used equally well for receiving signals, 
for which they are particularly well suited when used in connec
tion with vacuum-tube amplifiers. A simple form of damped or 

w 

Telephone 
Eeeel>era 

FIG. 68. 

modulated wave-loop receiving circuit is shown in Fig. 68. It 
consists simply of a loop antenna L, forming the inductance of an 
oscillatory circuit which is tuned to the proper wave length by 
means of a variable condenser C connected across the loop ter
minals. These terminals are connected to a detector and tele
phone receiver circuit. In the present instance a vacuum-tube 
detector is used, although, in general, a multi-stage amplifier is 
required, especially if a loop of small dimensions is used. 

The loop antenna has directional receiving characteristics 
which are similar to its transmitting characteristics, signals being 
received with maximum intensity when the plane of the receiv
ing loop is parallel to the direction of travel of the waves, and with 
zero or minimum intensity when the plane is at right angles to 
that direction. Thus, suppose the loop (Fig. 68) to be in a plane 
parallel to the direction of motion W of the waves to be received. 
The side a of the loop will then be reached by the wave before the 
other side b, and all reversals of the field due to the transmitting 
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antenna will occur at a a fraction of time before they take place 
at b. In other words, the electromotive force induced across the 
conductor a is out of phase with, and leads the otherwise equal 
electromotive force induced in b, thus setting up a current in the 
loop circuit. The effect, which is dependent upon the difference 
of phase due to the space displacement of the two sides of the 
loop, is greater, the greater the distance between a and b (as 
measured along the direction of travel of the waves), and the 
shorter the wave length received, being a maximum when this 
distance between a and b equals one-half the wave length, as in 
the case of the transmitting loop. 

Now, if the plane of the loop is turned so as to make an angle 
with the direction of travel of the waves, the difference of time 
between the arrival of the wave at a and b will be smaller and the 
current set up in the loop correspondingly reduced. If the loop 
is perpendicular to the direction of travel of the waves (hence 
parallel to the wave front), then all the points of the loop are 
reached by the wave at the same instant and no current will be 
induced in it. No signal is then received. These directional 
properties are made use of to determine the direction of travel of 
the waves and thereby locate distant transmitting stations. 
When used for this purpose, the loop is known as a "goniometer" 
or direction finder, or radio compass. 

Constants of Loop Antennae.—The electromotive force e 
induced in the loop by the alternating magnetic flux $ set up 
about the loop by the incoming waves is at each instant expressed 
by the relation1 

6 = dT 

from which it follows that the effective electromotive force induced 
in the loop is 

E = y/2*fNAH, 
where N = number of turns of the loop, 

A = cross-sectional area of the loop, 
H = effective field intensity, 
/ = frequency of the incoming waves. 

This alternating electromotive force sets up a current I in the loop 
circuit, and if this circuit is tuned to the frequency / , its imped-

i See Electrical World, vol. 73, No. 10, pp. 464-467, March 8, 1919. 
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ance reduces to the effective resistance R of the loop, and the 
current is then 

E V2wfNAH 
R R 

In the case of a vacuum-tube detector, connected as shown in 
Fig. 68, the intensity of the received signals may be indicated by 
the effective potential EC developed across the tuning condenser 
C by this oscillating current I flowing in the loop circuit. If X 
is the wave length of the received signals, this condenser voltage 
is equal to 

mNAL 

where m is a constant. 
If, therefore, a given loop antenna is used for receiving signals 

of different wave lengths, the condenser voltage, and hence the 

A o W a v e L e n g t h > ~ 

FIG. 69. 

signal intensity, tends to increase as the wave length becomes 
shorter. On the other hand, the effective resistance R of the 
loop increases with the frequency, or increases with decreasing 
wave length, thus having an effect on the signal strength tending 
to offset that of the reduced wave length. The condenser volt
age and signal strength, therefore, pass through a maximum 
value as the wave length of the received signals is gradually 
reduced. These relations are illustrated by the curves of Fig. 69, 
which are self-explanatory. In general, the maximum signal 
intensity occurs at a wave length of two or three times the funda
mental wave length X0 of the loop. This is the natural wave 
length of the loop closed upon itself without any tuning condenser 
and oscillating by reason of its distributed inductance and capac
ity. It is therefore good practice to use a loop antenna having 
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a fundamental wave length not exceeding one-half or one-third 
the signal wave length to be received. 

The above formula also shows that the signal strength is 
greater the greater the area, number of turns, and inductance of 
the loop. Increasing the area reduces the inductance, however, 
and increasing the number of turns while increasing the inductance 
also increases the resistance and distributed capacity by requiring 
a greater length of wire. These various factors must therefore 
be considered in the design of a loop for the desired range of 
wave lengths to be covered. In general, it may be said that a 
loop for short wave reception should preferably have a large area 
and very few turns, say; not more than three or four, thus having 
small resistance, inductance, and distributed capacity. On the 
other hand, for long wave reception the loop should be given a 
greater number of turns, say at least twenty or thirty. 

For a given loop the inductance and distributed capacity 
increase when the turns are wound closely, and also when the 
number of turns is increased. The turns of a loop should there
fore be so spaced as to give a suitably high inductance without 
giving too great a distributed capacity, as this would limit the 
use of the loop to the longer waves. As a rough rule, it may be 
said that for a given length of wire in the loop coil, the funda
mental wave length of the loop can be kept approximately the 
same for different loop dimensions and turn spacings.1 

Direction Finding.—As explained before, the intensity of 
the signals received by means of a loop antenna depends upon the 
position of the loop with respect to the direction of travel of the 
waves, other things being equal. From the fact that the effective 
electromotive force E and, therefore, the current in the tuned 
receiving-loop circuit are essentially proportional to the magnetic 
flux variations in the loop, it follows that this electromotive force 
is directly proportional to the cosine of the angle of the plane of 
the loop with the direction of travel of the waves. Thus, 

E = a cos a, 

where a is a constant, and a the angle defined. This is repre
sented in polar coordinates by the two tangent circles of Fig. 70, 
where the length of the vector OA is proportional to the received 
current for the position OA of the loop. The current is thus 

1 See paper by D R . J. H . DELLINGER, Proc. Am. Inst. Elec. Eng., October, 
1919. 
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FIG. 7 0 . 

It will be noted, however, that for a given variation of the 
angle a, the cosine of this angle, and, therefore, the signal inten
sity, varies by a greater amount when the angle is around 90 deg. 
than when it is approximately zero. That is, the device is more 
sensitive if adjusted for zero signal instead of maximum signal. 
To this greater sensitivity of the apparatus is added the greater 
sensitivity of the human ear in determining the existence or non
existence of a signal, rather than the maximum intensity of the 
signal. The general practice is, therefore, to turn the loop into 
a position for which the signals are not heard at all, this permit
ting a more accurate adjustment. The loop is then normal 
instead of parallel to the direction of travel of the waves. 

This last statement is true, however, only for the ideal case in 
which the detector and telephone receivers have infinite sensi
tivity. Actually, a certain very small current is required to oper
ate the receiving apparatus, and if the received current is less than 

a maximum when the angle a is zero, and equal to zero when a 
is equal to 90 deg. 

Having then a loop receiving circuit, such as shown in Fig. 68, 
with provisions for rotating the loop antenna about a vertical 
axis, the loop may be turned, after being tuned to the signal wave 
length, into such a position that the signals are heard with maxi
mum intensity. Its plane will then coincide with the direction 
of travel of the waves and point toward the distant transmitting 
antenna. If the position of the loop is then recorded and a simi
lar operation is repeated from another station of known location, 
it is then possible by simple triangulation to locate the position 
of the unknown transmitting antenna. Or, as in the case of a 
ship or aircraft, if the loop is successively directed toward three 
land stations of known location, it is possible for the ship to 
locate its own position. 
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this, no sound will be heard in the telephone receivers. If the 
vector OM (Fig. 70) represents this minimum current producing 
a sound in the telephone receivers, no signals will then be heard 
when the loop occupies any of the positions between OM and ON, 
or between OP and OQ. In other words, if the loop is rotated 
from its initial position OX, the signal gradually decreases in 
intensity and entirely fades out when the loop comes to the angular 
position OM. No signal is then heard between the positions OM 
and ON. The sound then reappears when the loop passes the 
position ON, increases to a maximum for the position OX', 
decreases to zero for the position OQ, reappears for the position 
OP, and grows to the original maximum for the position OX. 
The mean position between these four positions OM, ON, OQ, and 
OP is then taken as corresponding to the absolute zero position 
BB of the loop. It follows that the smaller the minimum cur
rent required for producing a sound in the telephone receivers, 
the closer the four loop positions OM, ON, OQ, and OP will come 
to the actual zero position BB. This minimum current is made 
smallest by increasing the sensitiveness of the device, through the 
use of multi-stage vacuum-tube amplifiers. 

Unidirectional Goniometer.—The above explanation has 
shown the loop antenna to have marked directional character

istics, but these are essentially bilateral, 
owing to the fact that when the loop is 

i _ __, ._ ,_. P o m t e d toward the transmitting station, 
I I S l v m S maximum signal intensity, and then 

A B turned around 180 deg., the same maximum 
FIG 71 • . 

intensity will be received. 
It is, however, possible to obtain unilateral reception through 

the simultaneous use of a loop antenna, as just described, and an 
auxiliary antenna, preferably a simple vertical antenna receiving 
equally well from all directions.1 The method is based on the fact 
that, although the signal strength is not altered when the loop 
is pointed toward the transmitting station, and then turned 
around 180 deg. as just explained, the phase of the current and 
electromotive force set up in the loop by the received waves 
becomes reversed. In other words, turning the loop around is 
equivalent to leaving it in its original position and reversing its 
terminal connections, as shown in Fig. 71. 

1 See BELLINI , E., "Nouveau Radio Goniometre aveo Levee du Doute," 
Onde Electrique, pp. 233-253, May 1924. 
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If, then, the current or electromotive force in the loop be made 
to operate in the receiving set, and also the current or electromotive 
force in the vertical antenna, the action of the loop may be made 
to add to that of the vertical antenna in one of its positions and 
subtract from it in the other position, so that these two positions 
of the loop will give different signal strengths, say maximum and 
zero, and unidirectional reception will be achieved. 

It is necessary, for such operation, that the current and electro
motive force set up in the loop by the incoming waves be respec
tively in phase (or in phase opposition) with the current and 
electromotive force in the antenna, or else that suitable compensat
ing arrangements be used, in order that the loop and antenna 
actions add or subtract exactly. Now, the electromotive force set 
up in the loop by the waves is a maximum 
when the rate of change of the magnetic field 
component of the wave is a maximum, that 
is, when this, magnetic component passes 
through zero. On the other hand, the elec
tromotive force in the vertical antenna is 
in phase with the electric field component 
of the wave, hence 90 deg. out of phase with 
the loop electromotive force. And if both F l G . 7 2 . 
the loop and antenna are tuned to the 
frequency of the received signals, the currents in them will, 
respectively, be in phase with the loop and antenna electromotive 
forces, hence, like them, 90 deg. out of phase with each other. 

In order to bring the two actions into phase with each other 
the receiving set (of which only the first input amplifier tube T 
is shown in Fig. 72) is connected directly to the terminals A, B of 
the loop L, which are also the terminals of the loop tuning con
denser C, and coupled inductively, through a transformer M, to 
the vertical antenna V, which is tuned by means of the condenser 
D. In this manner, the electromotive force induced by the 
vertical-antenna current in the receiving set input circuit is 90 
deg. out of phase with this antenna current,1 and hence in phase 
(or in phase opposition) with the loop electromotive force. 
Perfect balance may then be obtained between the two actions 
by coupling the two windings of the transformer M more 

1 Because it is maximum when the antenna current variation is maximum, 
and therefore when the current passes through zero. 
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or less closely, so that zero signal is obtained in one of the 
loop positions, and maximum signal in the other, 180 deg. away 
from this. 

A simplification of this scheme consists in using the loop itself as 
a vertical antenna, in addition to its function as a loop. The pre
ceding circuit arrangement then takes the form shown in Fig. 73. 
The loop tuning condenser is here split in two equal parts C, C 
mounted on a common shaft and adjustable simultaneously, and 
connection to the ground G is made from their common point 
through the transformer M and vertical antenna tuning condenser 
D as before. The loop current then circulates in the circuit 
LACC'BL while the vertical antenna current flows in the parallel 
branches GDMCAL and GDMC'BL. As in Fig. 72, the receiving 
set is connected directly to the loop terminals A and B, and 
coupled inductively to the vertical antenna LG through the trans
former M. 

If instead of using a tuned vertical antenna, an untuned or 
aperiodic antenna is used, the vertical antenna current is no longer 
in phase with the antenna electromotive force, but substantially 90 

deg. out of phase with it, and is hence in 
phase or in phase opposition with the loop 
electromotive force and current, with which 
it may be combined directly, avoiding the 
inductive coupling between the antenna and 
receiving set provided heretofore by the 
transformer M. The arrangement is repre
sented in Fig. 74, the mid-point of the loop 
tuning condenser CC' being here connected 

FIG 7 3 *° g r o u n d through a condenser F of such 
capacity as to considerably detune the ver

tical antenna LG. The receiving set is connected directly to the 
loop and vertical antenna, and is thus energized by the electro
motive forces developed across one of the loop condensers C" and 
the vertical-antenna condenser F. 

In order that the vertical antenna electromotive force may 
be so adjusted to be equal to the loop electromotive force acting 
in the receiving circuit, as is necessary for obtaining zero response 
in one of the two loop positions, the upper end of the vertical 
antenna is, as shown, connected to ground through an adjustable 
resistance R. The effect of the vertical antenna on the receiving 
set may thus be adjusted by setting the resistance R to some 
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suitable value.1 This most suitable value of course depends on 
the wave length of the received signals. 

A further simplification which experiment has shown to operate 
practically as well consists in omitting one of the two loop tuning 
condensers, as in Fig. 75. 

V 

FIG. 7 4 

Loop Unbalance.—Referring back to the simple loop arrange
ment of Fig. 68, it is seen that one of the loop terminals is con
nected to the grid, the other to the filament of the receiving tube. 
Since the filament is connected to battery A, telephone receivers, 
and battery B, a comparatively large electrostatic capacity to 

.Direction of Travel 

>~X 
oi Wave» 

FIG. 7 6 . 

ground is established through these between this end of the loop 
and the ground. This unbalances the circuit and allows the loop 
to operate in addition, as a vertical antenna, as just described in 
the preceding arrangements, this capacity to ground operating like 
the condenser F of the last two figures. This, as just explained, 

1 BELLINI , E., he. cit. 

FIG. 7 5 . 
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produces a distortion of the ideal curve of Fig. 70, as shown in Fig. 
76. Under these conditions, the four positions of the loop for 
which the signals become inaudible are no longer symmetrical 
with respect to the direction of travel of the waves, which may 
seriously impair the accuracy of the direction measurements, 
particularly when the detector and telephone circuit are of lesser 
sensitivity. 

This asymmetry of the curve may be corrected by connecting a 
condenser of suitable capacity between the grid and the other 
terminal of the loop (the side connected to the grid of the tube). 
Or else it may be increased and a truly unidirectional effect 
obtained by connecting the filament end of the loop to ground 
through a large condenser, or directly to ground, which gives the 
same results as indicated in the preceding section. 

Aircraft Radio Compass.—The single-loop direction finders 
described above were shown to have maximum sensitivity when 
adjusted for zero signal. That is, the loop is turned until no 
signals are received, when the plane of the loop is normal to the 
direction of travel of the waves. When such a direction finder is 
used on an airplane, it is found that only the strongest signals 
can be heard, because of engine and wind noises, and the setting 
of the loop in the position of zero signal with any degree of 
accuracy becomes impossible. On the other hand, the setting 
for maximum signal has the advantage of being readily audible, 
but the maximum signal is quite inaccurate, as explained before, 
on account of the small variation of intensity of the signals for 
relatively large angular rotations of the loop about its true maxi
mum signal position. This made it desirable to devise a method 
which would have the accuracy of the zero signal setting with the 
loop on maximum signal. 

These requirements are successfully fulfilled by the circuit 
of Fig. 77, which illustrates the principle of the method used. 
The device comprises two vertical loops Li and L 2 permanently 
mounted at right angles to each other. They may be rotated 
simultaneously about some vertical axis. When the double-
pole, double-throw switch S is closed to the left, the two loop 
windings are connected in series, and their two extreme terminals 
are shunted by a variable tuning condenser C\ and by some 
detector, amplifier, and telephone-receiver circuit. In the case 
of the figure, a vacuum-tube detector D is shown, which is 
generally used on account of its greater sensitivity, and because 
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a crystal detector may not operate satisfactorily under the vibra
tion of the airplane engine. When the switch S is closed to the 
right, the loop L 2 is disconnected from the circuit, and is not used, 
but a condenser d is connected in the circuit. The loop Li is 
then shunted by the two parallel connected condensers C1 and C 2 . 

The tuning of the circuit to the wave length of the station 
to be received by the airplane and on which the latter will direct 
its course, is generally done on the ground before the flight, by 
exciting the circuit with a wavemeter emitting the desired wave 
length. The circuit is first tuned with the switch S closed to the 

FIG. 7 7 . 

right, by adjusting the condensers Ci and C 2 until maximum 
response of the receiving circuit is obtained as evidenced by a 
maximum sound intensity in the telephone receivers. Then, 
closing the switch S to the left, the condenser C 2 is disconnected 
and the loop L 2 connected in its place. This results in a decreased 
electrostatic capacity and increased inductance of the receiving 
oscillatory circuit. If the condenser C 2 were given a suitable 
setting before throwing the switch, the product LC of the total 
inductance and capacity of the circuit, and therefore its natural 
wave length, may be made to remain unchanged when the induc
tance of the loop Li is substituted for the capacity of the con
denser C 2 . The circuit can thus be made to tune for both 
positions of the switch S. 

With the circuit so adjusted and tuned, its use and operation 
on an airplane is as follows: The problem is to direct the airplane 
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by having certain radio stations on the ground emit prearranged 
signals at certain wave lengths. The radio direction finder on 
the airplane is used to indicate the direction of these stations of 
known position, and it is then possible for the navigator to locate 
his position on the map. Other uses of the device follow. They 
all involve the orientation of the receiving loops, which is done 
in the following manner: 

With the airplane flying, and a ground radio station emitting 
signals, the switch S (Fig. 77) is first closed to the right, thus 
disconnecting the loop L2, and making use of the loop antenna L\ 
only for the reception of the signals. The circuit having been 
tuned on the ground before the flight, it is simply necessary to 
turn the system around its vertical axis until the signals from the 
ground station are of maximum audibility. This brings the 
loop Lx to point toward the emitting station, that is, in a position 
parallel to the direction of travel W of the waves. At the same 
time, the loop L2, which is mounted at 90 deg. to the loop Lh 

will be normal to this direction W, and the waves therefore 
induce no electromotive force in it. Now if the switch S is 
closed to the left, the oscillatory circuit will remain in tune and no 
change will be observed in the signal intensity. If, however, as 
is generally the case, the loop Li is not exactly in the direction W, 
the loop L 2 will be somewhat away from its position corresponding 
to zero signal, and since the loop L 2 is then around its most sensi
tive position, this small deviation from the actual zero position 
will manifest itself in a sharp increase or decrease in the intensity 
of the signals when the switch S is closed from right to left. This 
method thus permits great accuracy despite the fact that the 
setting is made for maximum instead of zero signal intensity. 

Two methods have been used to construct and instal loop 
antennae on airplanes. In one, the loops are mounted perma
nently on the wings and vertical struts of the airplane, and in 
order to turn the loop antennae, it is necessary to turn the entire 
craft. The other method makes use of two small loops wound 
on rectangular wooden frames which are held together at right 
angles to each other and mounted on a common vertical axis, 
within the fuselage. They may then be rotated over a suitable 
graduated dial. 

The wing loops are used mostly for direct flying toward or away 
from a given station. The bow of the airplane is pointed directly 
in line with the radio station, in which course the signals are 
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heard with maximum intensity. The navigator then throws 
the switch S alternately to the right and left, and the course of 
the airplane is maintained in such a direction as to give no change 
in sound intensity when operating the switch. The fuselage 
loops are used when it is desired to find the direction of a ground 
station without altering the course of the aircraft. 



CHAPTER IV 

DAMPED-WAVE RADIO TELEGRAPHY 

Recalling the previous discussion, radio telegraphic communi
cation is accomplished by generating high-frequency alternating 
currents in a radiating circuit (open oscillator or antenna), 
currents being then set up in a distant receiving circuit through 
the medium of wave-propagated radiation fields. Systems of 
radio telegraphy making use of the oscillatory discharge of a 
condenser for producing the high-frequency currents are called 
damped-wave radio telegraph systems, for the reason that the 
oscillations are not truly constant or continuous alternating 
currents, but are periodically damped. The condenser discharge 

every half-cycle of the alternator G, as explained for the 
closed oscillator of Fig. 29. Thus a succession of groups of 
damped oscillations takes place in the open oscillator as long 
as the key K is closed, producing the radiation of a succes
sion of damped wave trains into space. The frequency of the 
oscillations is equal to the natural frequency of the circuit A'B', 
while the frequency of the groups of damped waves, that is, the 
number of wave trains per second, is equal to twice the alter-

A' 
circuit generally comprising a spark 
gap of some sort, the name of 
"spark set" is also sometimes used 
for designating a damped-wave 
transmitting set. 

Damped-wave Radio Trans
mitting Circuits.—The operation 
of the circuit of Fig. 78 as a 
damped-wave radio transmitting 
circuit may readily be understood 
by referring to the preceding chap
ters. The key K being closed and 
the spark gap AB suitably adjusted, 
an oscillating discharge takes place 
in the open oscillator circuit A'B' B FIG. 7 8 . 
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nator frequency, there being one oscillating discharge per 
half-cycle. 

As explained in the preceding chapter, the actual radiating 
circuits used in practice generally take the form of an antenna, so 
that the circuit would be as shown in Fig. 79. On account of the 
rather small electrostatic capacity of such an antenna, it is 
necessary to charge it, before every oscillating discharge, to a 
high potential, in order to provide a large store of electrostatic 
energy for producing the oscillating discharge. If this is not 
done, the oscillatory current will be of small amplitude, and the 
range of transmission correspondingly reduced. For this reason, 
the aerial and ground are connected to the alternator G through a 
step-up transformer T developing several thousand volts differ
ence between the aerial and ground. 

FIG. 7 9 . 

The key (operated by hand or automatically) is usually 
connected in the low-voltage circuit, in series with the trans
former primary winding, as shown in the figure. When the key is 
closed, an alternating electromotive force is impressed through 
the transformer on the oscillatory antenna circuit, and a train of 
damped waves is sent out at every half-cycle. By closing the 
key for shorter or longer periods of time, a short or long series of 
wave trains is radiated, corresponding to the dots and dashes of 
the Morse code. 

A disadvantage of using the key in this manner is that the 
alternator is thus made to work at either no-load when the key is 
open or at full-load when it is closed, this sudden and large 
change in load resulting in variations of the alternator speed 
and poor operation. The key may therefore be shunted by a 
resistance R which, when the key is open, reduces the current 
through the transformer primary, and cuts down the secondary 
voltage to a value just below the break-down voltage of the spark 
gap, thus greatly minimizing the alternator load variations. 
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The key may also be placed in series with the field winding of 
the alternator. The alternator is then excited only when the key 
is closed. With this method however, the inductance of the field 
winding prevents a rapid building up of the alternator field cur
rent, and thus reduces the maximum possible sending speed. 

As pointed out before, if it is desired to send out a wave length 
different from the natural wave length of the antenna, a coil L 
may be connected in series with it, or else a condenser, and so 
adjusted as to give the desired wave length. 

The above method, whereby the antenna circuit is directly 
excited, has certain disadvantages. The presence of the spark gap 
in the antenna circuit introduces in the latter a high resistance 
which causes a rapid damping out of the oscillations, in other 

Aerial 

FIG. 80. 

words, the oscillations have a high decrement. This results in a 
flat resonance curve and prevents sharp tuning at the receiving 
station, as studied further below. 

In order to avoid such a high decrement of the oscillations, and 
prevent a large part of the energy supplied by the alternator from 
being wasted in the spark resistance instead of radiated, a so-called 
indirect excitation method is employed. This is illustrated in 
Fig. 80, and reference is here made to what has been said in Chap. 
II on impulse excitation of coupled circuits. The method con
sists in coupling the antenna circuit to an intermediate oscilla
tory circuit containing the spark gap. Oscillations are then 
excited in the closed oscillatory circuit CLG when the key is closed, 
in the same manner as described above for the direct excitation 
of the antenna circuit. These oscillations are of the nat
ural frequency of the circuit. To this circuit is coupled 
the antenna circuit, in which oscillations are then set up by induc
tion. This process was fully treated in the section of Chap. II 
relating to tuned coupled circuits. As was then shown, oscilla-
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tions of maximum amplitude are obtained in the secondary cir
cuit (which here is the antenna circuit) if the latter is tuned to the 
frequency of the closed primary oscillatory circuit, and coupled 
to it with the critical degree of coupling for maximum power 
transfer. Furthermore, in order to prevent the energy trans
ferred from the closed oscillatory circuit to the antenna circuit 
from reacting back upon the closed circuit, which, as known, 
would cause the antenna to oscillate and radiate at two frequencies 
simultaneously, it is necessary to use a quenched gap at G. 
Resonance of the two oscillatory circuits is obtained by equipping 
them with variable condensers and coils permitting an adjust
ment of their natural frequencies. An adjustable coupling 
may be obtained by varying the relative positions of the coupling 
coils, rotating one coil with respect to the other, or sliding one coil 
into the other more or less. The operation of the key is the same 
as in the case with direct excitation. 

The operation of the circuit of Fig. 80 is illustrated by the 
curves of Fig. 81. When the key is closed, the alternator electro
motive force is impressed upon the transformer T, stepped up, and 
applied across the condenser C and gap G. This electromotive 
force is shown by the upper curve (Fig. 81). In every half-cycle, 
as this impressed electromotive force reaches the value a, the gap 
G breaks down, and an oscillating current flows in the circuit LGC 
(Fig. 80). This oscillation is rapidly damped, as shown by the 
second curve of Fig. 81, principally due to the fact that energy 
is being transferred to the antenna circuit coupled to it. The 
oscillating current induced in the antenna is represented by the 
lower curve of the figure. 

As in the case of coupled "closed" circuits, this induced oscilla
ting current grows as the energy is being transferred from the 
closed to the antenna circuit. When this transfer is complete, 
the antenna oscillates at maximum amplitude, but does not react 
on the closed oscillatory circuit since this is opened by the quench
ing of the spark across the gap G. The oscillations in the 
antenna, thus cut off from the influence of the closed oscillatory 
circuit, are permitted to decrease gradually, the decrease being 
due mainly to the fact that the antenna circuit loses energy by 
radiation. And since the resistance of the antenna circuit may be 
made small, there being no spark gap in it, the decrement of the 
radiated wave is consequently small, permitting sharp tuning at 
the distant receiving circuit. 
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Another advantage of using an intermediate oscillatory cir
cuit between the antenna circuit and the power supply is due to 
the fact that the amount of energy stored in the system before 
every discharge is % CV2. For a given supply voltage, that is, for 
a given voltage at the transformer secondary terminals, the energy 
of the oscillation is then directly proportional to the electrostatic 

FIG. 8 1 . 

capacity of the oscillatory circuit. The capacity of the antenna 
circuit being small, the energy stored in it is small as compared 
with that stored in the closed oscillatory circuit, which comprises 
a condenser of as great a capacity as desired. If, then, the directly 
excited circuit of Fig. 79 is used, a very high supply potential will 
be required to radiate the same amount of power as would be 
radiated by the indirectly excited circuit of Fig. 80, using the 
same antenna and a moderately high potential. 

It should be noted that in the circuit of Fig. 80, the condenser C 
is directly connected across the transformer secondary terminals. 
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The operation of the radio circuit would evidently be the same if 
the spark gap and condenser were interchanged. In this latter 
case, however, with the gap connected directly across the trans
former, the spark produces a short-circuit across the transformer, 
which may damage the transformer winding and give rise to a 
"power arc" across the gap, burning up the electrodes. 

Of course, the oscillation trans
former coupling the antenna and 
closed oscillator circuit may be 
an auto-transformer, as shown in 
Fig. 82, or any other coupling 
device. : 

Typical Method of Operation. 
An idea of the method of oper
ating a damped-wave transmit- ~T~ 
ting set may be obtained from FIG. 8 2 . 
the following paragraphs. 

A wavemeter is first set to the wave length it is desired to use. 
The antenna circuit is opened, or else coupled to the closed oscil
lator as loosely as possible. The closed oscillatory circuit is then 
excited by running the alternator and keeping the key closed. 
This circuit is tuned by adjusting its condenser and inductance coil 
until a maximum response is obtained in the wavemeter, with the 
latter fairly loosely coupled to it and placed, say, at a distance of 
2 or 3 yd. The closed oscillator circuit is then oscillating at the 
desired wave length. 

The coupling between the antenna and closed oscillatory cir
cuits is then tightened slightly, and the antenna circuit is tuned 
to resonance with the closed oscillatory circuit. This condition 
is reached when an ammeter, or other current indicating device 
connected in series in the antenna circuit, gives a maximum indi
cation. The coupling should not be so tight as to give rise to a 
double-peaked resonance curve, but should give a single, sharp 
resonance indication at one well-defined frequency. 

The spark gap of the closed oscillatory circuit is then 
adjusted to give the maximum current in the antenna. The 
gap adjustment, determining the value of the break-down volt
age, also determines the amount of energy stored in the con
denser by the alternator during the charging period. With a 
transmitter properly adjusted, the ratio of the amount of 
power radiated by the antenna to the power generated by the 
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'Aerial 

alternator, expressed in per cent efficiency, ranges from about 3 to 
15 per cent. 

Damped-wave Radio Receiving Circuits.—The reception of 
signals sent out by the above methods consists essentially in 
having the varying radiation fields due to the oscillations of the 
transmitting circuit set up currents in a suitable receiving cir
cuit, and then observing or recording these currents by means of 
some appropriate device. In practice, the receiving circuit is 
tuned to the operating frequency of the transmittng circuit in 
order to increase the effects of the oscillations in the receiving 

circuit, and permit, through resonance, the 
separation of signals emitted by several 
radio stations on different wave lengths, as 
described in Chap. II. Also, for the reasons 
explained in Chap. Ill, the receiving circuit 
should preferably have dimensions of the 
same order of magnitude as the wave length 
of the signals to be received. 

A simple receiving circuit consists, then 
(Fig. 83), of an antenna circuit tuned to the 
frequency of the transmitted high-frequency 
oscillations by means of an adjustable 
inductance and capacity, and some device 
D which will respond to or evidence the elec
tromotive force or current induced in the 
receiving circuit. 

The main problem here is that of pro
viding a device D which will respond to the 

extremely feeble currents flowing in the receiving antenna. An 
ammeter is out of the question, as it would have too slow an 
action to follow the dots and dashes sent out at the minimum 
speed of say twenty-five or thirty words a minute. 

A widely adopted method is to receive the signals by sound, 
using the ordinary telephone receiver as the device sensitive to 
the small received currents. The advantage of this device is its 
combined sensitivity and ruggedness. The frequency of the 
currents induced in the receiving circuit by each wave train 
sent out by the transmitting circuit being generally high, how
ever, at least 50,000 or 60,000 cycles per second, the telephone 
receiver will not respond mechanically to these frequencies. That 
is, its diaphragm has a period of its own and a certain inertia 

FIG. 83. 



DAMPED-WAVE RADIO TELEGRAPHY 99 

which prevent it from vibrating at such a high rate. Besides, 
even if it would vibrate at that frequency, the human ear would 
perceive no sound, since the highest audible frequencies are 
between 16,000 and 20,000 cycles per second. These physical 
limitations make it necessary to use some apparatus in conjunc
tion with the telephone receiver to suitably modify the currents 
flowing in the receiving circuit so that they may then actuate 
the telephone receiver. This device is called a detector and its 
action is explained below. 

Referring back to Fig. 81, the lower curve shows the oscilla
tory current produced in the transmitting antenna when the 
transmitting key is closed. There is one group of high-frequency 
oscillations every half-cycle of the alternator. If the alternator 
has a frequency of 500 cycles per second, there are, thus, 1,000 
groups of oscillations per second. Each one of these sets up 
oscillatory magnetic and electric fields around the transmitting 
antenna which, propagated through space with the speed of 
light in the form of waves or trains of waves, as previously 
explained, pass over and around the receiving antenna, inducing 
electromotive forces in it as represented by the upper curve 
of Fig. 84. The function of the detector is then to rectify the 
current flowing in the receiving circuit under the effect of this 
induced electromotive force. That is, the detector is a device 
having unidirectional conductivity, so that current may flow 
through it in one direction, and not, or only feebly, in the other. 
This gives rise to a unidirectional current in the receiving circuit 
instead of a symmetrical alternating current oscillation, as shown 
in the second curve of Fig. 84. The effect on the telephone-
receiver diaphragm during each wave train is then cumulative, as 
explained presently. 

The first impulse a (Fig. 84) in passing through the telephone 
winding produces an attraction of the diaphragm. On account 
of the high frequency of the oscillation, the second impulse 
b occurs before the diaphragm has had time to spring back in 
place, and will therefore deflect it further. So will the following 
impulses c, d, e, etc., the telephone diaphragm thus being deflected 
but once for every wave train, as shown in the lower curve of Fig. 84. 
It therefore vibrates at the frequency of the wave trains instead 
of the frequency of the oscillations, that is, at twice the frequency 
of the transmitting alternator. This frequency, which in 
the case considered, is 1,000 cycles per second, is well within the 
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range of audibility, and produces a sound in the telephones. The 
wave train frequency, that is, the number of wave trains per 
second, is for this reason called the audio frequency of the trans

I T nl l l lUlU 

Tlme-

FIG. 84. 

mitting set, while the frequency of the oscillations within each 
wave train is called the radio frequency. 

A detector frequently used and operating as explained above 
is the so-called crystal detector. It consists essentially of a crystal 

A (Fig. 85) of iron pyrite, 
galena, molybdenum, born-
ite, or carborundum, in 
light contact with a fine 
wire W. If the wire touches 
a suitable spot of the crystal 
surface, the system has uni
directional conductivity, 
offering low resistance to 

current flowing in one direction, say from the wire to the crystal, 
and high resistance to current flowing in the opposite direction. 
This is represented graphically by the characteristic curve of Fig. 
86, where the electromotive force, positive or negative, applied to 
the detector terminals is plotted horizontally, and the resultant 

FIG. 85. 
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current through the detector is plotted vertically. If an oscilla
tion produces approximately equal and opposite voltage variations 
across the detector, it may be seen from the asymmetrical shape 

Applied + 
FIG. 86. 

of the curve that the current flowing during the negative half of 
the cycle is negligible as compared to that flowing during the 
positive half-cycle, and rectification of the current is thus achieved. 

Actually the circuit of 
Fig. 83 is but seldom \--4±»TM 
used in practice, the * 
placing of the detector 
in the antenna circuit 
increasing the resistance 
of the latter, which 
minimizes or entirely 
prevents resonance 
phenomena and renders 
the set less sensitive. 
The detector is, there
fore, generally placed in 
a secondary tuned cir
cuit coupled to the 
antenna circuit, which 
not only avoids the disadvantages just mentioned, but also 
permits a greater selectivity. 

Such a coupled receiving circuit is shown in Fig. 87. The 
antenna circuit may be tuned by means of the variable coil Li 
and condenser C\, while the coupled or secondary circuit is tuned 
to resonance with the primary or antenna circuit by means of the 

* Ground 

FIG. 8 7 . 
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coil L 2 and condenser C2. This secondary circuit is shunted by 
the detector JD in series with the telephone receiver T. The oscil
lations induced in the secondary circuit by the current flowing in 
the antenna give rise to an alternating electromotive force across 
the coil L 2 which thus finds itself impressed upon the detector and 
telephone-receiver circuit branch DT in which it produces the 
flow of a unidirectional current, owing to the rectifying action of 
the detector as explained before. 

It should be stated that, in order that the high-frequency volt
age developed across the coil L 2 may operate in the circuit branch 

The antenna and secondary circuits may of course be coupled 
in different manners, for instance by means of a common coupling 
coil tapped off at suitable points, as shown in Fig. 88. The pri
mary and secondary circuits considered independently are seen 
to be the same as in Fig. 87. A feature of the circuit of Fig. 87 
not possessed by that of Fig. 88, however, is the possibility of 
changing the relative positions of the coils Li and L 2 , thus altering 
the coupling without changing the actual inductance of either 
circuit. 

Various combinations of capacitive and inductive couplings 
may also be used, but these are not shown here. 

Note the telephone by-pass condenser S (Fig. 88) which has 
been shown here in order to point out the manner in which it is 
connected across the telephone receivers. 

DT in the manner just 
described, it is necessary 
that the high impedance 
of the telephone-receiver 
windings be shunted by a 
small capacity, or else the 
high-frequency oscillations 

GROUND 

FIG. 8 8 . 

Is will not reach the detector 
j~ D, being choked out by the 
J telephone-winding react

ance. This small "by
pass" condenser is not 
shown here, the capacity 
between adjacent turns of 
the telephone windings 
being, in most cases, suffi
cient for the purpose. 



CHAPTER V 

UNDAMPED OR CONTINUOUS-WAVE RADIO 
TELEGRAPHY 

One of the main advantages of damped-wave or spark teleg
raphy, as described in the preceding chapter, is the simplicity 
of the apparatus required. However, this is offset by a number 
of drawbacks, as outlined below, which have gradually led to the 
use of the more perfect undamped or continuous-wave methods 
of radio communication. 

1. The fact that the oscillations generated in a damped-wave 
transmitting circuit are of periodically variable amplitude (since 
they consist in a succession of damped oscillations) and are 
not a truly continuous high-frequency alternating current, 
results in the transmitting set operating not only at one single 
frequency as required, but at a plurality of more or less neighbor
ing frequencies constituting a whole frequency band.1 The radio 
station may then be tuned in at the receiving end over a corre
sponding range of frequencies. In other words, the tuning of 
the receiving circuit is not as sharp as if one frequency only were 
radiated by the transmitting antenna. 

2. The successive oscillation or wave trains occur at an audio 
frequency which generally is not an exact submultiple of their 
radio frequency. If, then, a wave train sets up a slowly damped 
oscillation in a low-resistance receiving circuit, the successive 
wave train will not energize this circuit in the same phase, and 
instead of building up further the oscillation induced by the 
first wave train, it will during its first few cycles counteract this 
oscillation and thus prevent in a measure the effective resonance 
of the tuned receiving circuits. In other words, this dephasing 
of the successive oscillations of a damped wave set, equivalent to 
a slight frequency variation between successive wave trains, 
prevents the sharp tuning of the receiving circuits. 

1 This is fully explained in the study of modulated waves, in the chapter 
on Radio Telephony. 
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3. Finally, another advantage of the use of undamped or 
continuous oscillations may be seen from the following: Suppose 
an antenna circuit is excited continuously by means of undamped 
oscillations, or true high-frequency alternating current. The 
same antenna may be made to radiate the same amount of energy, 
at the same frequency, by damped oscillation excitation. Only in 
this case, instead of being radiated continuously, the energy is 
radiated in separate groups or wave trains. Since each wave 
train is of very short duration, the amount of energy radiated 
per wave train must be large in order that the total amount of 
energy radiated per second will equal that radiated in the case of 
undamped oscillation excitation. With the damped oscilla
tions, this requires the setting up in the antenna circuit of con
siderably greater voltages and currents than with undamped 
oscillations. This in turn necessitates better insulation of the 
antenna, conductors of larger cross-section, and apparatus of 
greater power output. The advantage of undamped waves is 
then obviously to permit the use of lower-power apparatus con
tinuously rather than high-power apparatus intermittently. 

UNDAMPED-WAVE TRANSMITTING CIRCUITS AND METHODS 

The production of undamped or continuous high-frequency 
alternating currents presents a number of practical difficulties, 
making it necessary to resort to special constructions of apparatus 
and also to principles not generally used in the generation of low-
or medium-frequency alternating currents. Among the several 
methods now used for generating the high-frequency alternating 
currents required for radio communication are the high-frequency 
alternator, the oscillating arc, and the three-electrode vacuum-
tube oscillator. The latter method is studied separately in a 
later chapter. 

HiGH-FREQTJENCY ALTERNATOR 

The ordinary alternator construction embodying a wound 
rotor and stator is not practicable for the direct generation of 
very high-frequency alternating currents. As known, the 
alternating current generated by such alternators, generally used 
for low (commercial) frequencies, has a frequency equal to 

„ number of poles „, r.p.m. 
frequency = 2 X —go-

Thus, for producing a current of 100,000 cycles per second with 
such a machine having, say, a 2-foot rotor diameter and operating 
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$ cos coJ 

at 3,000 r.p.m., the number of poles required would be 4,000, 
giving a pole pitch of 0.019 inch. Such a construction is mani
festly impracticable, in view of the difficulties of placing coils 
between the successive poles. On the other hand, if the rotor 
diameter and speed are increased,, in order to reduce the number 
of poles required for a given frequency and increase the space 
for the winding between them, the rotor will not be capable of 
withstanding the effect of centrifugal force. 

Special alternator designs and modes of operation have there
fore been developed, comprising: 

1. Cascade alternators with wound rotor and stator, for the 
indirect generation of high-frequency alternating currents through 
successive frequency multiplication, of which the Goldschmidt 
alternator described below constitutes a special form. 

2. Inductor alternators, for the direct generation of high-
frequency alternating currents of fundamental or harmonic 
frequency, such as the Alexanderson, Bethenod, and Latour 
alternators. 

Goldschmidt Alternator.—Consider an ordinary single-phase, 
two-pole alternator with wound rotor and stator. A current 
being sent through the field winding, and the machine operated 
at the rate of / turns per second, the magnetic field through the 
armature winding will, as known, vary periodically as a result of 
the motion of the rotor, and will be equal to 

<p = (exciting field flux) X sin ut, 
where 

co = 2irf. 

This periodically variable magnetic flux linking with the arma
ture winding induces in the latter an alternating electromotive 
force of its own frequency. 

When, as is the case in the ordinary alternator, the current 
through the field winding is a constant direct current, the "excit
ing field flux" in the above expression is equally constant, and 
the magnetic field flux <p through the armature has a cyclic fre
quency equal to co. 

But if, instead of this constant direct current, an alternating 
current of frequency «is sent through the alternator field winding, 
this will set up an alternating exciting field flux 
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of same frequency, so that the above expression becomes 

<p = (<£ cos cot) sin wt, 

or, through a simple trigonometric transformation, 
$ . 

<p = -~ sin 2o>t. 

In this case, therefore, the magnetic field flux <p linking with 
the armature winding, and hence also the electromotive force 
induced by it in this winding, has a frequency 2O>, which is double 
the usual, fundamental, frequency of the machine. 

Similarly, if an alternating current of frequency 2co be sent 
through the field winding, the magnetic field flux <p through the 
armature will be 

<p = ($ cos 2wt) sin ut, 
or 

$ . $ . 
ip = 2 sin Zwt — g sin at, 

which, containing a term of frequency 3co, induces in the armature 
an alternating electromotive force of three times the fundamental 
alternator frequency. 

More generally, and reasoning in the same manner, an alter
nating field current of frequency nco will produce in the armature 
an alternating electromotive force of frequency (n + l)co. 

Now, in the ordinary alternate-pole machine with wound rotor 
and stator, as here considered, either winding may be used as the 
field winding, the other serving then as the armature winding. 
Suppose then that the stator winding S being used as the field 
winding, a constant direct current is sent through it. The 
rotor winding R being connected to some external circuit, an 
alternating current of frequency co will be generated in it, as 
explained before. Now consider the rotor winding R as the field 
winding of the machine. An alternating current of frequency w 
flowing through it, as just stated, an electromotive force of double 
frequency 2co will be set up in the stator winding S, now taken as 
the armature winding of the machine, producing an alternating 
current of frequency 2oi in the stator-winding circuit. 

The stator winding S being now again regarded as the field 
winding, this alternating current of frequency 2co flowing through 
it will, in accordance with the above remarks, set up a current of 
frequency 3« in the rotor circuit which now serves as the arma-
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the stator and rotor windings, respectively, to external circuits of 
such inductance and capacity that, combined with the inductance 
of the alternator winding to which they are connected, they con
stitute oscillatory circuits resonating at the successive component 
frequencies. 

Thus, the stator *S (Fig. 89) being connected to the direct-cur
rent generator or battery B, through a choke coil K preventing 
the high-frequency alternating current from flowing through the 
battery B, an alternating current of frequency/ is generated in the 
rotor R, which is tuned to this frequency by means of the exter
nally connected condensers and coil C1L1C2. As explained, this 
current of frequency / sets up a current of frequency 2/ in the 
stator S, tuned to this frequency by the condensers and coil 
CzLiCi. The stator current of frequency 2/ produces a current of 
frequency 3/ which flows in the resonant circuit RC\d and which 

1 This property of the ordinary alternator was first described by P. 
Boucherot, in La Lumibre Electriaue, Paris, Vol. XLVII, pp. 551-561. 1893. 

FIO. 8 9 . 

ture circuit. The process continuing, it is thus seen that one 
of the two windings of the alternator—the rotor winding in the 
present instance—carries alternating currents of fundamental 
and odd harmonic frequencies, while the other winding—the 
stator winding in this example—carries alternating currents of 
even harmonic frequencies.1 

In the ordinary alternator, these higher frequency components 
decrease rapidly in amplitude on account of the reactance of the 
alternator windings, which increases with the frequency of the 
components, and correspondingly reduces them. In the Gold
schmidt method of operating the machine, on the contrary, these 
components are enhanced, the method consisting in connecting 
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in turn generates a current of frequency 4/ in the tuned circuit 
comprising the stator >S, condenser C3, and transmitting antenna 
AG. 

Thus, if the original fundamental frequency / was 10,000 cycles 
per second, which is about as high as this type of alternator con
struction permits, the stator frequency will be 40,000 cycles after 
four successive frequency multiplications or "reflections." How
ever, a limit is set to the number of such successive frequency mul
tiplications which may be made in this manner, by the energy 
losses in the alternator, which grow very rapidly, reducing at 
every step the amount of power which may be taken from the 
generator. This may be understood in considering that, in order 
to obtain a current of any given multiple frequency, it is necessary 
to generate in the alternator,1 currents of all the lower intermedi
ate sub-multiple frequencies with amplitudes of the same order, 
and even greater, than the amplitude of the desired output cur
rent. Each one of these intermediate frequency currents pro
duces resistance and iron (hysterisis and eddy currents) 
energy losses which heat up the generator and increase 
with the frequency. The efficiency of the machine, therefore, 
decreases as the frequency increases. Another difficulty is the 
necessity of accurately tuning the circuits to the several inter
mediate frequencies. Alternators have, therefore, been devel
oped along other principles, as described presently, permitting 
the direct generation of high-frequency alternating currents with
out the generation of intermediate frequency currents. 

Inductor Alternators.—In the inductor-type alternator both 
field (direct-current) and alternating-current windings are 
mounted on the stator, while the rotor is a toothed steel drum or 
disc without any winding and may thus be rotated at very con
siderable speeds. 

A simple type machine is shown in Fig. 90, which is merely 
given here to illustrate the principles involved,2 and which repre
sents a part only of the machine circumference. It comprises 
a circular winding or coil A, concentric with and perpendicular 
to the shaft of the machine, and located in a groove in the stator. 

1 The successive frequency components may also be generated in separate 
machines (separate cascade alternators), but this method is practically as 
complicated as the present one, and is not described here. 

2 See article by M. LATOTJR, in Revue GeneWale de I'ElectricitS, I V , pp. 
557-564, Apr. 12, 1919. 
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The latter is made up of packs of steel laminations B separated by 
non-magnetic spacers C. An equal number of lamination blocks 
or packs D are mounted on the rotor, separated by spacers E. 
The coil A being connected to a direct-current generator, in series 
with a choke coil to prevent the generated alternating current 
from flowing through the direct-current generator, and the rotor 
set in motion, the steel blocks B and D will periodically come face 
to face with each other, practically closing the magnetic circuit 
around the coil A. Periodic variations of the magnetic flux are 
thus produced around the coil, the flux being maximum or mini
mum according, respect
ively, to whether the mag
netic blocks D of the rotor 
are face to face with the steel 
projections B of the stator, 
or with the empty spaces 
between them. These pul
sations of the magnetic flux 
induce an alternating elec
tromotive force in the coil 
A, which may be impressed 
onto a transmitting antenna 
circuit connected to its 
terminals. 

The magnetic and electrical conditions in the machine being 
the same every time the rotor teeth pass in front of the stator 
teeth, which are in equal numbers, one cycle of the generated alter
nating current corresponds to a rotation of the rotor equal to the 
angular pitch of its teeth, so that the output frequency per second 
is 

r.p.m. 

-Stator 

frequency = (number of rotor teeth) X 
60 

An objection to this design is that a rather large number of 
turns is required in the winding A for obtaining an intense mag
netic field in the machine with a reasonably small direct current. 
This in turn increases the impedance and distributed capacity of 
the winding, correspondingly decreasing the alternating-current 
output of the machine. It is, therefore, necessary to separate the 
field (direct-current) and output (alternating-current) windings. 
Leaving the direct-current winding as just described and shown in 
Fig. 90, an alternating-current winding may then be provided on 
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each of the two toothed portions of the stator, on either side of the 
direct-current field coil (this is not shown in Fig. 90, being 
described in the following paragraph). These two alternating-
current windings may then be used separately, in series, or in 
parallel with each other as desired. 
p The rotor remains the same as just described, and the magnetic 
flux pulsations produced by its motion in the stator teeth induce 
an alternating electromotive force in the alternating-current wind

ing placed around them. 
There being a same number 
of teeth along the stator and 
rotor circumference, the mag
netic flux variations occur in 
phase in all the stator teeth. 
The alternating current wind
ing must, therefore, be wound 
in the same direction around 

all the stator teeth, as shown schematically in Fig. 91. The 
synchronous magnetic-flux variations in the teeth then induce 
electromotive forces of same polarity in all coils of the alternating-
current winding, which, adding to each other, constitute the out
put electromotive force of the machine. 

This construction, however, does not allow the most complete 
utilization possible of the space available between successive 
stator teeth. This at best 
is very small, so that the 
intervals between successive 
teeth are completely filled 
up with the copper wires 
and insulation of the alter
nating-current winding. FIG. 9 2 . 
Referring to Fig. 91, it is 
seen that there are two conductors in each slot or interval which, 
allowance being made for the insulation on each wire, limits 
the actual cross-section of wire and increases the total resistance 
of the winding, reducing the power which may be drawn from the 
machine. 

For these reasons, a so-called zigzag winding is used, as shown 
in Fig. 92, requiring only a single conductor to be laid in each 
slot, and constituting in fact a single-turn alternate-pole winding. 
Only with this arrangement, the wire winds in opposite directions 
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around successive stator teeth, and if, as before, the rotor had 
the same number of teeth as the stator, the electromotive forces 
induced in the windings of any two successive teeth would be 
of opposite polarities and neutralize each other, giving no elec
tromotive force at the machine terminals. In order to avoid this, 
it is necessary to set up synchronous magnetic flux variations 
in those stator teeth only around which the wire winds in a same 
direction, that is, in every other stator tooth. This is accom
plished by making the number of rotor teeth equal to one-half 
the number of stator teeth (counted around one stator circum
ference). The stator teeth and the spaces between them are 
then half as wide as the rotor teeth and slots, as shown in Fig. 
93, in which the same rotor is 
used as before with the new 
stator as just described. 

In all the inductor alter
nators described above, the 
frequency of the generated 
alternating current is equal 
to the product of the num
ber of rotor teeth by the number of revolutions per second, 
as explained before. The output frequency of these machines 
is limited, however, the speed being limited by the mechanical 
strength of the rotor, bearings, etc., while the number of teeth 
is limited by the fact that the number of stator teeth being equal 
to that of the rotor teeth (homopolar machines) or equal to twice 
this number (alternate-pole machines), an increase of the number 
of teeth reduces the space available for the winding and may 
render the construction impracticable. 

Consider again the machine of Fig. 91.1 Around each stator 
tooth is wound a coil, and the motion of the rotor induces in 
each of these coils as electromotive force having a frequency equal 
to the fundamental frequency of the machine, as defined above. 
The electromotive forces thus induced in the various stator coils 
are all in phase with each other, and the coils being connected in 
series, the output electromotive force of the generator is equal to 
the sum of these individual electromotive forces. 

Instead of thus connecting the first coil to the second, this 
second coil to the third, and so on, the first coil may be connected 
to the fourth, the fourth coil then to the seventh, the seventh to 

1 See M. LATOUR, loc. cit, and M. Latour's U. S Patent 1234914. 
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FIG. 9 4 . 

the tenth, and so on, leaving out two coils out of every three. 
The output winding thus obtained around one stator circum
ference then comprises one-third of the total number of coils, 
and will yield an output electromotive force equal to one-third 

the original electromotive 
force, but having the same 
frequency as before. 

The intermediate coils 
then being not used, may 
be omitted altogether, as 
well as the stator teeth on 

which they were wound, so that the machine assumes the form 
shown in Fig. 94, which comprises the same rotor as before (Fig. 
91) and a stator having only one-third the original number of 
teeth. The space between successive stator teeth is correspond
ingly greater than before 
since the ratio of tooth 
width to linear tooth pitch 
instead of being 1:2 as in 
the original machine, is now 
equal to one-third this ratio, 
that is, 1:6. This makes it 
possible to increase the number of teeth which may be used with 
good efficiency, and to raise the frequency output of the generator. 

The same remarks may be applied to the alternate pole 
machine of Fig. 93 using a zigzag winding, which is transformed 
into the machine of Fig. 95 in the same manner as just explained. 

FIG. 9 5 . 

FIG. 9 6 . 

As an example of actual alternator construction, Fig. 96 
represents schematically a small Alexanderson alternator.1 The 

1 A more recent design is described by E. F, W, Alexanderson, Trans. Am. 
Inst. Elec, Eng., pp. 1269-1285, 1919. 
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rotor is a steel disc, specially shaped to withstand the stresses 
resulting from the high operating speed which is normally 20,000 
r.p.m., and accurately balanced to prevent undue vibration. 
This disc is slotted radially over its entire periphery, so that steel 
tooth projections are formed around the disc. The intervals 
between the teeth, which number about 300, are filled with phos
phor bronze, a non-magnetic material, for the purpose of giving 
the disc a smooth rim and reduce windage losses. The stator 
consists of two grooved steel rims mounted on either side of the 
rotor, as shown in the figure. The groove of each rim carries 
the direct-current field winding which is wound concentrically 
with the alternator shaft. The alternating-current winding 
consists of a wire abed . . . wound in radial slots in the inner 
edge of the metal rims facing the rotor and forming a zigzag 
winding. The frequencies obtained with this type of machine 
range from 100,000 to 200,000 cycles per second with power 
outputs as high as 200 kw. On account of the very high operat
ing speed of the rotor, special precautions must be taken in the 
installation of the machine, bearings, oiling system, etc. 

It is also essential, in order to hold the frequency constant, to 
maintain an accurately uniform operating speed, any frequency 
variation resulting in a considerable reduction of the antenna 
current, the antenna circuit being then no longer tuned to the 
frequency of the generated electromotive force. Special quick-
acting speed-regulating devices are used for this purpose. 

The Oscillating Arc.—While the high-frequency alternator, 
as described above, transforms mechanical energy into high-fre
quency alternating-current electrical energy, the oscillating arc 
affords means for producing continuous waves in a circuit by 
purely electrical methods, transforming direct current into a high-
frequency alternating current. It is but a special case of the use of 
negative resistance, which is studied in greater detail in a later 
chapter in connection with the three-electrode vacuum-tube oscil
lator. The present discussion is intended simply to describe in a 
general way the functioning of the arc when producing undamped 
oscillations. 

When two carbon electrodes are connected to the terminals of a 
direct-current generator and an arc established between them, the 
electric current flowing in the circuit passes through the gap 
between the electrodes. This gap is filled with highly heated 
vapors which constitute the actual arc or flame, and which, owing 
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to their high temperature, are strongly ionized and conducting. 
The degree of ionization and conduction of the arc depends, to a 
great extent, upon the intensity of the current flowing through the 
arc, since this current generates the heat at the electrodes. Con
versely, the current which flows through the arc depends upon the 
degree of ionization of the gases. Thus, if these are ionized only 
to a small extent, the electrical resistance of the arc is great, and 
a high voltage is required between the electrodes to maintain the 
current across the arc. On the contrary, if the arc is strongly 
ionized, even a small potential difference between the electrodes 
will produce a large current through the arc. 

The relation between the current and voltage across the arc 
may hence be represented by a curve of the shape shown in Fig. 

97, showing a large current 
for a small voltage and a 
small current for a large 
voltage. If, then, the cur
rent in the circuit be alter-

FIG. 9 7 . 

nately increased and decreased between two values corresponding 
to points N and P of the curve, the voltage will vary in opposite 
manner, that is, respectively decrease and increase. In other 
words, the ratio dV/dl of corresponding voltage and current vari
ations is negative, which is often expressed in saying that the 
alternating-current resistance of the arc is negative (since the 
resistance R of a conductor is precisely equal to the ratio dV/dl 
of corresponding voltage and current variations). 

Now consider (Fig. 98) a constant voltage generator G con
nected to the two electrodes A and B of a carbon arc through a 
choke coil K, and a condenser C connected in series with an induc
tance coil L across the carbon arc AB. To begin with, assume 
this shunt oscillatory circuit LC to be disconnected from the arc, 
with the condenser C not charged and its plates at the same poten
tial. Upon being connected to the generator, the potential differ-
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ence across the arc will find itself applied to the condenser through 
the coil L, and the condenser will begin to charge. In other 
words, a charging current will flow into the condenser. And 
since the total current supplied by the generator G remains con
stant, due to the presence of the choke coil K, this flow of current 
for charging C produces a corresponding decrease in the current 
flowing through the arc. But referring to the characteristic curve 
of the arc, a decrease of current through the arc is accompanied 
by a rise in the potential difference between the electrodes and, 
therefore, across the circuit branch LC. This further increases 
the charging rate of the condenser. When the condenser is fully 
charged, the current flow in the circuit branch LC stops and the 
current in the arc increases, since the generator current is no longer 
divided between the two circuit branches. But this increase in 
the arc current results in a decrease of the potential difference at 
the arc electrodes, and therefore also across the circuit LC. The 
condenser thus begins discharging through the arc, increasing the 
current through the latter and further reducing the electromotive 
force across the electrodes. When the condenser is fully dis
charged, conditions are returned to the original state, and the 
process repeats itself. 

These conditions may be followed on the characteristic curve of 
Fig. 97, which, as explained, represents the corresponding values 
of arc current and voltage for steady conditions, that is, when the 
arc is not oscillating, as is the case when the circuit LC is discon
nected. It is therefore called the static characteristic of the arc. 
Thus, let Vo and 70 be the values of voltage and current before 
the circuit LC is connected, M being the operating point. Then, 
when the circuit is connected to the arc, as explained above, the 
arc current decreases during the charging period and the oper
ating point moves from M to N, when the condenser is fully 
charged. Again referring to the above explanation, the condenser 
in discharging increases the arc current, and the operating point 
thus oscillates between points N and P of the curve. 

However, due to the heavy current carried by the arc around 
the end of the discharge period, when the operating point is at P, 
the carbon electrodes become quite hot and the space between 
them is of high conductivity. Due to the great frequency of the 
oscillations, the arc electrodes do not have time to cool down to 
their normal temperature when the current decreases, so that the 
resistance of the arc will be slightly less than normal, and the arc 
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voltage will be consequently smaller. In other words, the operat
ing point in its motion from p to N describes a curve which is 
below the static characteristic curve. Similarly, as the current 
increases when the point moves from N to p, the electrodes do not 
have time to heat up to the normal value. The arc will then be 
of higher resistance, and the curve will lie above the static char
acteristic curve. As the arc oscillates, there is thus a lag of the 
electrode temperature behind the current, resulting in a closed, 
so-called dynamic characteristic curve, shown in dotted lines in 
Fig. 97. 

An oscillation following a dynamic characteristic curve, as the 
one just described, was found to be possible only for small ampli-

Water Electro 
Magnet 

FIG. 9 9 . 

tudes and frequencies not higher than a few thousand cycles per 
second. It is therefore not suitable for radio transmission pur
poses, although the generated oscillations are very nearly 
sinusoidal. 

In order to obtain oscillations of great amplitude and high fre
quencies, it is necessary to use an arc having a large negative alter
nating-current resistance, that is, having a steep characteristic 
curve. This is obtained only with an arc which is very unstable, 
such as the Poulsen arc, in which the positive electrode is made of 
a copper jacket (Fig. 99) cooled by water circulation, and with 
the arc placed in a hydrocarbon atmosphere and in a strong mag
netic field. With such an arc, it is possible to obtain frequencies 
up to two or three million cycles per second, and great ampli-
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tudes. The charging current of the condenser may frequently be 
so great as to extinguish the arc every half-cycle. The oscilla
tions generated by this method are thus not sinusoidal, and the 
dynamic characteristic of the arc under such conditions is shown 
in Fig. 100. 

Finally, a third kind of oscillation may be obtained which corre
sponds to the case where the arc, after being extinguished due to 
the condenser charging current, is made to carry the discharge 
current in opposite direction to the current normally supplied to 
the arc by the generator. In this 
case, the oscillatory current is greater 
than the supply current, and the arc 
functions more as an ordinary spark 
gap, producing slightly damped 
oscillations. 

CONTINUOUS-WAVE RADIO TELE
GRAPH TRANSMITTING 

CIRCUITS 

High-frequency Alternator Cir
cuits.—When a high-frequency alter- f 
nator is used for energizing the ' 
antenna circuit, this circuit may be F , G ' 1 0 0 ' 
connected to the machine either directly, or through the medium 
of transformers. These are particularly useful when coupling 
several alternators in series or in parallel to the same antenna. 
The connection may also be made through iron-core frequency-
multiplying transformers, a practice which is followed more 
frequently in Germany. 

Signalling by means of alternator-excited circuits is always 
done in varying the amplitude of the generated current, while keep
ing its frequency constant. Alternators have generally a high 
power output. The transmitting key is seldom used for breaking 
the antenna circuit, unless special multiple-contact high-speed 
relays be used for this purpose. In some instances, the key is 
used for making and breaking the direct-current field circuit of 
the alternator, which of course carries a very much smaller cur
rent than the armature (output) circuit. 

A more frequent practice is to detune the antenna when open
ing the key. For this purpose the key is made to short-circuit, 
when closed, a few turns of the antenna inductance, as shown in 
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Fig. 101. The antenna circuit being then accurately tuned to 
the alternator frequency, opening of the key detunes the circuit, 
which, ceasing to be in resonance, carries then only a negligibly 
small current. 

The detuning of the antenna circuit may also be obtained by 
using an iron-core inductance in the antenna circuit. The same 

iron core carries a second winding 
connected in series with the key and 
with a direct-current generator. 
Closing the key then sends a direct 
current through this second winding, 
which partially saturates the iron 
core, changing its magnetic perme
ability and, hence, altering the value 
of the inductance and the tuning of 
the antenna. This principle is used 

in the Alexanderson magnetic amplifier, which is described more 
fully in the chapter on radio telephony. 

Finally, when the alternator is connected to the antenna 
through ferromagnetic frequency multipliers of even ratio, keying 
may be effected by making and breaking the direct current used 
for saturating the iron cores of the multipliers. This is equiva-

Q round " 

FIG. 1 0 1 . 

Aerial 
Aerial 

FIG. 102 . 

lent to disconnecting and connecting the alternator and antenna 
circuits. 

Oscillating-arc Circuits.—The oscillating arc may be connected 
directly in the antenna circuit, as shown in Fig. 102. It may also 
be made to generate undamped oscillations in an intermediate 
tuned circuit LiCi coupled to the similarly tuned antenna, as 
shown in Fig. 103. In this case, care must be taken not to use 
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so close a coupling as to produce a double-humped resonance 
curve, as this would lead to the same disturbing unstability con
ditions as described, for the three-electrode vacuum-tube oscilla
tor, on pages 202 to 208. 

In the case of an arc set, it is impracticable to place the key in 
the direct-current supply circuit, since the arc, once extinguished 
by the opening of the generator circuit, would not start again 
upon closing the key. The detuning method is therefore most 
commonly used. In this connection, it should be noted that the 
operation differs according to whether the simple circuit of Fig. 
102 or the coupled circuit of Fig. 103 is used. 

In case the simple circuit is used, detuning the antenna circuit 
simply alters the wave length of the generated oscillations with
out materially changing the amount of power radiated. The cir
cuit thus operates at one frequency when the key is closed and at 
another frequency when it is open. These two waves are 
received by the receiving circuit, but this being tuned to the sig
nalling wave, it will be energized more weakly by the spacing 
wave. Moreover, if the signals are received by the heterodyne 
method, described further below, the two waves produce two dif
ferent notes in the telephone receivers and may be distinguished 
readily, and if the two frequencies are sufficiently different, the 
spacing wave may even be silenced completely in the receiver, as 
explained at the end of this chapter. 

In case the coupled circuits of Fig. 103 are used, detuning of 
either circuit will produce a sharp decrease of amplitude in the 
antenna current, and the station will, as in the case of the alter
nator, radiate strongly when the key is closed and weakly (if at 
all) when it is open. 

Signalling Speed.—Both in arc and alternator stations, the 
various oscillatory circuits and the antenna circuit are made of as 
low resistance as possible, in order to reduce energy losses. The 
smaller the ohmic resistance and damping of the circuits, however, 
the greater their time constant, that is, the longer will be the time 
required for the oscillations to build up in them when the key is 
closed and to die down when it is opened. Since commercial 
transmitting speeds are of the order of several hundred words 
per minute, this increased time constant of the circuits 
may actually limit the signalling speed. On the other hand, 
increasing the resistance (and damping) permits a greater signal
ling speed but reduces the electrical efficiency of the station. 
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These conflicting factors must therefore be taken into account, 
the best overall commercial efficiency being obtained by a proper 
balance of the electrical and traffic efficiency.1 

CONTINUOUS-WAVE RECEPTION 

The general principles given in the case of damped-wave recep
tion are applicable to undamped or continuous waves, if account 
is taken of the different characteristics of the latter. The 
remarks on tuning and coupling of the receiving circuits are of 
course applicable to undamped waves, and it should be noted 

that tuning is considerably 
sharper than with damped 
waves (see the first paragraphs 
of this chapter). The resonance 
curves show a marked and 
sharply defined peak at reso-
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FIG. 1 0 4 . 

nance frequency, which thus greatly facilitates the elimination of 
interference from undamped wave sets of other frequencies. 

The ordinary detector methods cannot be applied in the case 
of undamped waves, as may be understood from the following con
siderations: As the key of the undamped-wave transmitting set is 
closed to send a dot or a dash, an uninterrupted undamped oscil
lation is sent out, inducing in the receiving circuit a continuous 
high-frequency alternating current, as shown in the upper curve 
of Fig. 104. If this wave were rectified and made to flow through 

1 This should be contrasted with the case of radio telephony, where the 
modulation frequency (which here is equivalent to the signalling speed) is 
beyond the control of the radio engineer, being given by the frequency 
characteristics of the human voice. Most effective operation is then secured 
by making the antenna resistance as low as this modulation frequency per
mits, which is higher than in the case of telegraphy. 
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when flowing in the telephone circuit, then setting the diaphragm 
in audible vibration. 

Thus, the damped-wave receiving circuit of Fig. 87 may be 
adapted to continuous-wave reception by connecting an inter
rupter at M (Fig. 105). This is a vibrating contact operated by a 
buzzer B adjusted to some audio frequency, say 500 to 1,000 
cycles per second. The detected current flowing in the telephone 
receivers when signals are being received is then interrupted at 
this frequency and an audible note is heard. 

An equivalent method, illustrated in Fig. 106, consists in 
periodically detuning the receiving circuit at some audio frequency. 
The receiving circuit is essentially the same as a damped-wave 
receiving circuit, exept that one of the tuning condensers is 
shunted by a small condenser C made up of a set of movable 
plates which are rotated between a set of fixed plates. This 

FIG. 106. 

the telephone receiver, the current would be as shown by the 
second curve of the figure. This would result in a permanent 
attraction of the receiver diaphragm during the entire duration 
of the dot or dash. The diaphragm would thus not enter into 
vibration, as it did in the case of damped waves which were 
broken up in wave trains spaced at regular intervals and occurring 
at some audio frequency. In the case of undamped waves, 
simply a click would be heard at the start and the end of a dot or 
dash, and this could be interpreted only with difficulty, if at all. 
The most obvious solution of the problem is, then, to insert some 
sort of interrupter in the receiving circuit which will break the 
received current at regular intervals, the thus interrupted current, 
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rotation is effected by means of a small motor at a speed corre
sponding to some audio frequency. The receiver being tuned by 
means of the condensers Ci and C 2 , the rotation of the condenser 
C periodically varies the capacity of the secondary oscillatory 
circuit, thus throwing it periodically into and out of tune. 
During the detuned intervals it will not respond, or only feebly, 
to the incoming oscillations. The oscillating current is thus 
periodically varied in amplitude, or "modulated," and when 
rectified produces a sound in the telephone receivers. 

Still a different method is the tikker method, in which a 
motor-driven interrupter opens and closes the telephone receiver 
circuit at a radio frequency but little different from the fre
quency of the received signals. This method, which does not 
require any rectifying detector, is not described here, being 
closely related to the heterodyne method studied below. A 
vacuum-tube circuit operating on a similar principle as this tikker 
method is described in a later chapter. 

All of the above methods have the common disadvantage that 
the received energy is periodically not made use of in the tele
phone receivers, the received current being periodically inter
rupted. This waste of energy is objectionable, since one of the 
main advantages of the undamped over the damped-wave method 
is the continuousness of the energy supply to the receiving circuit, 
and also, since the total amount of energy received is at best 
very small. Therefore, a method which utilizes all the energy 
received is much to be preferred. For these reasons, and others 
which will be pointed out later, the heterodyne reception method 
is one of the best and most widely used reception methods for 
undamped waves. 

Heterodyne Reception.—The heterodyne method consists 
essentially in superimposing upon the received undamped high-
frequency alternating current a locally generated undamped 
alternating current of slightly different frequency. These two 
currents combine, periodically adding and subtracting, and thus 
produce beats similar to those resulting from the combination of 
two sounds of almost the same pitch. The frequency of these 
beats is equal to the difference of the frequencies of the component 
currents. 

Thus, consider the circuit of Fig. 107, in which an alternator 
Ai generates an alternating current of frequency / i , and an 
alternator A2 generates an alternating current of frequency / 2 . 
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The resultant current in the circuit is the sum of the two compo
nent currents. Referring to Fig. 108, where the two component 
currents are represented, respectively, by the two upper curves, 
the total current in the circuit is at each instant equal to the 
sum (or difference) of the corresponding instantaneous values of 
the component currents. This resultant current is shown by the 
lower curve of the figure, and is seen to be an alternating current 
of periodically increasing and decreas
ing amplitude. The maximum ampli
tude is equal to the sum of the 
maximum amplitudes of the com
ponent currents, and occurs when the 
two currents pass together through 
their positive or negative maxima. 
And the minimum amplitude is equal 
to the difference of the amplitudes of the component currents, 
and occurs when these currents pass together through maxima of 
opposite polarities. 

The fact, stated above, that the frequency of the beats (that 
is, the number of beats per second) is equal to the difference of 

FIG. 107 . 

FIG. 108 . 

the component frequencies may readily be found mathematically. 
Thus let the two component currents be represented by the 
expressions 

ii = Ii sin 2irfit. 
ii = I2 sin 2irf2t. 

The resultant current i is then at each instant 
i = ix + U, 
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which may easily be put under the form 
t = VTJ~+h* + 2Ixh cos 2TT(/1 - ft)t c o s [ 2 ^ + ^ f 5 ) ] , 

which represents the beat current as described above, and in 
which the beat frequency (/i — / 2 ) appears in evidence. 

Now, applying these principles to the reception of undamped 
waves, consider the receiving circuit of Fig. 109. The receiving 

Detector 

Telephone 
Receivers 

FIG. 109 . 

antenna circuit AG being tuned to the incoming waves, these 
induce a current of their own frequency fi in the closed oscillatory 
circuit LC. This current may be represented by the upper curve 
of Fig. 108. As explained previously, this current when rectified 
by the detector would not produce a readable sound in the tele-

lS" n / l / i n - n / l / l A 

phone receivers. A high-frequency alternator K is therefore 
connected or coupled to the circuit LC and produces in this an 
alternating current of frequency/2, adjusted to be slightly different 
from the frequency fu of the incoming signals. This locally 
generated current may be represented by the second curve of 
Fig. 108. As just shown, these two currents actually produce 
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a current of variable amplitude (beat current) in the circuit LC, 
as shown by the lower curve (Fig. 108) which, when rectified by 
the detector and led through the telephone receivers then becomes 
of the form shown in Fig. 110, and produces vibrations of the 
receiver diaphragm at a frequency equal to fi — /2. 

The circuit of Fig. 109 may be modified in many different 
ways. Thus, the local generator circuit may be coupled to the 
closed oscillator circuit LC through the antenna circuit instead of 
directly. Another- method consists in using a special double-
winding telephone receiver, one winding carrying the received 
current, while the other carries the locally generated high-fre
quency current. 

Advantages of Heterodyne Reception.—A first feature of the 
heterodyne method of reception is that the note heard in 
the telephone receivers, being dependent upon the frequency of the 
current generated at the receiving station, may be adjusted by the 
receiving operator to best suit the local conditions.1 Thus, for 
instance, the beat frequency may be adjusted to be equal to the 
natural frequency of vibration of the telephone receiver 
diaphragm. This mechanical resonance greatly reinforces the 
sound due to the received signals, contrasting these sharply from 
other interfering undesired signals. This note, in view of its 
great constancy, is of the nature of a clear, musical whistle. 

Another advantage of the possibility of adjusting the pitch 
of the signals at the receiving station is, that it assists in over
coming interference from other signals to a remarkable degree. 
Thus, suppose the signals to be received to have a frequency of 
100,000 cycles per second, and that the station also receives 
interfering signals of a frequency of 100,500 cycles per second. 
The sharp tuning afforded by undamped waves already mini
mizes the interference. Now, if the locally generated frequency 
is 101,000 cycles, the notes heard in the receivers will be respec
tively 1,000 and 500 cycles per second for the desired and the 
interference signals. These two widely different notes are 
easily distinguished by the ear. But even better, if the locally 
generated frequency is adjusted to 100,500 cycles per second, 
the signals desired will have a pitch of 500 cycles, while no beats 
whatsoever, and therefore no sound will be produced by the 

1 This is of course impossible with damped waves, since the audio fre
quency is then determined wholly by the spark frequency at the transmitting 
station. 
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interfering signals, which are thus entirely eliminated. This 
feature becomes of considerably greater importance in the super
heterodyne receiver, where the beats are of superaudible (radio) 
frequency, as will be studied later in greater detail. 

Finally, a third important property of the heterodyne method 
is that it provides an amplification of the received signals.1 This 
may be explained roughly by the fact that the locally generated 
energy is added to that received from the transmitting station. 
Thus, if ix and ii are respectively the received and locally gener
ated high-frequency currents, the resultant current in the receiv
ing circuit is 

i = ix + ii. 
The effect on the telephone receivers is, however, not proportional 
to the current, but to the energy, hence to the square of the 
resultant current i, and therefore to 

i2 = (ti + ii)2 = ix2 + ii2 + 2ixii. 
The first term ix2 is the square of the received high-frequency 
current. As this is of a frequency beyond the limit of audibility, 
it has no useful effect upon the strength of the sound heard in the 
receivers. This is true also of the second term ii2 which is the 
square of the locally generated current of nearly the same fre
quency. The signal intensity, as heard in the receivers, is thus 
represented by the term 2ixii. It is thus possible, by suitably 
proportioning the value of the locally generated current to the 
received current, to obtain a greatly amplified signal. 

It should not be thought, however, that as great amplification 
as desired may be obtained by simply increasing the locally 
generated current intensity. The characteristics of the detector 
play an important part in this connection. Thus, consider an 
undamped wave signal as represented by curve 1 (Fig. 111). 
This same signal, combined with a locally greater high-
frequency alternating current of slightly different frequency, 
is shown in curves 2, 3 and 4, which correspond, respectively, 
to a local current of smaller, equal, and greater intensity than 
the received signal current. These curves show at once that the 
amplitude variation of the combined current increases with the 

1 Heterodyne reception nowadays is effected almost universally by means 
of vacuum tubes, which of course provide considerable amplification of the 
signals. But the amplification described here and due to the heterodyne 
method is independent from the amplifying properties of the tubes, and 
inherent to the heterodyne method. 
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the intensity of the locally generated current until the latter is 
made equal to the signal current intensity (curve 3), when the 
amplitude of the combined current varies periodically between 
zero and twice the amplitude of either signal or local current. 
A further increase of intensity of the local current then does 
not change this amplitude variation or modulation, but this same 
modulation occurs about a higher average current intensity, and 
hence does not come down to zero (curve 4). 

Since it is this beat mod
ulation which produces the 
sound in the telephone re
ceivers, the local current 
must obviously be made at 
least equal to the signal cur
rent, since this corresponds 
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to maximum modulation amplitude. The question arises then as 
to whether the local current should be made greater than the signal 
current, or simply equal to it, since, as just shown, the modulation 
amplitude is the same in both cases. The answer depends essen
tially upon the shape of the characteristic curve of the detector 
employed. If, as is often the case, this curve has the general 
shape A shown in Fig. 112, the greatest signal is given by the 
combined current of curve 4 (Fig. I l l ) , obtained with a local cur
rent greater than the signal current. Thus, curves B and C (Fig. 
112) respectively represent the "detected" currents yielded by 
currents 3 and 4 (Fig. 111). In the former case, the slope of the 
curve portion MN being much smaller than that of the portion 
PR, which in the latter case serves for the rectification of the 
modulated part of the high frequency current, the resulting 
pulsations of the rectified current are correspondingly smaller, 
and a weaker signal is produced in the telephone receivers. 



CHAPTER VI 

THE THREE-ELECTRODE VACUUM TUBE 

GENERAL PROPERTIES 

Electron Emission by Hot Bodies.—As shown in Chap. I, the 
raising of the temperature of a material increases the agitation of 
its constituent atoms or molecules. In the case of a metal or 
other substance containing free electrons, this is accompanied by 
an ejection or emission of free electrons from the heated body out 
into the surrounding space, which becomes noticeable at 
about dull red heat, and increases rapidly with temperature. 

If a body is maintained at some temperature T where it thus 
emits electrons, it will, through the loss of these negative charges, 
become positively charged, and therefore tend to attract back the 
emitted electrons. A condition of equilibrium is reached when 
the attraction of the body on the emitted electrons exactly coun
terbalances the forces producing the electron emission, this state 
of equilibrium being, furthermore, characteristic of the substance 
and temperature. If the temperature is raised, the atomic agita
tion of the substance and the velocity of the emitted electrons 
increase correspondingly, the free electrons overcome the attrac
tion of the heated body in greater number, and a new state of 
equilibrium is established. The number N of electrons emitted 
at a temperature T (expressed in absolute degrees) is 

N = ATce-b/T, 
where e is the base of the natural system of logarithms, and A, b, 
and c are constants depending upon the chemical nature, shape, 
and other characteristics of the body. 

This emission of electrons by a heated body makes the sur
rounding space a good conductor of electricity, which is, by defini
tion, a substance or medium containing free electrons. If, then, 
a positively charged body is placed near the heated substance 
emitting the electrons, these will travel from the heated substance 
to the positively charged body, establishing an electric current 
through the intervening space. 

128 
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The Two-electrode Vacuum Tube.—Consider a metal filament 
F, sealed in an evacuated glass bulb (Fig. 113), containing also 
metal plate P. When the filament is heated by the current of a 
battery A, it emits electrons into the space surrounding it, 
in quantity expressed by the above equa
tion. If the plate is now made positive 
with respect to the filament, for instance, 
by connecting a battery B between the 
plate and filament, there will be estab
lished a continuous flow of electrons 
from the filament to the plate, and 
therefore an electric current in the 
circuit FBPF. 

Keeping the filament temperature constant, the number N of 
electrons emitted by the filament per unit time will be correspond
ingly constant, and the number n of electrons attracted by the 
plate will depend upon the plate potential with respect to the 
filament. Thus, starting with a potential difference of zero volts 

FIG. 113. 

Plate Potential -
FIG. 114. 

between plate and filament, measured between the negative fila
ment end and the plate, and gradually increasing it, the number 
of electrons reaching the plate, and therefore the current in the 
plate circuit, will gradually increase. However, a potential will 
be reached at which all the electrons emitted by the filament per 
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unit time are attracted by the plate, so that further increase of 
plate potential will produce no increase of plate current. This 
maximum current, beyond which there is no increase for increased 
plate potential, is called the saturation current of the tube for the 
particular filament temperature (or current) used. This is repre
sented by the curve of Fig. 114. 

In order to have a greater current in the plate circuit, it is then 
necessary to raise the filament temperature. For each value of 
filament temperature there is a definite value of saturation cur

rent, which obtains when the 
plate attracts the electrons at 
the same rate as they are 
emitted by the filament. 

The saturation current is 
thus a measure of the number 
of electrons emitted by the 
filament, and may therefore 
be expressed in function of 
filament temperature by a 
relation of a form similar to 
that given above for the elec
tron emission by a hot body. 
Thus, the saturation current I 
for a given filament tempera
ture T in a tube having a per
fect vacuum is given by the 
equation 

Filament Temperature -

FIG. 115 . 

I = Ay/Te -b/T 

where A, b and e have the same meaning as above. The variation 
of saturation current with filament temperature is represented by 
the curve of Fig. 115. 

Now, consider the tube with the filament cold (battery A dis
connected) and the plate maintained at some constant positive 
potential Vi by means of the battery B. Since the filament is 
then emitting no electrons, there will be no current in the plate 
circuit, assuming the space within the bulb to be a perfect dielec
tric. In case gas is present within the bulb, ionization may take 
place, as described later. If the filament is then gradually heated 
by gradually increasing the current from the battery A, it will 
emit electrons at an increasing rate, and the plate current will 
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increase, being at every instant equal to the above expression. 
However, due to the fact that electrons are continually streaming 
from the filament to the plate, there are at every instant a number 
of electrons in the space between the filament and the plate. 
These all move toward the plate and are absorbed by it, while at 
the same rate new electrons are emitted by the filament, so that 
the number of electrons present at any moment in the space 
between the electrodes depends upon the rate of absorption or 
attraction by the plate and upon the rate of emission by the fila
ment. The steady increase of the filament temperature increases 

Filament Temperature >• 
FIG. 116. 

the electron emission from the filament, and, therefore, also the 
number of electrons present in the space of the tube. This group 
or cloud of electrons between the plate and filament produces a 
negative space charge, the effect of which upon the electrons leav
ing the filament is opposite to that of the positive charge on the 
plate. 

As the filament current is increased far enough, an equilibrium 
is reached between the opposing effects of the plate and space 
charges, and any further increase of filament temperature pro
duces no increase of plate current, any additional electrons in the 
space of the tube making the negative space charge overbalance 
the positive charge on the plate and repelling the emitted elec-
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trons back toward the filament. In order to obtain a greater 
plate current, it is then necessary to increase the plate poten
tial. Thus, for every value of plate potential there is a corre
sponding filament temperature beyond which no increase in plate 
current is observed. This is represented by the curves of Fig. 116. 

The maximum plate current which can be obtained for a given 
value V of plate voltage depends essentially upon the shape, 
dimensions, and spacing of the two electrodes. For a tube having 
perfect vacuum, and fitted with a filament 1 cm. long placed 
along the axis of a cylindrical metal plate of radius r, this current 
{ if given by the relation 

where e and m are the charge and mass of an electron. Substi
tuting numerical values, the current is 

i being in amperes, V in volts, r in centimetres, and a a constant. 
Effect of Gas on the Plate Current.—If the tube contains 

gas, even in very small amount, the above conclusions no longer 
apply strictly, the process being modified when the plate poten
tial is such that ionization takes place. Thus, consider the solid 
line curve of Fig. 117, showing the relation between plate current 
and plate potential for a constant filament temperature in a tube 
having no trace of gas. The higher the plate potential, the 
greater the velocity of the electrons in their travel from filament 
to plate, particularly after the current has reached its saturation 
value. Now if the tube contains traces of gas, a certain potential 
Vo will be reached for which the velocity of the electrons is great 
enough to disrupt the atoms of the gas by collision. This splits 
the atoms into free electrons and positively charged ions which 
travel, respectively, toward the plate and the filament, producing 
an increase of current in the circuit, as shown by the dotted line 
curve in Fig. 117. 

The two-electrode tube described above finds application as an 
alternating-current rectifier, current flowing through the tube 
when the plate is positive with respect to the filament, and not 
when it is negative. This rectifying property, however, is 
destroyed if the plate is heated to incandescence, as occurs when 

i = 14.65 X 10- 6 - = aVX 
r 
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too high a positive potential is applied to it, increasing the 
velocity of the electrons and, consequently, the heat developed at 
the plate when they are stopped by it. 

O Plate Potential *-

FIG. 1 1 7 . 

THE THREE-ELECTRODE VACUUM TUBE 

Other factors than the plate potential and filament temperature 
may affect the current intensity in the plate circuit of an electron 
discharge tube, for the state of motion of the particles of negative 
electricity or electrons which move, within 
the tube, from filament to plate, is readily 
influenced by the action of a magnetic or ̂ -EE-
electrostatic field, as explained in Chap. I. 
A most widely used method of control of 
the electrons stream utilizes an electrostatic 
field established within the tube by means 
of an auxiliary electrode, generally inserted 
between the filament and plate. 

This third electrode G (Fig. 118) may 
be a perforated plate, mesh, or grid of 
fine wires, through the openings of which the electrons must 
pass in their travel from the filament to the plate. By apply
ing a positive or a negative potential to the grid electrode, 
with respect to the filament, it becomes possible to accelerate 
or decelerate the electrons moving from filament to plate, to 

FIG. 1 1 8 . 
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neutralize or increase at will the effect of the space charge, and 
thus to control the plate-current intensity without changing the 
plate voltage or filament temperature. One of the advantages 
of this method of control is, that while the plate current may 
be quite large and the energy operating in the plate circuit con
siderable, yet the energy required to charge the grid to the desired 
potential is extremely small, due to the small electrostatic capacity 
of the grid with respect to the filament. 

Characteristic Curves.—The operation of the three-electrode 
vacuum tube may be explained in a general manner as follows: 
Suppose that no difference of potential is established between the 
grid and filament, the grid not being connected to any circuit. 

The tube then operates like a two-electrode tube, and a stream of 
electrons flows from the filament F heated by the battery A to 
the plate P, under the influence of the battery B (Fig. 118). This 
plate current is limited, as explained for the two-electrode tube, 
by the space charge due to the electrons present in the space 
between the plate and filament. 

Now, if the grid is given a negative potential with respect to the 
filament, for instance by connecting a battery C with its positive 
terminal to the filament and its negative terminal to the grid, 
the negative charge on the grid will add its effect to that of the 
space charge, repelling the electrons emitted by the filament 
back toward the latter, and more or less neutralizing the attrac
tion of the electrons by the positively charged plate. The result 
is a decrease in the plate-current intensity, which decrease will 
be greater the more negatively the grid is charged. The grid 
may even be made sufficiently negative to stop entirely the flow 
of electrons from filament to plate. 

t 

o 
Grid Potential 

+ 
FIG. 119. 
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If, on the contrary, the grid is charged positively, the negative 
space charge due to the electrons in the tube is neutralized 
correspondingly, and the plate current increases. For increasing 
positive grid potentials, the plate-current intensity increases, 
until the saturation current is reached, corresponding to the exist
ing filament temperature. 

This dependence of the plate current on the grid potential 
is represented by the "plate current" curve of Fig. 119, the 
filament temperature and plate voltage being kept constant 
throughout. This curve is called the static characteristic curve 

Grid Potential - VoltB 

FIG. 120 . 

of the tube for the particular plate voltage and filament tempera
ture (or current) used. Assuming the latter to be constant, a 
family of such curves is obtained corresponding respectively to 
various values of plate voltage, as shown in Fig. 120. The higher 
the plate potential, the more the curve is shifted to the left, 
without substantially altering its shape, particularly for the 
higher values of plate potential. 

These same relations may be shown as in Fig. 121 by plotting 
the plate current in function of the plate voltage for various con
stant values of grid voltage. 

It should be noted that, when the grid is positive, it attracts a 
few electrons to itself, giving rise to a current in the grid circuit 
FCGF (Fig. 118) which is represented by the " grid current" curve 
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of Fig. 119. In the useful operating range of the tube, this grid 
current is comparatively very small, ranging from zero to about 
one-one hundredth or one-tenth of the plate current. It may be 
entirely avoided through a suitable choice of the operating volt
ages. Thus, if the plate potential is high, a large negative grid 
potential is required to stop the flow of plate current. A slightly 
smaller grid potential permits the plate current to flow, and a 
still smaller negative grid potential allows the plate current to 
reach its maximum saturation intensity. Over this whole con

nate Potential-Volts 

FIG. 1 2 1 . 

trol range the grid potential remains negative, and consequently 
the grid does not attract any electrons to itself, and no current 
flows in the grid circuit. 

Quantitative Expression of Vacuum-tube Properties.—As 
just explained, the intensity of the electron stream flowing from 
filament to plate in a three-electrode vacuum tube may be con
trolled by varying the potential of the grid with respect to the 
filament, under conditions for which the grid current is negligibly 
small or even entirely inexistent. Only the plate current will 
therefore be considered here, the intensity of which is now to be 
expressed quantitatively in function of the potentials applied 
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respectively to the grid and plate of the tube, and in function also 
of certain factors or parameters characterizing the design of the 
particular tube considered. 

Amplification Factor.—Upon escaping from the heated fila
ment, the free electrons emitted by it find themselves under the 
action of the electrostatic field created about the filament by 
the charges of the grid and plate, the plate being given a positive 
potential with respect to the filament by a battery B, and the 
grid a positive or negative potential by means of a battery 
C, as described in connection with Fig. 118. This electrostatic 
field, which drives the electrons onto the plate, is the resultant 
or combination of the fields set up by the plate and grid charges 
respectively. It may obviously be established through a variety 
of possible combinations of grid and plate potentials, and its 
action on the electrons leaving the filament will be the same 
irrespective of what particular combination is used. 

Thus, if the plate potential is lowered, correspondingly decreas
ing the plate current, the original field, and also the original plate 
current intensity may be restored by raising the grid potential—• 
that is, making the grid more positive or less negative. Or else, 
if the plate voltage Ep is increased, or decreased, by a small amount 
dEp, causing, as in the case of a two-electrode tube, a variation 
dlp of the plate current, the same plate-current variation may be 
obtained by keeping the plate voltage constant, and varying, in 
the same direction, the grid voltage Eg by an amount dEg, pro
ducing the same electrostatic field variation about the filament as 
the plate potential change dEv. 

The ratio 
, _ dE?  

k ~ dEg 

of the plate and grid voltage variations which thus produce a same 
plate-current variation, being equal to the ratio of the correspond
ing electrostatic field variations, is also equal to the ratio 

k = % 
Kjp 

where Cp and Cg are, respectively, the electrostatic capacities of 
the condensers constituted by the filament and plate, and by the 
filament and grid. This ratio k thus depends upon the internal 
structure of the tube only and not upon its operating grid and 
plate voltages, and is therefore a constant, called the voltage ampli-
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fication constant or factor of the tube. It expresses the fact that 
the plate-current variation caused by a grid-voltage variation 
dEg is the same as that which would be caused by a plate-voltage 
variation equal to k • dE„. 

It also explains the fact that the grid-voltage, plate-current 
characteristic curves corresponding to various constant values of 
plate voltage are substantially parallel to each other, as shown in 
Fig. 120. 

Since a grid potential E, has the same effect on the plate 
current as a plate potential kEg, the current flowing in the three-
electrode tube is the same as if the tube were a simple two-elec
trode tube having a plate potential equal to 

E = Ep + kEg, 
where Ev and E„ are respectively the voltages actually applied 
to the plate and grid of the tube. The plate current Ip is thus 
expressed by a relation of the same form as for the two-electrode 
tube, 

Ip = aE% = a(Ep + kE„)H 

and, as in the case of the two-electrode tube, no current will flow in 
the plate circuit if the potential Ep + kEg is equal to zero or 
negative, 

Ep + kEg = o or < o, 
or 

E t = or < • 

The amplification factor & of a three-electrode vacuum tube, as 
defined above, varies inversely as the spacing between the grid 
wires, for the closer the mesh of the grid,the greater will be the por
tion of the electrostatic field of the plate shielded or screened off 
by the grid. It varies also directly as the ratio of the plate-fila
ment and grid-filament distances, as may be understood from the 
fact that the closer the grid is placed to the filament, the smaller 
the potential required to set up a field around the filament equiv
alent to the field set up about it by the plate. Thus, for obtain
ing a large amplification factor, it is necessary to use a fine grid 
mounted at a small distance from the filament, as compared to 
the distance between the plate and the filament. Voltage 
amplification factors of 8 to 12 are commonly used in radio 
tubes, but factors as high as 17 or 20 have been obtained in 
certain types of tubes. 
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The amplification factor k is actually not quite constant for a 
given tube, but varies somewhat with the plate and grid poten
tials, due to the fact that when these potentials are changed, the 
average distribution of the electrons in the space of the tube is 
altered, so that the section of the path from filament to plate 
which has the maximum density of the electron "cloud "is shifted 
with respect to the grid and plate. This shift of the shape and 
position of the space charge correspondingly alters the relative 
effects of the plate and grid potentials on the electron flow in the 
tube. 

Also, the filament being heated by a current flowing through 
it, a potential gradient exists along the filament, and its various 
points are therefore at different potentials with respect to the 
grid and plate respectively. It follows that the action of the 
grid potential on the electron current flow is more gradual than 
if the entire filament was at a same potential. Thus, if the 
grid is connected directly to the negative end of the filament, 
with respect to which it is therefore at zero potential, it will be 
at a potential of — V with respect to the positive end of the 
filament, V being the potential difference between the filament 
terminals. This negative grid potential of — V may, in some 
cases, be sufficient to stop the electron current from flowing 
from the filament positive end to the plate. But there being no 
potential difference beween the grid and the positive end of the 
filament, an electron current may still flow between it and the plate, 
which will be stopped only for a greater negative grid potential. 

The amplification factor may, however, be considered as 
substantially constant over the comparatively straight portions of 
the characteristic curves. 

Internal Resistance.—In order to obtain a current flow across 
an electron discharge tube, it is necessary to maintain the 
plate at a positive potential with respect to the filament, which 
may be done by connecting a generator or battery B (Fig. 118) 
between the filament and plate. Without this battery, the 
positive charge on the plate would soon become neutralized by 
the negative charges of the electrons collected by it, and the elec
tron flow would cease. 

A current Ip, thus flowing through the tube for a plate voltage 
Ep, the ratio 

» _ Bp 
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is the internal plate-to-filament resistance of the tube, according 
to the definition of resistance given in Chap. I. Indeed this 
internal tube resistance may be considered as of similar nature 
as the ohmic resistance of a metallic conductor. As explained in 
Chap. I, the free electrons moving between the atoms of the 
metal and constituting the flow of electricity in the conductor, 
accelerate under the effect of the applied electromotive force 
until they collide with an atom, when they lose the kinetic energy 
acquired during the acceleration period, transferring this energy 
to the atom, which enters into vibration, raising the temperature 
of the conductor. 

In the present case of conduction through a vacuum tube, the 
"free path" of the electrons is the space between filament and 
plate. Over this entire path, the electrons accelerate, sometimes 
to speeds of several thousand miles per second, acquiring con
siderable kinetic energy. Upon colliding with the plate, they 
surrender most of their kinetic energy to the atoms constituting 
the plate, and raise the temperature of the latter,1 the plate 
sometimes becoming red hot. The energy thus transformed 
into heat is, as in the case of metallic conduction, supplied by 
the battery B, and is equal to 

W = EPIP = RI,* = E£> 

as in Chap. I. 
The internal resistance being defined as the ratio of plate 

voltage and plate current, and the plate current being a function 
of the grid potential, it follows that the internal resistance of 
the tube is also a function of the grid potential. Keeping the 
plate voltage constant, it is seen from the characteristic curves of 
Fig. 120 that the internal resistance, which is infinite for grid 
voltages for which the plate current is zero, decreases when the 
grid voltage is made less negative, permitting the flow of an 
increasingly stronger plate current, until, when the saturation 
current is reached, the resistance reaches and retains a minimum 
value. 

Differential Resistance.—The internal resistance defined in 
the preceding section may be called also the "direct-current 
resistance" of the tube corresponding to given values of plate and 
grid voltages. In most radio applications of the three-electrode 

1 The balance of their kinetic energy is radiated in the form of a very 
short electromagnetic wave constituting an X-ray. 
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vacuum tube, the grid and plate voltages and the plate current 
are not constant but pulsate about some steady average values. 
The grid and plate voltages and the plate current may then be 
considered respectively as the resultant or combination of a 
constant (direct-current) component and a variable (alternating-
current) component. These direct-current and alternating-cur
rent components behave independently from each other, 
and the alternating-current resistance of the tube has no particu
lar relation to its direct-current resistance. 

This alternating-current resistance is defined as the ratio 

_ dEp 
dip 

of corresponding plate-voltage and plate-current changes, these 
changes, furthermore, being supposed to be small, and the grid 
voltage remaining constant. 

Instead of producing the plate-current variation dip by means 
of a plate voltage variation dEp, the plate voltage may be kept 
constant and the plate current altered by means of a grid voltage 
variation dEg. This, as known, will be equivalent to a plate-
voltage variation k • dE„. so that the alternating-current resistance 
of the tube may be expressed by the relation 

, dEg 

dip 

The alternating-current resistance of the tube is also called the 
differential plate resistance of the tube, being equal to the slope 
of the plate-current, plate-voltage characteristic curve at the point 
about which the small current and voltage variations considered 
take place. It is substantially constant over the straight 
portions of the curve, but increases around the upper and lower 
bends of the curve and becomes infinite when the plate current 
is equal to zero or to the saturation current. 

Mutual Conductance.—In addition to the amplification factor 

7 dEp 

dEg 

which is the ratio of the plate- and grid-voltage changes produc
ing a same plate-current variation, and the differential plate 
resistance 

dE„ 
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which is the ratio of corresponding plate voltage and current 
changes, a third factor is required to express fully in mathematical 
terms, the interrelation between grid voltage, plate voltage, and 
plate current, which is the ratio 

of corresponding changes of plate current and grid voltage, the 
plate voltage being kept constant. This ratio, called the mutual 
conductance of the tube, is equal to the slope of the grid-voltage, 
plate-current characteristic curve at the point considered. The 
greater its value, that is, the steeper the curve, the greater the 
plate-current change produced by a given grid-voltage variation. 
As may be seen from Fig. 119, the mutual conductance is a 
maximum at the point of inflection of the curve, corresponding to 
a plate current approximately equal to one-half the saturation 
current. It is equal to zero when the plate current is zero or 
equal to the saturation current, which simply means that small 
grid-voltage variations then produce no plate-current variation. 

As results from the above discussion, the three factors k, 
r, and g are connected by the relation 

k 
r = — 

g 
Measurement of Vacuum-tube Constants.—The three-elec

trode vacuum-tube constants k, r, and g denned above may be 
calculated from the static characteristic curves by computing the 
expressions defining these factors. They may also be measured 
directly, a few of the many possible methods being described 
below. 

Amplification Factor.—The amplification factor may be 
measured by applying known voltages to the plate and grid of the 
tube and measuring the resulting plate current. Altering the 
plate voltage by a small amount, the grid voltage is changed 
until the plate current is restored to its original intensity. The 
ratio of the absolute values of the plate- and grid-voltage varia
tions is then equal to the amplification factor. 

Another so-called dynamic or alternating-current method may 
also be used. The filament of the tube being heated by a battery 
A (Fig. 122) the plate circuit is energized by a battery B, while 
the grid potential is obtained from a battery C. The batteries 
B and C are connected to the filament through the resistances 
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Plate 1.—(A) Three-electrode vacuum tube used mainly as detector and ampli
fier. Signal Corps tube type V T - 1 . (B) Three-electrode vacuum tube used 
mainly as oscillator and modulator. Signal Corps tube type V T - 2 . 

(Facing page 142.) 



Plate 2.—Three-electrode vacuum tube used as high power oscillator and 
modulator. The plate has been forced downward to expose the grid and fila
ment axially mounted. Note the cooling flanges on the plate. Signal Corps 
tube type VT-18. (.Facing page 143.) 
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n and r2, which may be adjusted by means of a sliding contact 
connected to the filament. An alternating potential difference 
being established between the ends of the circuit branch rir2 

(in the case of the figure, this is done by connecting these ends 
to an alternating-current generator through the medium of a 
transformer), the grid and plate voltages will vary about their 
original (direct-current) values, and these variations will be 
180 deg. out of phase with each other. That is, when the plate 
voltage rises, the grid voltage decreases, and conversely. The 
effects of these voltage variations on the plate current are there-

I <£&-i 

Supply 

FIG. 1 2 2 . 

fore opposite. They neutralize each other exactly, leaving the 
plate current strictly constant when the sliding contact is so 
adjusted that 

* = *, 
ri 

which condition may be detected by means of a telephone receiver 
inserted in the plate circuit of the tube (provided the alternator 
frequency is within the limits of audibility), no sound being 
heard in the telephone when the resistances are adjusted to 
the above ratio. 

Differential Internal Plate Resistance.—The differential plate 
resistance of a tube may be determined for any value of plate and 
grid potentials by computing the slope dEp/dIP of the plate-
voltage, plate-current static characteristic curve corresponding to 
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the specified grid potential; or else, by determining the reciprocal 
of the slope dIp/dEg of the plate-current, grid-voltage characteris
tic, the resistance being then equal to k.dEg/dIp. 

In the dynamic method, illustrated in Fig. 122, the plate-
to-filament path of the tube is connected as one branch of a 
Wheatstone bridge, one other branch of which is a known resist
ance r, and the two other branches of which are adjustable by 
means of a sliding contact connected to the bridge circuit, which 
comprises a telephone receiver. The differential resistance is 
determined for fixed plate and grid potentials derived from the 

^ ^ ^ ^ A.O. 
Supply 

FIG. 1 2 3 . 

batteries B and C. The system being connected to a supply of 
alternating current of audible frequency, the bridge is balanced 
to make the telephone receiver silent, when the differential resist
ance of the tube is equal to 

rBi 

Mutual Conductance.—The mutual conductance of a three-
electrode vacuum tube may be determined by measuring the 
slope of the grid-voltage, plate-current static characteristic curve. 
Dynamic methods may also be used, but are not described here. 
Or else, it may be calculated from the amplification factor and 
differential resistance, applying the relation 

k 

Various Types of Vacuum-tube Constructions.—The actual 
construction of three-electrode vacuum tubes may take many 
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different forms, depending upon the power to be handled by the 
tube, the particular use for which it is intended, etc. Only a few 
general remarks can be made here on this subject. 

A very widely used type of construction is shown in Fig. 124, 
which is well suited for receiving tubes (which handle a small 
power only) and also for low-power transmitting tubes. As shown 
in the figure, a straight filament is mounted along the axis of 
the helical grid surrounding it, and of the cylindrical plate, which 
encloses both grid and filament. The 
three elements are all held on a com
mon glass stem within the bulb, and 
the terminals (two for the filament, 
one for the grid, and one for the plate) 
are brought out of our contact studs 
mounted in the tube base. 

Receiving tubes of this type are gen
erally designed for plate potentials of 
some 20, 40, 60 or 80 volts, and fila
ment voltages of from 2 to 4 volts. 
The plate is made of sheet nickel or 
platinum, the grid of nickel or molyb
denum wire. The filament, when 
made of tungsten, generally requires a 
current of the order of from }4 to 1 
amp., and is operated at a bright 
yellow heat. It is often made of 
thoriated tungsten, which has the prop
erty of abundantly emitting electrons 
at a dull red heat, and thus requires a much smaller heating 
current, of the order of from 60 to 100 milliamp. The satura
tion plate current in this type ranges from about 10 to 50 
milliamp. for the receiving tubes and from 100 to 200 milliamp. 
for the transmitting tubes. 

The type of construction exemplified in Fig. 124, while both 
simple and rugged, has the disadvantage that the plate, grid, and 
filament terminal wires, being all brought out to the tube base, 
find themselves quite close to each other. This increases the 
electrostatic capacity between the tube electrodes, making the 
tube ill-suited for very short wave reception. It also prevents 
these tubes from being operated at high plate voltages, as required 
when large powers are to be handled by the tube, and voltages 
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of 300 to 400 volts are seldom exceeded with this type of construc
tion, on account of the possibility of spark-over between the 
terminal studs. 

These drawbacks are avoided in the construction type of 
Fig. 125, in which the plate, grid, and filament are arranged in 
substantially the same manner as in Fig. 124, but with only the 
two filament terminals brought out to the tube socket. The grid 
and plate terminals are here brought out to two widely separated 
points of the glass bulb, constituting the so-called "horns" of 

FIG. 1 2 5 . 

the tube. This type of tube, made in small size, is well adapted 
to the reception of short waves. In larger sizes, it may be used 
for transmitting purposes with several hundred volts on the plate, 
sometimes as many as 1,000 volts. 

For tubes of very large power ratings, entirely different 
construction principles are made use of. The reason is that in 
the preceding types, when the tube electrodes are in a vacuum, 
the heat developed at the plate by the electron bombardment 
can be dissipated only by radiation, that is, in comparatively 
small amounts. This in turn limits the voltage which may be 
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used in the plate circuit and consequently the power handled by 
the tube. 

The principle used here1 consists essentially in using the 
plate electrode itself as the closed vessel containing the grid and 
filament, the plate being then cooled by means of a water cir
culation in a jacket surrounding it. The filament and grid 
connections are then brought out through a glass cap sealed over 
an opening in this "external plate." Of course, the tube being 
highly evacuated, the seal between 
the glass cap and metal tube must be 
perfectly air-tight, and special meth
ods have had to be devised for accom
plishing this. 

The actual construction is sche
matically represented in Fig. 126. 
The tube itself is constituted by the 
metal sleeve A, generally made of 
copper, the opening of which is filled 
with a large glass cap B sealed to the 
metal sleeve A at S. Inside the 
metal tube A, which serves as the 
plate of the tube, is the grid G made 
of metal gauze and forming a bag 
which surrounds the U-shaped fila
ment. The filament terminals F are 
brought out through a glass stem C, 
which also serves to support the fila
ment mechanically. The grid is held 
in place by a metal collar D fitted 
around the stem C, and to which is attached a connection wire 
coming out at E on the side of the glass cap, constituting the 
grid terminal of the tube. The nipple N serves to pump the air 
out of the tube when assembled, and is then sealed off in the 
usual way. When operating the tube, the cylindrical plate A is 
enclosed in a jacket or tank H filled with cold water, which is 
continually renewed through the pipes K and M in order to cool 
the tube. 

Tubes of this type have been built for power ratings of from 
5 to 100 kw. output. A fairly standard size, used in a number 
of countries both here and abroad, has a power output of 10 kw. 

1 See article by M . W . WILSON in Eke. Comm., August 1922. 

FIG. 126. 
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and operates with a plate voltage of 10,000 volts. The filament 
voltage is of the order of from 30 to 40 volts, the filament current 
being about 3 amp. The filament-to-plate electron current is 
about 5 to 8 amperes. These figures are given merely to indi
cate the order of magnitude of the electrical constants of these 
tubes. 

The manufacture of three-electrode vacuum tubes requires 
that great care be taken to exclude all air and other gases from 
the tube glass walls and the metal of the electrodes. For this 
purpose, after the tube electrodes (filament, grid and plate) have 
been assembled and mounted on the glass stem of the bulb, the 
entire bulb is sealed to a fine glass tube connected to a vacuum 
pump, much in the same manner as when making ordinary incan
descent lamps for illumination purposes. Before exhausting the 
bulb, it is first heated in a special oven to a temperature of about 
500°C, and then is pumped out while maintained at that tem
perature. This is done to drive the gases out of the walls of the 
tube. For a similar purpose, the filament is heated by means of 
an electric current sent through it, while a positive potential 
is applied to the plate and grid which are then heated by the 
bombardment of the electrons emitted by the filament. During 
all this time, the vacuum is gradually increased until it reaches 
a value of a few microns of mercury, when the tube is finally 
sealed by melting off the fine glass tube connecting it to the pump. 

For tubes enclosed in a glass bulb, like the first two types 
described above, particularly those employing a thoriated tungsten 
filament, the inner face of the glass bulb is, further, coated with 
a fine layer of magnesium, applied by vaporization during the 
process of manufacture, which prevents any gases remaining in 
the glass walls of the bulb from escaping later into the empty 
space of the tube during its use. 



CHAPTER VII 

THE THREE-ELECTRODE VACUUM TUBE AS AN 
AMPLIFIER 

In the preceding chapter a study was made of the relation 
between plate current, plate voltage and grid voltage in a three-
electrode vacuum tube, and the characteristic curves of Figs. 120 
and 121 show, respectively, the dependence of plate current upon 
grid voltage for constant values of plate potential, and of plate 
current on plate voltage for constant values of grid potential. 

Variations of plate current at constant plate voltage under the 
effect of a varying grid potential generally require the battery 
which energizes the plate circuit to be connected directly to the 
plate and filament of the tube. The plate potential is then 
always equal to the constant battery voltage. 

Conditions are different if, as in Fig. 127, the battery B which 
energizes the plate circuit is connected to the plate and filament 
through a resistance R. Thus, 

in the plate circuit of the tube, JD i 
this current, flowing through ' *—* 
the resistance R, produces be
tween its ends a potential differenceER which, according to Ohm's 
law, is equal to 

If now the grid potential Ea of the tube is varied by an amount 
dEg in such a manner as to produce an increase dlp of the current 
in the plate circuit, the potential drop IPR across the resistance 
R will correspondingly increase. The battery voltage E remain
ing constant (the internal resistance of the battery being small as 

EB being the electromotive force 
of this battery B, and Eg the 
potential difference between the 
grid and filament, and Ip the 
intensity of the current flowing 

EH = IpR. 
The plate potential of the tube is then equal to 

EP = E B — ER — EB — I pR. 

149 
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compared to the resistance R and the internal resistance of the 
tube), it follows that the plate potential Ep will vary (in the 
present instance decrease) by an amount equal to 

dEp = - Rdlp. 
Conversely, if the current Ip is decreased by making the grid 
more negative, the plate potential will increase. 

The operating point of the tube thus no longer follows the static 
characteristic curve, which corresponds to a constant plate poten
tial, but follows a so-called dynamic characteristic curve, such as 
one of the dotted line curves A and B (Fig. 128) corresponding 

Grid. Potential, Volts 

FIG. 128. 

respectively to external plate circuit resistances R of 5,000 and 
10,000 ohms, which crosses the successive static characteristic 
curves of the tube. 

When a resistance R is present in the external plate circuit of 
the tube, the plate current variation dlv produced by a grid 
voltage variation dEg thus calls forth a plate voltage variation 
dEp. Now, it was shown in the preceding chapter that a grid-
potential variation dE„ produces a plate-current variation equal 
to 

g • dEg, 

where g is the mutual conductance of the tube; and also that a 
plate-voltage variation dEp produces a plate-current variation 
equal to 
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where r is the differential (alternating-current) internal resistance 
of the tube. The total plate-current variation dl resulting from 
the simultaneous grid- and plate-voltage changes dEg, and dEv is 
then equal to the sum 

dlp = g • dEg + ^dEp. 

And since, as stated above, 
dEp = — R • dip, 

it follows that 
R 

dlp = g • dEg - -dip, r 
and since, as known, 

r 

r • dip = k • dEg — R • dlp, 
or 

(r + R) dip = k- dEg, 
or 

If, then, the grid-potential variation dEg is a sinusoidal function 
of time, that is, if an alternating electromotive force 

eg = Ego sin ut 

is superimposed upon the constant grid potential supplied by a 
battery C, an alternating current 

. = keg 

P (r + B) 

will find itself superimposed upon the steady plate current of the 
tube. Thus, the alternating current ip, which flows in the plate 
circuit of the tube when an alternating potential difference eg is 
impressed between the grid and filament, is equal to the alter
nating current which would flow in a circuit having a resistance 
equal to r + R, at the terminals of which an alternating potential 
difference keg would be established. In other words, the alter
nating current flowing in the plate circuit is the same as would 
flow if the external plate circuit of the tube, that is, the resistance 
R, were connected to an alternator (instead of the tube) having an 
internal resistance equal to the differential (or alternating-cur
rent) internal plate-to-filament resistance of the tube, and gener-
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ating an open-circuit alternating electromotive force equal to 
keg, k being the amplification factor of the tube. 

Under these conditions, the alternating potential difference 
arising at the terminals of the external resistance R (and also 
between the plate and filament of the tube) is equal to 

Rip = —j^,keg. 

When the external resistance R is zero, this alternating potential 
difference is also zero. That is, the alternating current flows in 
the plate circuit without producing any variation of plate voltage. 
This corresponds to the case considered in the preceding chapter, 
where the battery is connected directly to the tube. The 
dynamic characteristic curve then coincides with the static 
characteristic curve corresponding to the particular plate voltage 
used. 

When the external resistance R is infinite, or in practice when 
it is very great, the ratio R/(r + R) becomes equal to unity and the 
alternating potential difference across the resistance (and across 
the tube) is equal to keg, that is to say, it is a A;-times ampli
fied reproduction of the alternating electromotive force. In this 
case, the alternating plate current is zero, the plate current remain
ing equal to the steady direct current furnished by the battery 
B, and the dynamic characteristic curve becomes a straight line 
parallel to the grid-voltage axis. 

Voltage Amplification.—As follows from the preceding 
remarks, the ratio of the alternating electromotive force operat
ing in the plate circuit to the alternating potential difference 
impressed upon the grid is equal to 

Rip _ ^ H 
eg r + R' 

and is a maximum, equal to the amplication factor k of the tube 
when the external plate-circuit resistance is infinite (or, in 
practice, very great). 

This, however, has the drawback of requiring the use of a 
comparatively high potential battery B for energizing the plate 
circuit. This may be avoided by replacing the external plate-
circuit resistance R by a large reactance, or impedance of small 
ohmic resistance, permitting the amplification of alternating 
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electromotive forces with a reasonably low potential plate 
battery B. 

Thus, a coil of inductance L and small resistance may be used 
as shown in Fig. 129. When an alternating electromotive force 
eg of cyclic frequency to is impressed between the grid and fila
ment, by means of an alternator D as shown here, but which may 
be the electromotive force due to an incoming signal, an alternat
ing current iv will flow in the 
plate circuit. This in turn 
induces across the coil an elec
tromotive force equal to 

coL ke„ 

FIG. 1 2 9 . 

"p r + coL 

which becomes substantially 
equal to keg when coL is large, 
that is, when the inductance of the coil and the frequency are 
large.1 

Indeed, the reactance connected in the external plate circuit 
may be made infinite, as required for maximum voltage amplifica
tion, by shunting the inductance coil L by a condenser C (Fig. 
130) of such electrostatic capacity that the natural frequency 

FIG. 1 3 0 . 

1/ V'LC is equal to the cyclic frequency of the alternating electro
motive force applied to the grid circuit of the tube. No alternat
ing current will then flow in the plate circuit of the tube, and an 
alternating electromotive force keg will be developed across the 
circuit LC (and also between the filament and plate of the tube). 

1 The electromotive force thus developed across the coil L by the alternating 
plate-eurrent component is, as in the case considered in Chap. II. 90 deg. out 
of phase with the latter. 
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It should be noted that if the electrostatic capacity of the con
denser C is steadily increased, starting from a zero value, the 
voltage amplification increases until the natural frequency of the 
circuit LC is equal to the input frequency, after which it decreases 
again. 

Power Amplification.—When the alternating current developed 
in the plate circuit of a tube under the effect of an alternating 
electromotive force impressed between the grid and filament is 
used for energizing a telephone receiver or some other device, 
the object in view is not generally to develop a maximum voltage 
in the plate circuit, but to deliver maximum power to the device 
connected in or coupled to the plate circuit. 

Suppose, for simplicity, this device to be represented by a 
resistance R connected in the external plate circuit of the tube. 
The power W consumed in the device as a result of the flow of the 
alternating plate current through it will be equal to 

where Ta is the effective value of the alternating current flowing 
in the plate circuit of the tube. Designating by Eg the effective 
value of the alternating grid electromotive force, and applying 
the equations found above, the last expression becomes 

which is a maximum when r = R, that is, when the internal 
differential plate resistance of the tube is equal to the external 
plate-circuit resistance (or impedance). 

Input Impedance.—As explained in the preceding chapter, 
the potentials of the plate-circuit battery B and grid-circuit 
battery C may be so chosen that the grid need never be made 
positive, with respect to the filament, for controlling the plate-
current intensity between zero and its maximum value. The 
current in the grid circuit is then zero, since the grid does not 
attract any electrons to itself, and it may at first appear that the 
grid-potential variations which produce the plate-current varia
tions require substantially no energy from the input source. 

However, the grid and filament on the one hand, the grid and 
plate on the other constituting two electrostatic condensers, an 
alternating current will flow in the grid circuit whenever an 
alternating electromotive force is applied between the grid and 
filament of the tube (irrespective of whether the filament is 

W = Ia'R 
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heated and emits electrons or not). Thus, referring to Fig. 127, 
the grid-filament capacity is seen to be connected directly across 
the alternator D which supplies the grid electromotive force, 
while the grid-plate condenser is connected to the alternator 
through the external resistance (or impedance) R of the plate 
circuit of the tube. 

The alternating-current source which produces the grid-poten
tial variations will hence set up a current in the plate circuit, 
by electrostatic induction through the grid-plate capacity of the 
tube, and supply energy to this circuit, which will be dissipated 
as heat in the resistance contained in this circuit. Referring 
to Fig. 127, and designating by C,p, the internal grid-to-plate 
capacity of the tube, by EgQ and EPo the values of the alternating 
components of the grid and plate voltages, the charging current 
IgP of the grid-to-plate condenser supplied by the alternator D 
(and which flows from the alternator through the grid-plate 
condenser, then through the external plate-circuit resistance or 
impedance R, and back to the alternator) is equal to 

I = EH^EJP2. 

Since EPq — Ega is equal to the potential difference between the 
grid and plate, that is, between the armatures of the grid-plate 
condenser of the tube, and since, from a preceding section, 

it follows that 

In addition to this current, the input source also supplies the 
charging current of the grid-filament capacity, equal to 

Igf = Eg0uCgf. 

The input impedance of a tube thus consists of two parallel 
connected branches, one comprising the reactance of the grid-
to-filament capacity, the other comprising the impedance of the 
circuit branch formed by the grid-to-plate capacity in series 
with the external plate-circuit impedance. Depending upon the 
nature and magnitude of the latter, the alternating current from 
the input source may thus lag behind, lead, or be in phase with 
the input (grid) electromotive force. The importance of this is 
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particularly great in cascade amplifiers, as explained later, and in 
vacuum-tube oscillator circuits, notably in oscillating receiving 
circuits. 

CASCADE AMPLIFICATION 

In order to obtain greater amplification than that provided 
by a single three-electrode vacuum tube, the output electromo
tive force of a first tube may be impressed upon the input (grid) 
circuit of a second tube, the amplified output electromotive force 
of which is transferred to a third tube, and so on. This process, 
in which the amplification is effected in a succession of stages, is 
called cascade amplification. 

It is used in radio transmitting circuits for power amplification 
of the generated high-frequency oscillations and of the modulat
ing impulses. In radio receiving circuits, it serves for the ampli
fication of the small alternating currents set up in the antenna by 
incoming signals, both before and after detection or rectification 
of the signals, voltage amplification being used in the successive 
stages except for the last stage, which is adjusted for power 
amplification to actuate the telephone receivers or other trans
lating device. 

Resistance-capacity Coupled Amplifiers.—The alternating 
electromotive force to be amplified is, for simplicity, assumed 
here to be generated by a small alternator A (Fig. 131) connected 
between the grid Gi and filament Fi of a first three-electrode 
vacum tube 1. To simplify the circuit diagram, the filament-
heating batteries have not been shown in the figure. 

The plate circuit PiBi RiFxP of this tube comprises the battery 
Bi and high resistance R% of the order of 100,000 ohms, the circuit 
being similar to that shown in Fig. 127. As explained before, 
the small alternating electromotive force applied between the 
grid and filament by the alternator A is reproduced, amplified, 
across the resistance Ri, the ratio of this amplified output elec
tromotive force to the original input electromotive force being 
substantially equal to the amplification factor k of the tube 1. 

This amplified electromotive force is now applied between 
the grid and filament of a second tube 2, connected up in the same 
manner as tube 1, and is thus amplified across the resistance R2 

connected in the plate circuit of this second tube. The transfer 
of the output electromotive force of the first tube 1, developed 
across the resistance Ri to the grid circuit of the second tube 2, 
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is effected by electrostatic induction, by connecting the filament 
F2 of this second tube to one end of the resistance Ri and the grid 
Go to the other end of this resistance. A condenser Ci is inserted 
between the grid (?2 and the resistance Ri in order to prevent the 
large potential drop across this resistance, due to the flow of the 
direct current component of the plate current of the tube 1 
through it, from being impressed between the grid and filament 
of the second tube. 

But the presence of this condenser Ci in the grid circuit insu
lates the grid electrode from the rest of the circuit, and when the 
grid, under the effect of the alternating electromotive force 
applied to it, alternately becomes positive and negative, it 

FIG. 1 3 1 . 

attracts during the positive cycle portions some of the electrons 
emitted by the filament. These in turn impart to the grid a 
negative charge which, increasing at every successive positive 
cycle portion, would soon stop the flow of current in the tube 
and prevent its operation. 

It is therefore necessary to connect the grid G% to the filament 
F2, in order to provide a leakage path for the negative charge col
lected by the grid. To this effect a resistance ri is connected 
between the grid and filament, of the same order of magnitude 
as the internal grid-filament resistance of the tube, generally 
about 1,000,000 to 5,000,000 ohms, depending upon the particular 
type of tube used. The actual value, while not critical, is of 
importance however, for if this resistance be chosen too great, 
it will not permit a sufficient leakage of the grid charge, and will 
lead to an undue reduction of the plate current in the tube and 
a consequent reduction of amplification. If it be made too small, 
it more or less short-circuits the grid to the filament and consider
ably reduces the electromotive force applied to the grid, corre
spondingly reducing the amplification. 
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As a result of the cascade arrangement of the two tubes 1 and 
2, an alternating electromotive force is established across R2, 
equal^to k times the electromotive force across Ri, and hence 
equal to k2eg, where eg is the electromotive force input to the 
first tube, assuming that the successive tubes have equal amplifi
cation factors. 

In a similar manner, this electromotive force k2eg is applied to 
a third, fourth or fifth tube if required, the total amplification 
ratio being then equal to the product of the amplification ratios 
of the successive individual amplifier steps or stages. 

A drawback of this type of amplifier, as stated before, is the 
necessity of using high plate-battery potentials. It has, however, 

A 

FIG. 132. 

the advantage of being very simple to build in small and compact 
form, particularly as it may be arranged in such a manner 
that the plate circuits of all the tubes are energized by a single 
common battery B, while the filaments are heated from another 
common battery, as shown in Fig. 132, the plate circuits and 
filaments of the various tubes being simply connected in parallel 
across their respective batteries. 

This common battery system is very widely used in multiple-
tube circuits, as it greatly simplifies the entire apparatus. 

Impedance-capacity Coupled Amplifiers.—In order further 
to reduce the size of the batteries required, choke coil coupled 
amplifiers are often used, as illustrated in Fig. 133. Each 
tube is connected substantially as the tube of Fig. 131 and 
operates in the manner described in connection with this figure. 
The transfer of the output electromotive force of one tube to the 
input (grid) circuit of the following tube is effected in the same 
manner as in the case of the resistance amplifier just described, 
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by means of coupling condensers, the grid being, as before, 
connected to the filament through a high leakage resistance. 

Finally, the impedances connected in the plate circuits of 
the successive tubes may be oscillatory circuits tuned to the fre
quency of the alternating current to be amplified, as shown in 
Fig. 134, which permits one to obtain maximum voltage amplifi
cation at this frequency, for which the reactances connected in the 
plate circuits become infinite. 

FIG. 1 3 3 . 

This method, called tuned amplification, is particularly useful 
for radio frequency amplification, in view of the great selectivity 
which it permits one to obtain, through which signals of only 
slightly different frequency may be differentiated. Thus, for 
instance, let F and F' be the frequencies of two equal alternating 
electromotive forces operating in the grid circuit of the first tube, 
the frequency F being that of the signals which it is desired to 
receive. The oscillatory circuits of the amplifier being all 

Ground 
FIG. 1 3 4 . 

tuned to this frequency F, the output electromotive forces of 
frequencies F and F' developed across the tuned circuit in the 
plate circuit of the first tube will no longer be equal, due to 
the resonance of this circuit at the frequency F, so that the 
electromotive force of frequency F' will, say, be equal to 1/n 
the electromotive force of frequency F. Similarly, in the output 
circuit of the second tube, the electromotive force of frequency F' 
will be equal to 1/n2 of the electromotive force of frequency F, 



160 RADIO ENGINEERING PRINCIPLES 

and so on, this selective action taking place over each amplifier 
stage, together with the successive amplification of the desired 
signals. 

The relative amplitudes of the two electromotive forces thus 
become increasingly different as the number of amplifier stages 
increases, exactly as if the signals were energizing a succession 
of oscillatory circuits tuned to a same frequency F. Only in 
this latter case, as explained in a preceding chapter, the circuits 
must be coupled loosely to each other precisely, in order to obtain 
a sharp frequency selection. This in turn produces a consider
able decrease of the absolute signal intensity. On the contrary, 
in the tuned cascade amplifier the successive oscillatory circuits 
are not coupled inductively, that is, no mutual coupling is estab
lished between them. The three-electrode vacuum tube permits 
the current in one circuit to set up a current in the following 
circuit, but does not allow the reverse interaction to take place; 
the tube operates as a relay and provides a unidirectional coupling 
between the two circuits, which clearly differentiates the two 
methods.1 

Transformer Coupled Amplifiers.—Instead of using capaci
tive coupling between the successive stages of cascade amplifiers, 

as done in the preceding examples, magnetic coupling by means 
of transformers may be used, as shown in Fig. 135. The alter
nating electromotive force to be amplified is impressed between 
the grid and filament of a three-electrode vacuum tube Ai, 
either directly or through a step-up transformer Mi of suitable 
radio and impedance. This alternating electromotive force 
produces in the plate circuit of the tube Ai a pulsating current 
which, flowing through the primary of the coupling transformer 

1 Actually, the input and output circuits of a tube are mutually coupled to 
each other through the electrostatic capacities of the electrodes within the 
tube, but the electromotive forces induced through this coupling are negli
gibly small when the frequency of the current to be amplified is not too 
great. For very high frequencies, however, the coupling effect becomes of 
importance, as explained in detail in the following chapter. 

Inputc 

A . 0 4 
Eml.' 

FIG. 1 3 5 . 
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M2, produces similar potential variations on the grid of the tube 
A 2. These potential variations are amplified reproductions of 
the grid-potential variations of the tube Ai. The second tube A 2 

can then be made to amplify further the alternating electromotive 
force through the medium of a third transformer M3 and tube A 3, 
and so on. 

This method of amplification, when applied to low-frequency 
(audio) amplification, utilizes laminated iron-core transformers 
for coupling the successive stages. In the case of high-frequency 
(radio) amplification, the transformers generally have no iron 
core, in order to avoid the energy losses through hysteresis 
and eddy currents, which would be considerable at high frequen
cies. Some transformers have however been built for radio 
frequencies, having cores made of special enamelled soft-steel 
laminations of a thickness of the order of one-thousandth of an 
inch. 

Direct-current Amplifiers.—In all of the amplifiers described 
above, the amplified electromotive force developed in the plate 
circuit of each tube is transferred to the grid circuit of the 
following tube by induction (electrostatic induction in the case 
of condenser coupling, magnetic induction with transformer 
coupling). These amplifiers will therefore amplify only variations 
of the electromotive force impressed onto their input terminals, 
that is, between the grid and filament of the first tube. In 
the absence of such variations, the plate current in each of the 
successive tubes is constant and independent from that in the 
other tubes. And if the grid potential of the first tube is given a 
constant value, the current and voltages in the plate circuit of 
the last tube will not be changed. 

However, the plate current of the last (output) tube may be 
made a function of the continuous grid potential of the first 
(input) tube by using a conductively coupled resistance amplifier, 
such as illustrated in Fig. 136. 

This differs from the resistance-capacity coupled amplifier of 
Fig. 133, in that the grid coupling condensers C are here omitted 
and replaced by batteries D of suitable voltage and polarity. 
The grid voltage of any of the tubes (except the first tube) is 
then equal to the sum( or difference, depending upon the connec
tion polarities) of the voltage of the battery D and the potential 
difference between the ends of the resistance R belonging to the 
plate circuit of the directly preceding tube, due to the flow, 
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through this resistance, of the plate current of the tube to which 
it is connected.1 

If, then, the grid of the first tube is connected directly to the 
filament (zero grid potential), the grid potentials of the other 
tubes may also be made equal to zero by suitably choosing the 
potential and polarity of the coupling batteries D. Thus, the 
plate current of the first tube (as opposed to the electron current), 
flowing in the external plate circuit from filament to plate, 
produces across the resistance R a potential difference making the 
grid of the second tube strongly negative. Connecting the 
battery D with its positive terminal to the grid of the second tube 

FIG. 136. 

and its negative terminal to the resistance R, and choosing its 
potential equal to the potential difference across the resistance, 
will make the grid voltage of the second tube equal to zero. 

Similar conditions being established for the other tubes, if the 
grid potential of the first tube is now altered to some other con
stant value, the plate current of the first tube will be altered cor
respondingly. This changes the potential difference across the 
resistance Ri and also the grid potential of the second tube, bring
ing about a corresponding change in the plate current of this sec
ond tube. This in turn alters the grid potential and plate current 
of the third tube, and the process continues to the last tube of the 
amplifier, the plate-current intensity of which will hence assume a 
different value, within the operating limits of the tube, for every 
value or grid potential of the first tube. The entire amplifier 
thus behaves like a single tube of considerable amplification fac
tor. It should be noted, however, that when the plate current in 
the first tube increases, the plate current decreases in the second 

1 The grid-leak resistances r of Fig. 139 are also omitted here, being not 
required, since the grids are, respectively, conductively connected to the 
rest of the amplifier circuit. 
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tube, increases in the third, and so on, the plate current in the 
odd-numbered tubes varying in the same direction as that of the 
first tube, while the current in the even-numbered tubes varies in 
opposite direction. 

FIG. 1 3 7 . 

The resistance-battery coupled amplifier may be simplified by 
splitting the plate-circuit energizing batteries of the tubes in such 
manner that one part of these batteries may at the same time serve 
as grid-coupling batteries, as shown in Fig. 137, or even by using a 
single coupling battery, as in Fig. 138, which is derived from the 
arrangement of Fig. 137. 

FIG. 1 3 8 . 

Reflex Amplification—The preceding cascade amplification 
arrangements are widely used in radio reception for amplification 
of the received signals before and after detection. An illustra
tion is given in Fig. 139, which shows a damped or modulated 
wave receiving set having three stages of high-frequency and two 
stages of low-frequency amplification, and utilizing a crystal 
detector. 
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The circuit comprises a tuned antenna circuit L\C\ coupled to 
a tuned secondary circuit L 2C 2. This is connected between the 
grid and filament of a three-electrode vacuum tube Ai adjusted, 
like the other tubes of the set, to operate about the straight por
tion of its characteristic curve, so that symmetrical variations of 
grid potential give rise to equally symmetrical variations of plate 
current. The incoming signals are thus successively amplified 
by the three tubes Ax, A 2 and A3 coupled by air-core radio-fre
quency transformers Mi and M 2. The amplified radio signals are 
then impressed, by means of a transformer Mh upon the crystal 
detector D connected in series with the primary winding of an 
audio-frequency transformer M 4 . This is shunted by a radio-
frequency by-pass condenser Cs, so that the radio-frequency cur-

FIG. 139. 

rent induced in the detector circuit by the plate current of the 
tube As will flow through the secondary winding of the trans
former Mj, the detector D and condenser C3, while the audio
frequency current resulting from the operation of the detector 
will flow through the primary winding of the transformer M 4 . 
This audio-frequency current is then amplified in succession by 
the tubes A 4 and A 5 and is finally sent through the telephone 
receivers T. 

A multistage amplifier of this kind will amplify the received 
signal strength considerably—sometimes as much as 1014 times— 
but requires a rather large number of tubes. Methods have there
fore been devised, yielding results of the same order of magnitude 
with a smaller number of tubes, such as the reflex method of 
amplification, in which the same tubes are used for amplifying the 
high- as well as the low-frequency currents, the two being, in 
each circuit, separated by suitable reactance arrangements. 

Thus, Fig. 140 represents a reflex amplifier substantially equiv
alent to the "straight" cascade amplifier of Fig. 139. The radio-
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frequency alternating current set up in the antenna by the 
received signals is amplified in the tubes Ai, A2 and A 3 coupled 
by transformers Mx and M2 exactly as in the case of Fig. 139. 
The amplified alternating current thus developed in the plate cir
cuit of the tube A 3 is transferred to the circuit of the detector D 
through the transformer M 3 as before, and the low-frequency recti
fied or "detected" current is made to flow through the primary 
winding of the low-frequency transformer M4. The secondary 
winding of this transformer, instead of being connected to the grid 
and filament of a fourth tube, as in Fig. 139, is here connected in 
the grid circuit of one of the radio-frequency amplifying tubes, 

T B 

FIG. 140. 

A 2 for instance. The resulting low-frequency grid-potential vari
ations of this tube produce corresponding low-frequency plate-
current variations which, acting through a transformer M5, set 
up amplified low-frequency grid-potential variations of the tube 
A3. This in turn actuates the telephone receivers T through a 
transformer M 6 . The tubes A2 and A 3 are thus made to function 
as low-frequency amplifiers in addition to their operating as high-
frequency amplifiers, and they thus assume the functions of the 
tubes A 4 and A 6 of Fig. 139. Of course, the windings of the low-
frequency transformers M 4 , M B and M 6, being respectively 
connected in series with the windings of the corresponding radio-
frequency coupling transformers Mx, M2 and M 3, and opposing a 
high impedance to the radio-frequency currents, must be shunted 
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by small by-pass condensers, as shown, in order that the radio-
frequency currents may flow in the amplifier circuits. 

Instead of connecting the low-frequency and radio-frequency 
transformers in series, they may be connected in parallel, as in 
Fig. 141, where the transformer pairs M i M 3 and M2Mi} are 
respectively in parallel. Small condensers C must, however, be 
connected in series with the radio-frequency transformer windings 
in order to prevent the low-frequency currents from flowing 
through these windings, which, in view of their low reactance at 
audio frequency, would otherwise practically short-circuit the 
audio-frequency transformer windings and render the amplifier 
inoperative. 

F10. 141. 

Finally, while the radio-frequency currents are amplified by 
the tube A\ first, then by the tube A2 and then by the tube A3, 
the low-frequency currents may be amplified by the same tubes in 
a different order, in the reverse order for instance. Thus, in Fig. 
142 the low-frequency impulses are transferred from the detector 
circuit to the grid circuit of the last tube A3 through the trans
former Mt, then from the plate circuit of this tube A 3 to the grid 
circ'it of the tube A 2 through the transformer M 6 and lastly from 
the plate circuit of this tube A2 to the telephone receivers T 
through the transformer M6. 

In all of the above examples it may be noted that the first 
tube is used as radio-frequency amplifier only, and not as low-
frequency amplifier. There is no particular difficulty in using 
it, like the other tubes, for the dual function of high- and low-
frequency amplification, but then any low-frequency disturbing 
currents which may be picked up by the antenna circuit (from 
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FIG. 142. 

sets, the carborundum or perikon detectors being particularly 
well suited in this case. 

A fundamental point also, perhaps better understood after 
studying the following chapter, is the absolute necessity of sepa
rating the radio- and audio-frequency currents, through the use of 
suitable choke coils or stopping or by-pass condensers, as other
wise the reflex connection would constitute a "feed-back" or 
retroactive connection through which the amplified output, led 
back into the input circuit of the amplifier, would set the latter 
into oscillation and prevent its proper operation. Such separa
tion may, in general, be accomplished by the simple means just 
mentioned, without the use of more complicated filter circuits, 
and is sharper the greater the difference between the frequencies 
of the undetected and detected currents (hence, if the latter are 

power lines, etc.) will find themselves impressed onto the low-
frequency amplifier and be considerably magnified, creating 
serious disturbance. 

Also, while transformer coupling was shown in these examples, 
any other form of coupling may be used, as described before. 

The main advantage of the reflex amplifier is that it permits 
a reduction in the number of tubes and a consequent possible 
reduction of the size of the batteries required. The reliability 
of its operation, of course, requires the use of a detector capable 
of remaining adjusted over long periods of time and sufficiently 
rugged to withstand possible jars, in the case of portable receiving 
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of audio frequency, the greater the frequency of the incoming 
signals). 

Performance of Vacuum-tube Amplifiers.—Vacuum-tube 
amplifiers, a few types of which have been described above, permit 
the energy necessary for the operation of the receiving apparatus 
(telephone receivers, telegraph recorder, etc.) to be supplied at the 
receiving station, this energy being then simply released or 
controlled in proper amounts by the incoming signals. This is in 
direct opposition to the simple reception methods described 
before in this book (except the heterodyne method), where the 
energy actuating the receiving apparatus was all furnished by 
the distant transmitting station. It therefore has permitted the 
increase of the intercommunication range considerably, for a 
given power output of the transmitting station. Indeed, it 
may thus seem that the power output of the transmitting station 
may be reduced indefinitely, provided a correspondingly powerful 
radio-frequency amplifier be used at the receiving station. In 
fact, a lower limit is set to the power of the transmitting station, 
which must be sufficiently great to set up an electric field about 
the receiving antenna of greater intensity than that produced 
about this antenna by the locally generated disturbing fields, 
such as those due to lightning and other natural causes, which 
would otherwise drown out the signals. 

Such amplifiers are used for the reception of radio telegraphy 
as well as radio telephony, and although the fundamental prin
ciples are essentially the same, the performance of such ampli
fiers is different depending upon whether unmodulated signals, 
signals modulated at one single frequency, or finally speech-
modulated signals are being received. 

In the first case the signals each consist of one high-frequency 
oscillation. Maximum selectivity is then obtained by means of 
tuned cascade amplification, each stage of radio-frequency amplifi
cation being tuned to the frequency of the incoming signals. 
On the other hand, direct-current amplification must be used 
after detection, the signals being unmodulated unless the received 
current is, before detection, combined with a locally generated 
high-frequency current (heterodyne reception). In this latter 
case, and also when receiving telegraph signals modulated at some 
constant lower (audio or radio) frequency, low-frequency tuning 
may be used after detection, in addition to radio-frequency tun
ing before detection. 
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In the case of radio-telephony reception, such extreme selec
tivity is impossible, as explained in detail in a later chapter, for 
the amplifier must amplify equally well currents of a whole 
frequency band. To this effect, resistance-capacity coupled 
amplifiers are particularly well suited for both radio- and audio
frequency amplification. The other methods are also appli
cable, but the circuits must be sufficiently damped in order to 
flatten out their resonance curve, and the transformers, when 
such are used, of sufficiently generous dimensions not to intro
duce unduly large harmonics through distortion due to magnetic 
saturation of the iron cores. 

Finally, it should be pointed out here that the maximum 
number of stages which may be used is limited, in the simple 
types of cascade amplifiers described above, due to the fact that 
the comparatively strong magnetic and electrostatic stray fields 
developed in the last stages of the amplifier, linking with circuit 
parts of the preceding stages, and also the internal-capacity 
coupling of the tubes, permit a feeding back of the amplified 
energy into the input circuits of the amplifier, leading to the genera
tion of undamped oscillations in the amplifier circuits and creat
ing disturbing noises and howling. Special methods must then 
be used in order to enable the use of a greater number of stages. 
These will be studied in a section of the following chapter, after 
the process of oscillation generation has been described. 

Push-pull Amplifier.—In order that the 
alternating electromotive force developed 
in the plate circuit of an amplifier tube be 
an exact reproduction of the electromotive 
force impressed on the grid circuit, that is, 
in order that amplification be distortion
less, it is necessary that the tube be made G r i d V o l t a g e 

to operate along the straight portion of its F l 6 1 4 3 

plate-current, grid-voltage characteristic 
curve. The curve having the general shape of an elongated 
"S," this condition is best obtained by adjusting the steady 
(direct-current) plate and grid potentials to such values that, in 
the absence of any alternating electromotive force in the grid 
circuit, the operating point of the tube coincides with the central 
inflexion point A of the curve (Fig. 143). Symmetrical varia
tions of the grid potential about its steady value then produce 
symmetrical variations of the plate current, which have the same 
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shape as the grid-potential variations, at least as long as these 
are small enough not to extend into the more sharply bent parts 
of the curve. Even then, the positive and negative maxima of 
the alternating current developed in the plate circuit are only 
slightly flattened, and the third harmonic thus introduced in the 
output of the tube generally remains sufficiently small to be of 
no material importance. 

If the direct current operating point of the tube, instead of 
being at point A, lies in one of the bent portions of the curve, at B 
for instance (Fig. 143) symmetrical grid-potential variations pro
duce asymmetrical plate-current variations, introducing a second 
harmonic (double-frequency) component in the output electro
motive force of the tube which thus is a more or less distorted 
reproduction of the input grid electromotive force. This second 
harmonic is greater the more the position of point B differs from 
the inflexion point A, and soon becomes of the same order of mag
nitude as the fundamental frequency term, which is particularly 
objectionable in the case of radio telephony, strong overtones 
being thus created which completely, alter the original 
modulations. 

In order to avoid this condition and permit distortionless ampli
fication, even though the operating point of the tube is not 
adjusted to the center point of the curve (which is not always 
easily done), the so-called push-pull amplification method may be 
used, as described below. This type of amplifier however, being 
closely related to the alternating current frequency doubler, the 
theory of the two devices will be developed simultaneously. 

A push-pull amplifier consists essentially of two identical three-
electrode vacuum tubes operated at the same continuous grid 
and plate potentials, respectively, and excited in phase opposi
tion by the electromotive force to be amplified. The fundamental 
frequency component of the output electromotive force of one 
tube will then also be in phase opposition (that is, 180 deg. out of 
phase) with that of the other tube. But the second harmonic 
(double-frequency term), going through one complete cycle for 
every half-cycle of the fundamental frequency term, will, in the 
two tube circuits, be 360 deg. out of phase, which is equivalent to 
being in phase with each other. If, then, the output windings of 
the two tubes are connected in series and boosting each other, the 
two fundamental frequency terms, being in phase opposition, 
neutralize each other, while the double-frequency components, 
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being in phase with each other, add and constitute the output elec
tromotive force of the device, which then operates as a frequency 
doubler. If, on the other hand, the two output windings are 
connected in series bucking each other, the double-frequency term 
disappears while the fundamental frequency components, being of 
opposite polarities, add to each other (since the windings are 
oppositely connected), and constitute the output electromotive 
force of the device, which is then an undistorted amplified repro
duction of the input electromotive force. 

The actual circuit arrangement is shown in Fig. 144. The 
filaments of the two tubes S and T being connected to each other, 
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FIG. 144. 

the grids of the tubes are respectively connected to the secondary 
terminals of the input transformer M. The middle point of the 
secondary winding of this transformer M is connected to the tube 
filaments through a battery C which serves to adjust simulta
neously the grid potentials of the two tubes to a proper value. 
This battery may actually often be done away with, and is here 
shown for completeness. The plate circuits are energized in 
parallel by a common battery B, and comprise each an output 
transformer N and P, the secondary windings of which are con
nected in series with each other, either boosting, as in Fig. 145, or 
bucking, as in Fig. 144, as explained above. When, then, an 
alternating current is flowing in the primary of the transformer 
M, the alternating electromotive force induced in the secondary 
makes the grids of the tubes alternately positive and negative, 
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but one of the grids becomes positive when the other becomes nega
tive, and conversely. In other words, the grids are excited in 
phase opposition. The alternating grid voltages of the two tubes 
may thus be represented by the curves 1 and 2 (Fig. 146) where 
GBK is the characteristic curve of the tubes, B being the direct-
i , t current operating point. The 
! 1 I plate currents, therefore, increas

ing in the one tube while decreas
ing in the other, and conversely, 
are represented respectively by 
curves 3 and 4, and are seen to 
be of a much distorted shape as 
compared with that of the input 
electromotive force. 

Now, if the secondary windings of the output transformers N 
and P are connected, as in Fig. 145, boosting each other, the out
put electromotive force of the device developed at the terminals 
XX is proportional to the rate of change of the sum of the two 
plate currents. This is 
represented by curve 5, 
which is at every instant 
equal to the sum of the 
corresponding plate-cur
rent intensities shown by 
curves 3 and 4. As seen, 
this comprises a direct-
current component, and 
an alternating-current 
component having a fre
quency equal to twice the 
frequency of the input 
electromotive force, the 
device operates as a fre
quency doubler. If, on 

the other hand, the sec- F l G 1 4 6 

ondary windings buck 
each other, as in Fig. 144, the output electromotive force is 
proportional to the difference of the two plate currents, and, as 
shown by curve 6 (Fig. 146) is a pure amplified reproduction of 
the input electromotive force: the device operates as a sub
stantially distortionless amplifier. 
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Mathematical Theory of the Push-pull Amplifier and Frequency 
Doubler.1—The characteristic curve of the three-electrode vacuum 
tube may be expressed with accuracy, for values of plate current 
comprised between zero and the saturation value, by the relation 

i = ge — me3 + ^> 

where i is the plate-current intensity, e the grid potential, g the 
maximum mutual conductance (slope of the curve at its point of 
inflexion), S the saturation-current intensity, and m a design con
stant of the tube, the grid potential e being taken as equal to zero 
when the plate current i is equal to one-half the saturation value. 
This last condition simply means that when the grid potential e 
is zero the operating point of the tube is at point A (Fig. 143) and 
when it is different from zero, the operating point is on a more or 
less bent part B of the curve. 

A constant potential c being then applied to the grids of the two 
tubes (Fig. 144), which places the direct current operating point 
at B, Fig. 143, suppose an alternating current of frequency co to be 
flowing in the primary winding of the transformer M (Fig. 144). 
An alternating electromotive force 

a — A sin wt 
is then applied to the grid of the first tube, while an equal and 
opposite electromotive force 

— a = —A sin oit 
is applied to the other. 

The grid potentials of the two tubes will then respectively 
be, at every instant, 

ex = c + a, 
and 

e 2 = c — a. 
The corresponding plate currents ii and i2 of the tubes will 
hence be 

i\ = gex — raei3 + ^ 

S 
\ i2 = ge2 - me 2

3 + 
I 1 

1 The method used here was developed by J. ZENNECK, Jahrb. drahi. Tel. u. 
Tel., Vol. 17, No. 1, January 1921, for the study of ferromagnetic frequency 
multipliers. Its application to three-electrode vacuum-tube devices is 
extended in a later chapter to the study of the balanced modulator as used 
in radio telephony, and of the modulator type heterodyne receiver. 



174 RADIO ENGINEERING PRINCIPLES 

If, then, the secondary windings of the output transformers 
N and P (Fig. 144) buck each other, the output electromotive 
force of the device will, as explained above, be proportional to 
the difference of the two plate currents 

i\ ~ ii = g{ei — e 2) — m{ex

% — e 2

3) 
= 2ga - m(6c2a + 2a3) 
= 2(g — 3c2m)a + 2ma3, 

or 
i\ — ii = 2(gr — Zc2m)A sin oit + 2mAs sin3 at 

= A 2(g - Sc2m) - ^ sin wt + sin 3a>£. 

This expression, which represents the operation of the device as 
a push-pull amplifier, thus contains one fundamental and one 
triple-frequency term, the latter of which is generally small as 
compared to the former. It contains no double-frequency term, 
in spite of the fact that the constant grid potential c brings the 
operating point of each tube in the bent portion of its characteristic 
curve. 

If, now, the secondary windings of the output transformers N 
and P (Fig. 145) boost each other, the output electromotive force 
of the device will, as explained, be proportional to the variable 
part of the sum of the two plate currents 

ii + ii = g(ei + e 2) — m(ei 3 + e 2

3) + S 
= 2gc - m(2c3 + 6ca2) + S 
— 2c(g — mc2) + S — 6mca2 

= 2c(g — mc2) + S — QmcA2 sin2 cot 
= [2c(g - mc2) + S - 3mcA2] + 3mcA2 cos 2o>t. 

This expression represents the operation of the device as a fre
quency doubler. It comprises a constant term, written between 
the square brackets, and a double-frequency term which, it will 
be noted, is directly proportional to the constant grid potential c 
and hence disappears when c is made equal to zero, that is, when 
the operating point of the tubes is at the center point of the 
characteristic curve. 



CHAPTER VIII 

THE THREE-ELECTRODE VACUUM-TUBE OSCILLATOR 

A particularly important application of the three-electrode 
vacuum tube is its use for sustaining undamped (or continuous) 
electrical oscillations in an oscillatory circuit. This is achieved 
by suitably coupling or connecting the input (or grid) and output 
(or plate) circuits of the tube to each other and to the oscillatory 
circuit, the process being described in detail below. Direct-
current energy supplied to the plate circuit of the tube is thus 
transformed into alternating-current energy, and the frequency 
of the alternating current generated, primarily determined by 
the constants of the oscillatory circuit, is readily adjustable over 
a wide range, and is remarkably constant, when adjusted. 
This has permitted the construction of simple continuous-wave 
radio-transmitting sets as well as extremely flexible heterodyne 
receiving sets. The vacuum-tube oscillation generator is also 
widely used in laboratory and industrial work as a source of 
constant amplitude sinusoidal alternating current, and the 
frequencies obtainable from this type of generator range from 
the lowest values—on the order of one cycle per second—to values 
as high as 300,000,000 cycles per second, or even more. 

Physical Explanation.—Consider first the circuit, of Fig. 130 
studied in the preceding chapter. With the alternator D impress
ing an alternating electromotive force e between the grid and 
filament of the tube, the effect in the plate circuit is equivalent to 
that of an alternating plate electromotive force he, k being the 
amplification factor of the tube. If the circuit LC has no resist
ance and is tuned to the frequency of the alternator D, then the 
alternating electromotive force ke will set up an alternating 
current in this circuit, without any expenditure of energy. In 
this case, the current set up by the battery B in the plate circuit 
PBLFP remains constant, as was explained in the preceding 
chapter. In practice, the resistance of the circuit is not zero, 
but is very small. An alternating current component then flows 
in the plate circuit, in synchronism with the grid electromotive 
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force, and 180 deg. out of phase with the alternating plate elec
tromotive force. The pulsating plate current then follows a 
dynamic characteristic curve, different from the static character
istic curve of the tube, as explained in the preceding chapter. 

When the tube itself is used as an oscillation generator, the grid 
potential is no longer supplied by an external alternator, but is 
obtained by coupling the grid and plate circuits. Thus, the cir
cuit of Fig. 147 differs from that of Fig. 130 simply in that the 
grid, instead of being connected to the filament through an alter
nator D or other external source of alternating electromotive 
force, is connected to the filament through an inductance coil Lg 

inductively coupled to the coil L of the plate oscillatory circuit. 
When an oscillation is then in some manner started in the cir

cuit LC, the alternating current flowing in its coil L induces an 

therefore across the circuit LC. There are, hence, three possible 
cases, according to whether this electromotive force is equal to, 
greater, or smaller than the original electromotive force operating 
in the circuit LC. 

In the first case, if the electromotive force ke is equal to the 
alternating electromotive force operating in the circuit LC and 
in phase with it, the oscillation in that circuit will be sustained. 

If the electromotive force ke is greater than the electromotive 
force operating in the circuit LC, then the oscillation in that cir
cuit will grow in amplitude. So will also the electromotive force 
e induced in the grid coil Lg, and the effect is cumulative, the 
oscillation in the plate circuit increasing until the grid-voltage 
variations are such that the operating point of the tube describes 
the entire portion of the characteristic curve comprised between 
the upper and lower bends. It then stops increasing, as a further 
increase of the alternating grid potential would no longer produce 
a corresponding or proportional increase of plate current.1 

1 The gradual building up of the oscillations is particularly easy to observe 
in the case of an audio-frequency oscillatory circuit. It is necessary simply 

FIG. 1 4 7 . 

alternating electromotive force e in 
the coil Lg, which is then impressed 
between the grid and filament of the 
tube. As in the preceding instance, 
this alternating grid electromotive 
force e operates like an alternating 
electromotive force ke impressed 
between the plate and filament, and 
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If, finally, the electromotive force e induced in the grid circuit 
is such that the equivalent plate electromotive force he is smaller 
than the electromotive force operating in the circuit LC, then the 
oscillation will not be sustained, but will decrease in amplitude, 
and the induced grid electromotive force will decrease with it. 
The oscillation therefore is damped, but the damping is less than 
that of a free oscillation of the circuit LC, since some energy is 
supplied to the circuit, although insufficient to compensate for 
the energy losses in the circuit. 

The oscillatory circuit LC associated in this manner to a three-
electrode vacuum tube thus functions like an ordinary oscillatory 
circuit in which the ohmic resistance (which as shown in Chap. I 
and II expressed the rate of energy consumption in the circuit) 
would be, more or less, neutralized by a negative resistance, repre
senting the rate at which the tube, through its operation, supplies 
energy to the circuit. When this negative resistance is smaller, 
in absolute value, than the ohmic resistance of the circuit, the 
free oscillation of the latter is damped, but less than if there were 
no negative resistance associated to the circuit. When the nega
tive resistance is equal to the positive resistance of the circuit, an 
oscillation, once started, sustains itself indefinitely. When it is 
greater than the positive resistance, oscillations are generated 
spontaneously in the circuit and increase in amplitude until the 
energy capacity of the system is reached. 

Dynamic Characteristic.—As just stated, the three-electrode 
vacuum tube will, under suitable conditions, set up continuous 
oscillations in the circuit LC. These conditions are that if an 
alternating current i is flowing in the circuit LC and inducing an 
alternating electromotive force 

to connect a telephone receiver in the plate circuit of the tube, and short-cir
cuit the feed-back grid-coupling coil, connecting the grid directly to the 
filament and thereby preventing the generation of oscillations. Suddenly 
opening the short-circuiting switch then puts the tube into oscillating con
dition. The generated oscillations gradually build up in amplitude, producing 
a sound of increasing intensity in the telephone receiver, until they reach 
their final amplitude, when the sound intensity remains constant. Under 
suitable conditions, the building up process may be made to extend over 1 
or 2 sec, or even more, which is readily detected by the ear. When operating 
at higher (ultra-audible) frequency, the building up process is generally much 
more rapid, and it is necessary to resort to some form of oscillograph. 
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And since, as in the case of the alternator-excited circuit, the 
alternating grid and plate electromotive forces eg and ep are 180 

Grid Potential . Tolls 

FIG. 1 4 8 . 

deg. out of phase, the ratio of these two electromotive forces is 
equal to 

— = = constant. eg M 
This constant is, in fact, the ratio of the transformer constituted 
by the two coils L and Lg. 

These conditions may be depicted graphically in the form of a 
dynamic characteristic curve giving the plate current as a 
function of the grid potential. Thus, consider the static charact
eristic curves of the tube itself, as given in solid lines (Fig. 148) 
and let A be the operating point of the tube at a certain instant of 
the oscillatidn cycle. During every cycle, the grid potential oscil
lates back and forth between two extreme limits. The operat-

between the grid and filament of the tube, through the mutual 
inductance M of the grid and plate circuits, the resulting alter
nating plate electromotive force ep will be equal to and in phase 
with the electromotive force induced by the current i across the 
coil L of the oscillatory circuit, that is, equal to 
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ing point A does not, however, describe the static characteristic 
curve of the tube, since the plate potential varies with the grid 
potential, and in opposite direction to it. 

To illustrate, suppose that the ratio of plate to grid potential 
variations is 4 to 1. Then when the grid potential decreases, the 
plate current decreases while the plate potential rises, and the 
operating point A moves over to B along the dotted curve AB, 
the plate potential variation being, in this instance, +50 volts 
while the grid potential variation is —12.5 volts. The reverse 
variation of grid voltage brings about a reverse motion of the 
operating point. Dynamic characteristics for three values of the 
ratio have been shown in dotted lines in Fig. 148, that is, for 
three different values of coupling between the coils L and Lg. 
The effect of varying the coupling is thus to vary the steepness 
of the curve. This is shown in the following paragraphs. 

Effect of Coupling on the Oscillation Amplitude.—Suppose 
the circuit of Fig. 147 to be oscillating. If the coupling 

O C o u p l i n g O o e f i c i e n t 
FIG. 1 4 9 . 

coefficient of the two coils L and Lg is gradually reduced, a given 
alternating grid potential induced in the coil Lg will require a 
gradually increasing alternating current to flow in the coil L. In 
other words, the looser the grid-plate coupling, the stronger 
the oscillation required for inducing a given grid potential. 
The oscillation thus increases with decreasing coupling coefficient, 
until the plate current varies over the entire portion of the char
acteristic curve comprised between the upper and lower bends. 
A further decrease of coupling cannot increase the plate current, 
and the electromotive force induced in the grid coil Lg therefore 
decreases with the coupling until a value of coupling is reached 
where the oscillations stop entirely. 
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On the other hand, if the coupling is gradually increased, the 
generated oscillations decrease in amplitude, and finally stop 
when the coupling is made too tight. Thus maximum oscillations 
will be obtained for a well-defined value of the coupling, which is 
generally only slightly greater than that required for at all 
generating oscillations. 

This dependence of the amplitude of the generated oscillations 
on the degree of coupling of the circuits is represented graphically 
in Fig. 149. 

Quantitative Theory of Oscillation Generation.1—Consider 
the system of Fig. 150, comprising an oscillatory circuit RLC 
inserted in the plate circuit of a three-electrode vacuum tube T 

and coupled inductively to the 
grid circuit of the tube, as in the 
preceding example. Let M be 
the mutual inductance between 
the grid and oscillatory circuits, 
and assume for simplicity the 
resistance R of the oscillatory 
circuit to be all in the inductance 
branch of the circuit, the resist
ance of the condenser branch 
being negligible. Let iL, ic and 

ip be the alternating currents2 flowing respectively in the 
inductance-coil branch LR, condenser C and plate-to-filament 
circuit of the tube, these currents being considered as positive 
when flowing in the directions of the arrows respectively. 

Terming r the internal plate-filament differential resistance of 
the tube and k its amplification factor, it was found in the preced
ing chapter that the alternating-plate current ip, plate potential 
ep and grid potential eg are related by the equation 

rip = ep + keg. 

Since in the present instance 

FIG. 150. 

-RiL - L diL 

dt 

-M dt 
1 See GUTTON, G., Reime Generate de VEleclriciti, Vol. VI, p. 14, 1919. 
2 Superimposed upon the direct current furnished by the battery B. 
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this equation becomes 

r{H ~ ic) = -fit* - (L + kM)^ 

and since, as shown in Chap. II, the condenser current is equal 
to 

l c - CHt> 
it follows that 

1 / diL dHL\ 
to - cy-xdt -L DT2 j, 

so that the equation finally becomes 

or, the ratio R/r in the last term being very small (since the circuit 
resistance R is generally of a few ohms while the internal resist
ance r of the tube amounts to several thousand ohms), 

Now, it was found in Chap. II that the free oscillation of a 
circuit could be expressed by an equation of the form 

This differs from the above in that the resistance R in the second 
/ L + kM\ 

term is replaced by the expression I R + — — 1 and thus 

the circuit LRC associated to the three-electrode vacuum tube in the 
manner shown in Fig. 150 behaves like a freely oscillating circuit 
(not connected to any tube) having same inductance L and capac-

( L + kM\ 
ity C as the actual circuit, but a resistance equal to I R + — ^ — h 
and this equivalent circuit may be considered as an ordinary 
freely oscillating circuit, as shown in Chap. II. 

Now, it was pointed out in the first section of this chapter 
that the operation of the tube as an oscillation generator may be 
considered as equivalent to adding a negative resistance to the 
circuit RLC. Actually, as now shown here, it is the term — ^ — 

which is added to the resistance R of the circuit. In this expres
sion/the quantities L, C, k, r are all positive. The mutual induc
tance M, however, may be made positive or negative, depending 
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on the connection polarity of the grid-circuit coupling coil to the 
grid and filament of the tube. 

If the mutual inductance M is positive, then the resistance 

of the equivalent circuit, equal to R + ^ * s 9reater than 
the resistance R of the actual circuit, and oscillations are 
damped more rapidly than if the circuit LRC was not connected 
to the tube. The tube here serves to choke out the circuit 
oscillations. 

If, on the other hand, the mutual inductance M is negative the 

expression R + ^^q^ m a v be made smaller than R; may in 

fact be made to equal zero or even negative, when 

M < - % R + Ib) 

(that is, when M is negative and its absolute value is greater than 
Crf 

In this latter case, the resultant resistance of the circuit being 
negative, the oscillations do not decrease but on the contrary 
increase logarithmically, that is, at a substantially constant rate, 
until the bends of the dynamic characteristic curve are reached, 
when a stable oscillation maintains itself continuously. Its 
frequency is equal to 

w = Vc^1 + f) ~ 4&(R + ^7 )̂ 
which reduces to 

w = Vcx(x + f) 
when the stable condition is reached. This is but little different 
from the natural oscillation frequency of the circuit when not 
connected to any tube. 

The above condition for oscillation generation, that the mutual 
inductance M be negative and that its absolute value fulfil the 
requirement 

M * c i { R + i ) 
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may also be written 

or 

-M 5; CR + r r 

gM^CR + 
r 

where g is the mutual conductance of the tube, as defined before. 
Now consider the characteristic curve of the tube (Fig. 151) 

and suppose the operating point P of the tube, when not oscillat
ing, to be about the center of the curve, at its point of inflexion, 
which may be obtained by means of batteries of suitable voltages 
in the plate and grid circuits. The mutual conductance g of the 
tube, being equal to the slope of the curve at point P, is thus as 
great as possible, and if the value of M is large enough to fulfil the 
above condition, oscillations will start in the circuit. This means 
that the grid voltage of the tube will oscillate 
either way about its original value, and point 
P describes a portion NS of the curve, deter
mined by the amplitude of the oscillations. 
The average or mean mutual conductance, 
roughly equal to the slope of the straight 
line NS, is then smaller than the original 
value,1 and decreases when the oscillation 
amplitude increases until finally the product 
gM in the above equation becomes so small 
as to be no longer greater, but simply equal to the right-hand 
member of the equation. A stable operating condition is then 
reached. 

Thus, when the direct-current operating point of the tube is 
about the center of the curve, point of maximum mutual conduct
ance g, oscillations start spontaneously when the value M is 
made large enough, and of negative polarity. When, under these 
conditions, the oscillations have grown to such an amplitude that 
the point P describes the whole curve NS, the plate current in the 
tube varies between substantially zero and the saturation value 
Is. The amplitude2 of the alternating-plate current component is 
hence equal to 

1 - J s 

1 HAZELTINE, L . A., Proc. Inst. Radio Eng., April 1918. 
2 HARMS, F., Jahr. draht. Tel. u. Tel., Vol. 15, No. 6, June 1920. 
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and the corresponding alternating-grid voltage amplitude is 

F - / s 

where gm is the mean mutual conductance of the tube (slope of the 
straight line NS). 

And since this alternating grid voltage Eg is induced in the grid 
circuit by the alternating current (of amplitude It) flowing in 
the plate winding L through the mutual inductance M, it is also 
equal to 

Eg = IjpiM, 
from which the current IL in the oscillatory circuit LC may be 
calculated: 

Es _ I. 
oiM 2cogmM 

and since, as explained above, stable oscillations are obtained 
when 

it follows 

gmM = CR + ~ r 

Effect of Grid Voltage on Oscillation.—If now a different con
tinuous potential is applied to the grid, bringing the direct-cur

rent operating point P of the tube around 
one of the bends of the curve, the mutual 
conductance g (equal to the slope of the 

T s P N ~ c u r v e a t point P) becomes smaller. With 
FIG 1 5 2 . the same value of coupling M the product 

gM may still be large enough to permit 
oscillation generation. But it may also become too small, and 
hence require an increase of the grid-plate coupling for permitting 
oscillations to be generated. 

Finally if the direct-current operating point P lies in one of the 
horizontal portions of the curve, the mutual conductance g is 
equal to zero. The product gM is then also equal to zero, irre
spective of how large M is made. Thus, suppose that a negative 
potential is applied to the grid (Fig. 152), bringing the direct cur
rent operating point P of the tube in the lower horizontal portion 
of the curve. If an oscillation is then started in the circuitLC (Fig. 
147) an alternating voltage is induced in the grid circuit, and point 
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P will oscillate about its original position. If these oscillations 
take place, say, between points N and S, both located in the hori
zontal portion of the curve, then the grid-potential variations 
produce no plate-current variations. The tube remains inoper
ative, and the oscillations in the circuit LC die out as if the cir
cuit was not connected to the tube. If, however, the induced 
grid voltage is great enough to make point P oscillate between 
points T and Q, over a part of the ascending curve, then the tube 
will supply energy to the oscillatory circuit during a part of every 
cycle, and this energy may be sufficient to sustain the oscillations 
in the circuit, which then grow until a stable condition is reached, 
as before. But such a large starting alternating grid voltage can 
only be obtained through either or both a strong initial oscilla
tion in the circuit LC and a close coupling between this circuit 
and the grid circuit of the tube. The oscillations in this case do 
not start spontaneously, and when started, set in with con
siderable intensity. 

For even more negative values of the grid potential, the oscilla
tions required for starting the operation are so great that the 
amount of energy supplied by the tube during the short periods 
of plate-current flow is not sufficient to sustain them, and the 
oscillations die out. 

Efficiency of the Vacuum-tube Oscillator.—Suppose the grid 
potential of the tube to be so chosen that the direct-current operat
ing point is about the center of the curve, as in Fig. 151. When 
no oscillations are generated, the power supplied by the plate cir
cuit energizing battery B is equal to the product IPEP of plate 
current and voltage, and is dissipated in the internal direct-cur
rent plate resistance of the tube, being transformed into heat at 
the plate electrode. When oscillations are generated the plate 
current and voltage vary alternately above and below their 
respective steady values. The average plate current and voltage 
are not changed, however, and the average power furnished by 
the battery remains the same. But instead of being all trans
formed into heat at the plate of the tube, a part of it is used to 
supply the resistance losses in the oscillatory circuit. Under the 
most favorable operating conditions, the power supplied by the 
battery is then equally divided between the tube and the oscilla
tory circuit, and the efficiency of the tube as an alternating-cur
rent generator, or more precisely, as a transformer of direct 
current into alternating current is equal to 50 per cent. 
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If the direct-current operating point of the tube is shifted to the 
lower bend of the characteristic curve, however, by using a suffi
ciently large negative grid voltage, the average plate current will 
be decreased, and, as explained in the preceding section, the plate 
current will consist in a succession of short impulses, there being 
one such impulse for every cycle of the oscillation. The efficiency 
of the oscillator may then be increased well above 50 per cent, the 
alternating-current component decreasing, in proportion, less 
than the direct-current component. 

A drawback of this method is that it introduces harmonics 
in the plate current of the tube, and that the difficulties for 
starting the oscillations increase with increasing negative grid 
potential. This latter objection may be remedied in a measure 
by means of the following method: 

Suppose a sinusoidal alternating current is made to flow 
through the primary winding of a transformer A (Fig. 153). A 

sinusoidal alternating electromotive force will be induced in the 
secondary winding of this transformer, and a current will flow in 
the circuit connected to this winding. In this circuit, comprising 
a rectifier B, current will flow when the electromotive force 
induced in the secondary winding of the transformer A varies 
from zero to, say, its positive maximum and back to zero, but not 
during the following, negative, half-cycle. The duration of 
this current impulse is thus equal to that of one half-cycle of the 
input current. If this current impulse be made to flow through 
the primary of a transformer C, an electromotive force will be 
induced in the secondary of this transformer, which will be posi
tive when the current in the primary rises from zero to its maxi
mum value, and negative when the current decreases back to 
zero. The circuit comprising a rectifier D, this induced elec
tromotive force will set up a current in the circuit in one direction 
only, say when it is positive, and the resulting unidirectional 
impulse thus generated in the circuit has a duration equal to 
one quarter-cycle of the original input current. 

A c 
1 
> 

FIG. 153. 



THE THREE-ELECTRODE VACUUM-TUBE OSCILLATOR 187 

If a third and fourth rectifier circuit E and F be added to the 
system, the unidirectional impulses set up in these circuits will 
flow during one-eighth and one-sixteenth cycle of the original 
input current, respectively, and the phase of these impulses, 
that is, the point of the cycle of the input current at which they 
take place, is determined by the connection polarity of the 
various successive rectifiers.1 

An application2 to the three-electrode vacuum tube oscillator 
is shown in Fig. 154, where the coupling of the grid circuit to 
the oscillatory circuit LC is made through one rectifier D. The 
alternating current flowing in the oscillatory circuit LC induces 
an alternating electromotive force in the rectifier circuit, in which 
a unidirectional current flows during one-half cycle only. This 
induces an electromotive force in the grid circuit consisting of a 
positive and a negative impulse, each 
of a duration equal to one quarter-
cycle of the alternating current flow
ing in the circuit LC. If the grid is 
made sufficiently negative, by means 
of a battery E, normally to stop the 
plate-current flow in the tube, such 
plate current will only flow during the positive grid-voltage 
impulse, and this may be large enough, for suitable transformer 
ratios, to make the plate current of the tube vary from zero to 
the maximum, saturation, value. Of course, instead of one 
intermediate rectifier circuit, a chain of such circuits may be used, 
as just explained, for further shortening the duration of the 
plate-current impulses, and increasing the oscillator efficiency. 
It should be noted however that at the same time the amount of 
power supplied to the oscillatory circuit during each impulse 
decreases, hence also the oscillation amplitude decreases. 

Typical Oscillator Circuits.—In the previous discussion the 
conditions were established which must be secured if a vacuum-
tube circuit is to sustain continuous oscillations. Qualitatively 
speaking, it is simply necessary to couple the plate and grid 
circuits of the tube to a common oscillatory circuit (or oscillatory 
circuit arrangement) and in such a manner that the resulting 
grid-to-plate coupling will be negative. The number of possible 
circuits answering these requirements is very large, and the actual 

1 This system constitutes, in fact, one branch of a frequency multiplier. 
2 British Patent 213562 to Western Electric Company and H. W. Nicholls. 

FIG. 154. 
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quantitative relations are special in almost every case. They 
are, however, often easily obtained in a manner similar 
to that followed in the previous sections for the particular circuit 
considered. Despite their differences, these various vacuum-
tube circuits may be classified in a few fundamental circuits, 
which will be briefly described here. 

Thus, the oscillatory circuit may be coupled to either the grid 
or the plate circuit of the tube, or to both these circuits together. 
Also, the couplings may be electrostatic or magnetic, or both. 
In all these circuits, an oscillation started in the oscillatory circuit 
induces an electromotive force in the grid circuit, and the 
grid-potential variations produce corresponding plate-current 

f f U M I r r 
L . » _ l 

PIG. 1 5 5 . FIG. 1 5 6 . 

variations which in turn induce an electromotive force in the oscilla
tory circuit, which is in phase with and equal to (or greater than) 
the electromotive force operating in this circuit. 

As a first example, the circuit of Fig. 155 differs from that 
of Fig. 147 in that the oscillatory circuit LC is inserted in the 
grid circuit of the tube instead of the plate circuit. The plate 
circuit here simply comprises a coil Lv coupled inductively to 
the grid coil L, which at the same time constitutes the inductance 
of the oscillatory circuit. The mode of operation is readily 
understandable from the preceding remarks. 

In the arrangement of Fig. 156, the grid and plate circuits 
of the tube are independently coupled to the oscillatory circuit 
LC. Proper operation is obtained for suitable values of the grid 
and plate couplings, which may be done, as in the preceding 
examples, by moving the coupling coils toward or away from the 
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inductance coil of the oscillatory circuit, or rotating them more or 
less, altering correspondingly the mutual inductance. 

Another form of the last arrangement is shown in Fig. 157, 
in which parts of the oscillatory circuit inductance are inserted 
directly in the plate and grid circuits respectively. The self-
induced electromotive forces set up in these winding parts by 
the oscillation current operate then in these circuits. They are 
made of opposite polarities, as required for oscillation generation, 
by connecting the filament to a point of the circuit inductance 
located between the points connected to the grid and plate. By 
making the filament connection point a sliding contact, as in Fig. 
158, the ratio of plate and grid inductance may readily be altered, 
and the feed-back coupling may thus be set to its proper value. 

In all the above examples, the alternating component of the 
plate current flows through the battery B which furnishes the 
direct current to the plate circuit of the tube. In order to reduce 
high-frequency energy losses in the resistance of this battery, 
and also the disturbing effects of the electrostatic capacity 
between battery and ground, it is well to shunt the battery by 
a by-pass condenser, as shown in dotted lines in the diagrams. 

Another way is to connect a choke coil of large inductance in 
series with the plate-circuit battery, connecting this in parallel 
with the high-frequency plate circuit. Figure 159 shows an 
arrangement derived from that of Fig. 155, the oscillatory cir
cuit LC being connected in the grid circuit of the tube, while the 
plate circuit is coupled magnetically to its inductance L through a 
coupling coil Lp. The plate circuit is energized by a battery B 
connected to the filament and plate through a choke coil K. The 
plate-circuit coupling coil Lv is connected between the filament 
and plate of the tube, through a condenser H placed in series with 

FIG. 158. FIG. 157. 
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it, in order to prevent the flow of direct current through the coil 
Lp, which would otherwise short-circuit the circuit branch BK. 
An oscillation being then started in the oscillatory circuit LC, an 
alternating electromotive force e finds itself impressed between 
the filament and grid of the tube. The plate circuit being ener
gized by the battery B in series with the choke coil K, an alter

nating electromotive force sub
stantially equal to ke is developed 
between the plate and filament, as 
explained in connection with Fig. 
129 (amplifier operation of the 
tube). This alternating electromo
tive force being impressed upon the 
circuit branch LPH, an alternating 

l p * | current will flow through the latter, 
^ C which will induce an oscillation sus-

F l G - 1 5 9 - taining electromotive force in the 
circuit LC through the magnetic coupling of the coils L and Lp. 
This induced electromotive force will, of course, be greater the 
greater the alternating current flowing through the coilLj,, and this 
in turn depends on the electrostatic capacity of the condenser H. 
If this be made very small, only a small alternating current flows 

Cg L Cp 

FIG. 1 6 0 . FIG. 1 6 1 . 

through the coil Lp, which may not be sufficient for sustaining 
the oscillations in the circuit LC. Thus, by suitably adjusting 
the capacity of the condenser H it is possible to regulate the 
amount of power fed back from the plate circuit into the oscil
latory circuit LC. This constitutes, so to speak, an electrostatic 
control of the magnetic feed-back coupling of the plate and grid 
circuits. 
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A purely electrostatic coupling arrangement is shown in Fig. 
160, which is the counterpart of that of Fig. 157. The capacity 
of the oscillatory circuit is constituted by the condensers Cv and 
Ca which are inserted, respectively, in the plate and grid circuits 
of the tube, the reactive potential drops across these condensers 
constituting the alternating plate and grid operating electro
motive forces. Direct current is fed to the plate, as in the preced
ing example, by a battery B connected in series with a choke coil 
K, a series energization of the plate circuit being here impossible 
on account of the plate coupling condenser Cv which insulates the 
plate from the filament. In the same manner, the grid-coupling 
condenser Cg insulating the grid from the filament, a conductive 
grid-to filament must be provided, through a choke coil S or a 
high resistance in order to provide a leakage path for the negative 
charge which would otherwise accumulate on the grid, when the 
latter collects electrons from the filament during the positive half-
cycles of the alternating electromotive force. 

Electrostatic feed-back coupling is also possible when the oscil
latory circuit is connected in only one of the grid and plate cir
cuits, as shown for instance in Fig. 161, where the circuit LC is in 
the plate circuit, and in Fig. 162, where it is in the grid circuit. 
Considering this last example, an oscillation started in the circuit 
LC impresses an alternating electromotive force e between the 
grid and filament of the tube. The plate circuit being energized 
by a battery B in series with the choke coil K, an alternating elec
tromotive force ke is developed across the ends of the circuit 
branch BK, that is, between the plate and filament, as in the 
case of amplifier operation of the tube. If now a condenser H be 
connected between the plate and grid, the oscillatory circuit LC 
will be connected, through this condenser, across the filament and 
plate, and a fraction of the alternating plate electromotive force 
ke will be impressed upon the circuit LC where it will, if large 
enough, sustain the original oscillation. 

The operation of the arrangement of Fig. 161, in which the 
oscillatory circuit LC is inserted in the plate circuit and the choke 
coil K in the grid circuit, may be explained along similar lines. 

The operation is based upon the fact that the reactance of the 
choke coil K is great at the operating frequency. An infinite 
reactance, constituted by an oscillatory circuit tuned to the oper
ating frequency, may be used in its place, the arrangement being 
shown in Fig. 163. An oscillatory circuit is inserted in the plate 
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circuit of the tube and a second oscillatory circuit, tuned to the 
first circuit, in the grid circuit. 

It is noteworthy that the coupling condenser H is connected 
in parallel with the condenser formed by the plate and grid within 
the tube. The internal grid-to-plate capacity of the tube thus 
forms a part of the feed-back capacity, and is indeed sufficiently 
great, in many cases, for permitting the generation of continuous 
oscillations without the addition of any external coupling con
denser. This is particularly the case when the oscillations gener
ated are of high frequency, when the reactance of the internal 
grid-plate condenser is correspondingly small. 

This property, which in the present case is the useful feature of 
the oscillation generator, is a serious cause of trouble in radio-

FIG. 1 6 2 . F i o . 1 6 3 . 
frequency cascade amplifiers, which in this manner become 
capable of spontaneously generating oscillations, preventing 
the proper operation of the amplifier. This will be discussed 
presently. 

Oscillation Generation and Neutralization in Cascade Ampli
fiers.—Consider one of the intermediate tubes of a radio-fre
quency cascade amplifier, as described in the preceding chapter, in 
Fig. 133 or Fig. 134, for instance. 

The plate circuit of this tube comprises a high impedance, 
across which the pulsating plate current of the tube builds up its 
output electromotive force. The grid circuit, on the other hand, 
comprises the high impedance belonging to the external plate cir
cuit of the directly preceding tube. The grid and plate circuits 
being coupled to each other through the internal grid-to-plate 
capacity of the tube, the same conditions are seen to obtain as in 
the last examples of oscillation generators, and it thus often occurs 
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that for this reason the amplifier spontaneously breaks into oscil
lation, the generated oscillations drowning out the signals to be 
amplified, and preventing the proper operation of the amplifier. 

This generation of oscillations may be prevented in several 
different manners: 

1. The ohmic resistances of the grid and plate external imped
ances may be increased, by means of a rheostat, for instance, 
until the positive resistance of the circuits becomes greater than 
the negative resistance developed by the tube. This, however, 
decreases the frequency selectivity of the amplifier and artificially 
increases the energy losses. 

2. An equivalent method consists in giving to the grid of the 
tube a slightly positive potential, which makes it possible for 

FIG. 164. 

the electrons emitted by the filament to enter the grid circuit. 
Energy losses are thus created in this circuit, which absorb the 
excess of energy supplied by the tube, and prevent oscillation 
generation. 

3. A better method, not based on the creation of additional 
energy losses in the circuits, is based on the fact, stated in a 
preceding section, that a negative coupling is required between the 
plate and grid circuits in order that the tube may generate oscil
lations, a positive coupling producing the opposite effect, which 
is to dampen out or prevent the oscillations. 

A negative coupling being, in the present case, provided 
through the internal grid-to-plate capacity of the tube, its action 
may hence be neutralized or compensated by establishing a 
positive coupling of suitable value between the plate and grid 
circuits \ This positive coupling may be electrostatic or magnetic, 

1L. V. Hazeltine, Wireless World, April 1923. 
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but is preferably constituted in such a way as to have the same form 
as the negative coupling circuit, the action of which it is intended 
to neutralize. In this manner the positive and negative coupling 
reactions vary in the same direction when the operating frequency 
is altered, and compensate each other over the entire frequency 
range of the amplifier. 

Thus, Fig. 164 represents one of the intermediate tubes T of a 
multistage cascade amplifier. The grid of this tube is connected 
to the filament through an oscillatory circuit LC coupled induc
tively to the plate circuit of the preceding amplifier tube through 
the interstage coupling transformer G, of which the inductance L 
constitutes the secondary winding. The plate circuit of the tube 
T, energized by the battery B, comprises the primary winding P 

FIG. 

of the transformer M through which it is coupled to the following 
amplifier tube. When then an alternating current flows through 
the primary of the transformer G, an oscillation is set up in the 
circuit LC, alternately varying the grid potential of the tube T. 
This in turn varying the plate current of the tube, an amplified 
alternating electromotive force is induced in the secondary 
winding S of the transformer M, operating the following tube of 
the amplifier. 

But at the same time a self-induced electromotive force is set 
up across the primary winding P of the transformer M through 
the pulsation of the plate current of the tube T. And one end 
(the filament end) of this winding P being connected directly to the 
circuit LC, while the other end of this winding is connected to 
this same circuit through the condenser constituted by the plate 
and grid of the tube, this self-induced electromotive force will 
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Another alternative consists in connecting, between the fila
ment and plate of the tube, a circuit branch AN (Fig. 166) compris
ing a condenser A and coil N, the latter being coupled inductively 
to the input oscillatory circuit LC of the tube. The alternating 
electromotive force developed across the coil P through the 
operation of the tube sets up an alternating current in this 
circuit branch AN which induces in circuit LC an alternating 
electromotive force, and this, for a suitable connection polarity of 
the coil N and proper capacity of the condenser A, may be made 
equal and opposite to the electromotive force impressed upon this 
same circuit LC by the coil P through the internal grid-plate 
capacity of the tube. 

The coil N need not be a separate coil, but may be the primary 
winding of the interstage coupling transformer used for coupling 
the output (plate) circuit of the preceding tube to the input 
(grid) circuit of the tube T of the amplifier. 

A 

FIG. 166. 

be impressed back upon the circuit LC where, as shown in the 
preceding section, it will sustain continuous oscillations. 

If now a winding N, coupled to the winding P, is connected 
to the circuit LC, one end directly, the other through a condenser 
A, the electromotive force induced in it will, similarly, be 
impressed on the circuit LC; and if the connection polarity of the 
winding N is suitably chosen, the electromotive force impressed 
by it upon the circuit LC will be of opposite polarity to that due 
to the winding P, which it will hence neutralize exactly for a 
proper capacity of the condenser A. 

Of course, instead of using a separate secondary winding N, 
the ordinary secondary winding S of the interstage coupling 
transformer M may be used, as shown in Fig. 165. 
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Or else, the transformer NL may be replaced by an autotrans-
former, as shown in Fig. 167: the filament of the tube is connected 
to an intermediate point of the grid-circuit inductance L. One 
end of this inductance is connected to the grid, while the other 
is connected to the plate, through a condenser A. Due to the 
alternating electromotive force developed in the plate circuit, 
across the ends H and K of the winding P, an alternating current 
will then flow, on the one hand, in the circuit branch comprising 
the portion F of the inductance L and the condenser A, and on the 
other hand in the circuit branch comprising the portion D of the 
inductance L and the condenser formed by the grid and plate of 
the tube. The currents flowing in the two portions D and F of 
the inductance L are thus in opposite directions, hence also the 

capacity of the condenser A. If this be made slightly less than 
required for complete neutralization, then some energy is fed back 
from the plate to the grid circuit, not sufficient to sustain oscilla
tions in it, but still capable of reinforcing the signals. 

Strictly speaking, the preceding methods prevent oscillation 
generation due to energy feed-back through the internal capacity 
of the tube. But oscillations may also be generated in cascade 
amplifiers due to the fact that the stray electrostatic and magnetic 
fields developed in the various parts of the apparatus interlink 
more or less, particularly when the amplifier is of small overall 
dimensions. It is then necessary to electrostatically and magnet
ically shield the various condensers, coils, transformers, etc., or 
to place them in such relative positions that their fields do not 
link with each other (staggering the inductance coils for instance, 
or placing them at right angles to each other), and in some cases 
to reverse the connection polarity of certain of the coils, in order 
to reverse their fields. 

Special Short-wave Oscillator Circuits.—The circuit arrange
ments described above for the generation of oscillations by means 

electromotive forces induced by 
them in the coil L. Complete 
neutralization is then obtained 
when, for a suitable capacity of the 
condenser A, these two are of equal 
magnitude. 

FIG. 167. 

In all the above methods, it is 
possible to regulate the extent of 
neutralization by means of the 
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of three-electrode vacuum tubes may be used for almost any 
value of frequency. When generating currents of extremely 
high frequency (of the order of 250,000,000 cycles per second), 
these circuits assume particularly simple shapes, for the tube and 
the wires connecting it to its batteries are sufficient to provide 
the required inductance and capacity. Thus1 the circuit of Fig. 
168 is the equivalent of that of Fig. 157. The wires shown in 
heavy lines constitute the grid and plate inductance, while the 
capacity is constituted by the internal grid-plate capacity of the 
tube. A large condenser shunts the plate-circuit energizing 
battery, which is, like the filament heating battery, connected 
in series with choke coils, in order to confine the high-frequency 
currents to the oscillatory circuit. In making the plate and grid 

FIG. 1 6 8 . FIG. 1 6 9 . 

wires about 1 ft. long, the generated current has a fundamental 
frequency of the order to 80,000,000 cycles per second, and con
tains fairly strong second, third, and fourth harmonics. 

Another arrangement,2 shown in Fig. 169, makes use of two 
tubes operated symmetrically. The filaments being connected 
together, the grids of the two tubes are connected to each other 
by an inductance coil L while the plates are connected by a coil 
M wound oppositely to coil L. Each coil being shunted by a 
condenser, the middle point of the grid coil L is connected to the 
filaments, while the middle point of the plate coil M is connected 
to the positive terminal of the energizing battery B, the negative 
terminal of which is connected to the filaments. The tubes thus 

1 GUTTON and TOTTLY, Comptes Rendus Academie des Sciences, Vol. 
168, p. 271, Paris, 1919. 

2 MESNT, R. , "Lesondes tres courtes," Onde Electrique, p. 26, January 1924. 
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operate 180 deg. out of phase with each other, the grid of one tube 
being positive when that of the other is negative, and conversely. 

For very high-frequency generation, the condensers reduce 
to the internal tube capacities, while the inductances M and L 
are single-turn windings of opposite directions, as shown in Fig. 
170, and of a few inches diameter.1 

Comparatively strong oscillations may be generated by this 
method, even at very high frequencies, and the arrangement being 
symmetrical, the wires connecting the batteries to the circuit 
cany no high-frequency currents, so that the choke coils and 
by-pass condensers may be dispensed with entirely, and the 
effects of battery capacity to ground are also eliminated. 

A 1 I 
FIG. 170. 

Radio Telegraph Transmitting Circuits.—Vacuum-tube oscil
lators as described above are widely used in undamped (continu
ous) wave radio telegraph transmission, for setting up 
high-frequency alternating currents in the antenna circuit. The 
methods used differ somewhat, however, depending on whether 
the apparatus is that of a stationary high-power station, or of a 
small low-power set, a portable field, or airplane radio set, for 
instance. 

High-power Sets.—In the instance of high-power sets, a 
comparatively low-power vacuum-tube oscillation generator of 
one of the forms described above is used, operated under condi
tions which insure as pure a sinusoidal output current as possible, 
even though this does not permit the most efficient operation. But 
since the oscillator is of low power, efficiency considerations do 
not matter much at this point. The high-frequency alternating 
electromotive force thus generated serves as the input electro-

1 MESNY, R., loc. cit., Onde Electrique, p. 28 , Januarj 1924. 
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motive force of a power amplifier which, in its last stage, feeds 
the antenna circuit. This power amplifier is operated at maxi
mum efficiency, which involves the use of high plate potentials, 
negatively charged grids, and, in the last stages, filter circuits 
for eliminating the harmonics which, as explained before, are 
unavoidable when the vacuum-tube fundamental frequency out
put is made very large. 

Keying, the function of which is to let the antenna circuit 
radiate energy at a certain predetermined wave length when the 
key is closed, and to stop such radiation when it is open, may 
be effected in two different manners, depending on whether the 
key, when open, entirely stops the oscillations in the antenna, 
or simply changes the wave length of these oscillations. 

The first method is accomplished in placing a simple make-
and-break key or relay in the plate or grid circuit of one of the 
amplifier tabes, in one of the first low-power stages. Opening 
either one of these circuits stops the operation of the amplifier, 
and the currents which are interrupted by the key are small 
(particularly when the key is in the grid circuit of the tube). 

The second method requires the key to operate in the oscillation 
generator circuit. The key is then so connected that, when 
closed, it short-circuits a part of the inductance of the oscillatory 
circuit (or connects a small additional capacity in parallel with 
the main circuit condenser), thus changing the frequency of the 
generated oscillations. With the modern receiving methods, 
the amount of detuning required is extremely small, so that the 
antenna current and radiated energy arc practically the same at 
the signal and detuned frequencies. 

This permits the simultaneous transmission of several messages 
over the same antenna circuit, utilizing for all messages the same 
oscillation generator, and each message being transmitted with 
the full power of the station.1 Thus consider the case of two 
messages being transmitted simultaneously. Two keys will be 
installed, in such a manner that, when closed, they will each 
detune the oscillation generator by different amounts, the fre
quency of the generated oscillations being, say, A when the first 
key is closed alone, B when the second key is closed alone, and C 
when the two keys are closed together. Radiation at these three 
frequencies will be practically the same if these frequencies differ 
only by a small percentage. At the receiving station, three 

1 ABRAHAM, H. and R . PLANIOL, Onde Electrique, pp. 381-386, July 1922. 
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receiving circuits are used, tuned respectively to the frequencies 
A, B, C, and so arranged that one recorder will be operated 
equally well from the receivers A and C, while another recorder 
is operated equally well from the receivers B and C. 

Low-power Sets.—Low-power sets may, like the higher-power 
sets, comprise a "master oscillator" supplying the input electro
motive force to a small power amplifier. But they may also 
simply employ a vacuum-tube oscillator for the direct excitation 
of the antenna circuit. 

Thus, Fig. 171 is essentially the same circuit as that of Fig. 
156, with the exception that the oscillatory circuit LC of the latter 
is here an open radiating oscillatory circuit (antenna) instead of 
a closed non-radiating circuit. The circuit may be so designed 
as to require no feed-back coupling adjustment over a fairly 

of t̂he key opening the plate or grid circuit, as the case may be, 
and stopping the operation of the oscillation generator, which 
then resumes when the key is closed. The detuning method of 
keying may also be used by connecting the key across one or 
two turns of the antenna inductance. 

The advantage of this circuit is its simplicity, the only adjust
ments required being that of the antenna wave length and of 
the plate and grid couplings, in order to come within the condi
tions of oscillation of the tube. 

In this connection, it should be remembered that the greater 
the decrement of the oscillatory circuit, the greater the amount 
of power to be supplied to that circuit by the plate circuit of 
the tube in order to compensate for the energy losses and sustain 
continuous oscillation. On the other hand, there is an upper 
limit to the alternating-current power which may be supplied 
by any tube operating under given direct-current conditions of 

FIG. 171. 

A e r i a l 

G r o u n d 

wide range of frequencies. The 
only adjustment then required is 
that of tuning the antenna circuit 
so that it will have a natural fre
quency equal to that which is to 
be transmitted. This is done by 
means of a variable inductance or 
capacity inserted in the antenna 
circuit. The key may be inserted 
at point a in the plate circuit, or 
b in the grid circuit, the opening 
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filament, grid, and plate voltages, as explained in detail in a 
previous section. 

Now, in the present case, the oscillatory circuit continually 
loses energy by radiation into space. In fact, the greater the 
amount of energy this circuit radiates, the better it performs its 
function as a transmitting antenna. It follows that, on account 
of the large energy losses in the antenna circuit, this transmitting 
circuit requires, for satisfactory operation, a vacuum tube of 
large power capacity and large amplification factor. The circuit 
will not operate satisfactorily with a low-power tube and large 
antenna, and may even be entirely inoperative with an antenna 
circuit having too large a radiation for the tube in use. 

In order to overcome this tendency of the circuit of Fig. 171 
to refuse to oscillate, an intermediate oscillatory circuit may be 
used, as shown in Fig. 172. , , , 

antenna circuit, tuned to the 
frequency of the circuit LqC, is coupled loosely to it, a small 
alternating current will be set up in it, involving correspondingly 
small radiation. As the coupling is made tighter, an increasing 
amount of energy is removed from the closed oscillatory circuit 
LPC and radiated by the antenna, and the coupling may thus 
gradually be increased until as much power is radiated as the 
tube capacity permits. A further increase of antenna coupling 
will then prevent the generation of oscillations, as in the case 
considered before. This method permits the use of tubes of as 
low power as desired (less than 10 watts alternating-current 
power capacity), a desirable feature for short-range sets used in 
crowded districts. 

It should be noted however that in many cases, as will be 
explained presently, the antenna may not be coupled to the cir
cuit LPC as closely as just stated. Suppose once more the 
antenna to be loosely coupled to the vacuum-tube oscillator cir-

Temporarily considering the 
antenna circuit as non-exist
ent, the vacuum-tube oscilla-

V S i L ^ ' A e r i a l 

tor circuit is seen to be the - i -
same as that of Fig. 147. For z=lB 

suitable adjustments, strong 
continuous oscillations are 
then set up in the plate oscilla
tory circuit LPC. If now the 

FIG. 172. 
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cuit. The key being then closed, with the circuit LPC set to 
the desired wave length, and the grid-plate coupling adjusted for 
maximum amplitude of the generated oscillations, the antenna 
circuit may be tuned in the usual way, by adjusting its variable 
condenser, and the current in the antenna circuit will pass 
through a well-defined maximum when the antenna and tube 
circuits have the same natural frequency. 

If the antenna, instead of being loosely coupled, is coupled 
closely to the vacuum-tube oscillator circuit, the process becomes 
more complicated due to the fact, mentioned in a preceding 
chapter, that the antenna circuit and the oscillatory circuit 
LVC now constitute a system having two natural frequencies, 
irrespective of whether or not the two circuits are, individually, 
tuned to a same natural frequency. 

It was shown in Chap. II that such a system oscillates freely 
at its two natural frequencies simultaneously: these are in every 
respect equally possible and the resulting oscillation current 
varies in amplitude at a certain "beat" frequency, as explained 
before. However, in the case of the three-electrode vacuum-
tube oscillator, oscillations of one frequency only are generated, 
due to the fact that, although the oscillations of the system may 
be considered as "free" (since they are not due to any external 
alternating electromotive force, but are generated through the 
action of the circuit itself), certain limiting factors and condi
tions are introduced by the internal operating characteristics of 
the tube, and by the manner in which the tube is related to the 
oscillatory circuit system (that is, by the values and nature of the 
plate and grid couplings), which make one oscillation frequency 
more probable or possible than the other. 

Thus, with the tube oscillating and the antenna circuit closely 
coupled to it, if an attempt be made to tune the antenna circuit 
to the oscillator circuit, (by adjusting its variable condenser in 
such a manner as to vary its natural frequency u> from a large 
value to a small one), the current in the antenna circuit, as 
measured by a hot-wire ammeter inserted in it, will be found to 
increase, somewhat as shown by the curve AA (Fig. 173) even 
after the resonance frequency co0 (for which the natural frequen
cies of the two circuits, considered individually, are equal) has 
been reached, until the natural frequency of the antenna circuit 
reaches a value a>i, smaller than the resonance frequency coo, 
where the antenna current suddenly drops to a smaller intensity, 
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continuing then to decrease along curve B as the natural fre
quency of the antenna circuit is further reduced. 

If, on the other hand, the antenna circuit's natural frequency 
is increased, by varying the antenna condenser in opposite direc
tion, the antenna current will increase as shown by curve B, 
until a frequency w2, greater than co0, is reached, when the antenna 
current intensity suddenly falls back to a small value, continuing 
then to decrease along curve A when the natural frequency of the 
antenna circuit is further increased. 

If finally the antenna circuit's natural frequency has been 
adjusted to some intermediate value co3, the antenna current being 
then as given by the curve A, the opening and then closing of 
the telegraph key will bring the current down to the value corre
sponding to curve B. 

The curves A and B may, in other cases, have shapes different 
from those shown in Fig. 173, as will be seen in a later paragraph. 

Corresponding results are obtained if the actual frequency of 
the generated oscillations is measured (for instance by means of a 
wavemeter loosely coupled to the system), as represented in Fig. 
174. Thus, starting with a small value of the antenna circuit 
natural frequency u, the oscillation frequency ft will be greater 
than the resonance frequency O0 of the individual circuits, and 
increases until the value co2, greater than co0 is reached, when the 
operating frequency suddenly decreases below the value ft0. If 
the natural frequency of the antenna circuit be now decreased, the 
oscillation frequency decreases until a value «i , smaller than co0, is 
reached, when the oscillation frequency suddenly rises to a value 
greater than fi0. These sudden frequency changes, like the sud
den amplitude changes, occur after the circuits have been 
adjusted, through the opening and closing of the telegraph key. 

N a t u r a l F r e q u e n c y o f A n t e n n a C i r c u i t C i r c u i t 
FIG. 173. FIG. 174. 
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An understanding of these conditions may be obtained by 
considering1 the two coupled circuits A, B as equivalent to a 
single (fictitious) oscillatory circuit the inductance, capacity 
and resistance of which are variable and may be calculated in 
function of the constants and mutual coupling of the actual 
circuits A and B, and of the operating frequency.2 To this 
equivalent circuit may then be applied all that has been said 
above concerning the ordinary single-circuit vacuum-tube 
oscillator. 

1 For a detailed mathematical development of the method described 
here, see HABMS, Jahrb. d. drakt. Tel. u. Tel., Vol. 15, No. 6, pp. 442-457 , 
June, 1920. 

2 In other words, the secondary load created by the coupled circuit B is 
transferred to the primary circuit A. This reduction of a two-circuit system 
of fixed electrical constants to a single oscillatory circuit the characteristics 
of which are functions of the frequency may readily be understood as 
follows: When an alternating electromotive force of gradually increasing 
frequency is applied to a simple oscillatory circuit of constant inductance, 
capacity and resistance, the reactances of the coil and condenser vary in 
opposite directions, as explained in Chap. II, and become equal to each 
other at a given frequency value of the applied electromotive force, when 
resonance is said to obtain. 

If, now, a second circuit is coupled magnetically to the coil of the 
"primary" circuit, the current flowing in this primary circuit induces a "sec
ondary" current in the second circuit, which, in turn, induces an electro
motive force in the coil of the first circuit. The electromotive force across 
the inductance coil of the first circuit thus comprises the self-induced electro
motive force due to the primary current (as in the case of a single circuit) 
and the electromotive force induced in the coil by the secondary current. 
Now, the amplitude and phase of the electromotive force induced back 
into the primary inductance coil by the secondary current will, if the 
secondary circuit comprises inductance, resistance and capacity, depend 
on the operating frequency. The ratio E/I of the effective electromotive 
force across the primary inductance coil and current in the primary circuit, 
which defines the reactance of the coil in the case of a single circuit, hence, 
now defines an impedance, since the electromotive force and current in 
the coil are no longer 90 deg. out of phase with each other. The two-
circuit system may therefore be considered as equivalent to a single oscil
latory circuit like the original primary circuit but in which the original 
inductance is replaced by an impedance, as just denned, that is, by a series 
arrangement of a resistance (which adds to the resistance of the original 
primary circuit) and an inductance or capacity (which correspondingly 
alters the total inductance or capacity of the circuit). The electrical 
characteristics (inductance, resistance and capacity) of the single circuit 
equivalent to the two-circuit system are, thus, functions of the inductances, 
resistances and capacities of the two coupled circuits and of the operating 
frequency, as stated in the text. 
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In particular, the operating frequency will be substantially 
equal to the natural frequency of the circuit. Only, as pointed 
out in Chap. II, the system constituted by the two coupled cir
cuits A and B, and hence also its equivalent single circuit, 
possesses two natural frequencies, and the question arises as to 
which one of these two frequencies will be the actual operating 
frequency of the vacuum-tube oscillator. 

Now, for each capacity value of the actual secondary circuit 
B, we may compute the natural frequencies 0' and 0" of the 
coupled circuit system, and for each of these two frequencies 
may be calculated the corresponding inductance, capacity and 
resistance L', C, R', and L", C", R", of the equivalent single 
circuit. Putting each of these two sets of values respectively 
into the equation expressing the condition for oscillation gen
eration, as given at bottom of page 182 or top of page 183, it 
becomes possible to find which set satisfies the operating condi
tion of the tube. 

It is thus found that the first set of values L', C, R', which 
corresponds to the higher frequency 0', satisfies the equation 
for all values of secondary (or antenna) circuit capacity greater 
than a certain critical value C\, while the second set L", C", 
R", which corresponds to the lower frequency Q", and satisfies 
the equation for all values of secondary circuit capacity smaller 
than some other value C2. 

Now, these two limiting values Ci and C2 of the secondary 
circuit capacity, above or below which one or the other of the 
two oscillation frequencies becomes a possible operating fre
quency of the system, depend on the tightness of the mutual 
coupling of the primary and secondary circuits A and B, on the 
adjustments of the oscillator tube circuits (mutual couplings 
of the grid and plate circuits to each other and to the primary 
circuit A, etc.) and on the internal characteristics of the par
ticular tube used. 

Different cases are thus possible, depending on the relative 
values of Cx and C2. Thus, in the cases illustrated in Figs. 
175 and 176, the value C\ is smaller than C2. This creates 
an overlapping range Ci — C2 within which both oscillation 
frequencies Q' and 0" are possible operating frequencies for the 
vacuum-tube oscillator. On the other hand, if, as in Fig. 177, 
the value Ci is greater than C2, operation is impossible at either 
frequency, within the range Ci — C2, and the tube will, hence, 
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refuse to oscillate within this range of values of the secondary 
circuit capacity. 

Consider again the instances of Figs. 175 and 176. It should 
be noted that, while both frequencies 0' and 0" are possible 
operating frequencies for the vacuum-tube oscillator, for values 

A n t e n n a C o n d e n s e r C a p a c i t y A n t e n n a C o n d e n s e r C a p a c i t y 
FIG. 1 7 5 . FIG. 1 7 6 . 

of the secondary circuit capacity comprised between C\ and C2, 
these two frequencies are not equivalent to each other, hence, not 
equally possible, and the amplitude of the generated oscillations 
will generally not be the same at the two operating frequencies 
for any given value of the secondary capacity setting, nor will 
the stability of the two oscillations be the same. This is pri
marily due to the fact that the circuit system is associated to a 
vacuum tube, the operating characteristic of which is curved, 
and should be contrasted with the case of free oscillations, as 

described in Chap. II, where the two 
oscillation frequencies are generally 
equally possible, and the two oscillations 
take place simultaneously. 

In the present case, it may generally 
be stated that, within the range d — 

A n t e C a p a d r f n a e r <?2, the stable oscillation frequency is 
FIG. 1 7 7 . the one corresponding to the smaller 

oscillation amplitude, and this is the 
oscillation which for instance will set in when the key, 
after being opened, is closed again. The other oscillation may 
then be regarded as an unstable continuation of the oscillatory 
condition of the system, obtained when the secondary circuit 
capacity is gradually varied or adjusted from some value out
side the range Ci — C2 to some value comprised within this 
range. And, indeed, this oscillation will cease if some disturb
ance sets in, such as the opening of the telegraph key, for instance, 
as stated before. 



THE THREE-ELECTRODE VACUUM-TUBE OSCILLATOR 207 

However, this is not an absolute rule for all cases, particularly 
when the two possible operating frequencies are comparatively 
much different from each other, the stable oscillation being 
then that which most rapidly reaches its final amplitude and 
substantially in the smallest number of cycles. 

The building-up speed of the oscillations thus enters into 
play, and together with it must be considered the negative 
resistance which may be developed by the tube, at each of the 
two possible operating frequencies, during the building-up 
process of the oscillations. A theory of these phenomena may 
thus be established by considering the decrements of the circuit 
system at the two frequencies, which decrements may be regarded 
as compensated by the "negative decrement" developed by 
the tube in each case. This standpoint, however, is implicitly 
included in the above mentioned equations of pages 182 and 
183 expressing the condition for oscillation generation. 

It will be noted, also, from the nature of the phenomena, 
that similar conditions will obtain not only for the vacuum-tube 
oscillator but also for all systems in which direct current (from 
a battery or generator) is transformed into alternating current 
or continuous oscillations by means of some variable negative 
resistance device, such as the carbon arc for instance, associated 
with a circuit combination having a plurality of "free" oscilla
tion frequencies; or, in other words, for all circuit systems having a 
plurality of free oscillation frequencies and in which the resist
ance is a function of the current amplitude in the circuit and 
of the operating frequency. 

As stated before, all these irregularities disappear when the 
antenna coupling is made sufficiently small, the reaction of the 
antenna current on the vacuum-tube circuit being, then, negligible. 

Of course, similar phenomena take place if the closed oscillatory 
circuit is being tuned to the antenna circuit instead of the 
antenna circuit being tuned to the closed circuit. Also, the 
fact that one of the circuits (the antenna circuit) is an open 
oscillator does not matter particularly; the property applies to 
any system of coupled oscillatory circuits having a plurality of 
oscillation frequencies. 

MULTIVIBRATOR AND NEGATIVE-RESISTANCE CIRCUITS 

If the input and output circuits of a multistage transformer or 
choke-coil coupled cascade amplifier are mutually coupled to 
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each other, closing the amplifier cascade or chain upon itself, 
continuous oscillations will be generated for a proper polarity 
and degree of the coupling. The frequency of the generated 
oscillations is, then, determined by the inductance and distributed 
capacity of the amplifier interstage transformer or coupling coil 
windings. 

Conditions are different in the case of a resistance-capacity 
or resistance-battery coupled amplifier, for the interstage coupling 
elements do not then constitute oscillatory circuits. There 
being, however, important applications of the properties of such 
resistance coupled cascade amplifiers in which the output electro
motive force of the last stage is made to excite the input circuit 
of the first stage, these will be briefly discussed below. 

FIG. 178. 

Multivibrator.1—Consider a resistance-capacity coupled cascade 
amplifier, such as described in connection with Fig. 137, and 
suppose that the electromotive force developed in the plate cir
cuit of the second tube, instead of being impressed upon the grid 
circuit of a third tube, is impressed back upon the grid circuit 
of the first tube. The resulting circuit arrangement, shown in 
Fig. 178, comprises then two tubes T and T' the plates circuit of 
which comprise, respectively, the batteries B and B' and resist
ances R and R'. The filament and grid of each tube are connected 
to the terminals of the plate circuit resistance R and R' of the 
other^tube, this connection being, further, made through con
densers C and C which prevent the high continuous potential 
drop across the resistances R and R' from being impressed onto 

1 ABRAHAM and BLOCH, Ann. de Physique, 9° serie, X I I , p. 237. 
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the grids. The latter, being then insulated from the rest of the 
circuit by the condenser dielectric, are conductively connected 
to the filaments through resistance r and r', as explained in the 
preceding chapter. 

If then the resistances R and R', resistances r and r', condensers 
C and C", batteries B and B', and tubes T and T' are, respectively, 
identical to each other, the system will be in equilibrium if the 
plate currents in the two tubes have the same intensity. This 
state of equilibrium is unstable, however, as will be shown 
presently. The plate current of tube T, flowing through the 
resistance R, produces a potential difference between the ends of 
the latter directly proportional to the plate-current intensity 
and of such polarity as to make the filament end of the resistance 
positive with respect to the battery end. Now, the armatures of 
the condenser C being connected to the ends of the resistance R, 
the condenser C becomes charged to this potential difference, 
and when the system is in equilibrium, the armatures a and b of 
the condenser C are at the same potentials, respectively, as the 
battery and filament ends of the resistance R. There is thus no 
potential difference across the resistance r' connecting the arma
ture b to the filament end. of the resistance R, and, consequently, 
the grid of the tube T', being connected to the filament through 
this same resistance r', is, hence, also, substantially at the same 
potential as the filament. The same remarks apply to the corre
sponding circuit elements of the other tube. 

Now suppose that in some manner the plate current of tube T 
is varied slightly from its equilibrium intensity: decreased, for 
instance. The potential difference across R decreasing corre
spondingly, the condenser C will discharge in order that the voltage 
across its armatures may remain equal to that across the resist
ance R. This means that an electric current will flow in the 
condenser circuit in the direction br'Ra, and a potential difference 
will be developed across the resistance r' the condenser end 6 of 
which will become positive with respect to its filament end. 
But the grid of tube T' being connected to the filament through 
this same resistance r', a positive potential will thus be applied 
to it, and the plate current of tube T' will correspondingly increase. 

This in turn increases the potential drop across R'. The 
condenser C being connected to the ends of the latter, a charging 
current will flow in its circuit in the direction a'R'rb' in order to 
raise the condenser voltage to the new value of potential differ-
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once across R'. But this current, flowing through the resistance 
r, produces a potential difference across it, which makes its 
condenser end b' negative with respect to its filament end. And 
the grid of tube T being connected to the end b' of the resistance 
therefore becomes also negative, which produces a decrease of 
the plate-current intensity in tube T. 

The original small decrease of plate current in tube T is thereby 
made larger, and the process continues, the plate current decreas
ing in tube T and increasing in tube T', until limited by the 
lower and upper bends of the tube, characteristic curves being 
reached. But a stoppage of the operation producing also a 
stoppage of the condenser currents, hence, of the current flow 
through the resistances r and r', there will no longer be any 
potential difference across the ends of these resistances, and 

FIG. 179. 

the grids of the tubes will suddenly be at the same potential as 
the filaments. This, in turn, produces a corresponding increase 
of the current in the tube T and decrease of the current in the 
tube T', so that the operation described above repeats itself in 
opposite direction. 

The system thus continuously oscillates, the condensers C and 
C alternately charging and discharging through their resistances 
Rr and R'r. The frequency of the oscillations is determined by 
the values of the capacities C,C and resistances (R + r) and 
(R' + r1) of each of the circuits CRr, C'R'r'. The amplitude 
depends on the ratio C/(R + r) and also on the "feed-back ratio" 
R/r of the system. 

Instead of using the circuit of Fig. 178 it is generally employed 
under the form shown in Fig. 179, which differs from the preced
ing one simply in that the plate circuits of the two tubes are ener-
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gized by a single common battery B. This battery, it will be 
noted, is then included in the condenser circuits, but this does 
not alter the mode of operation, which is the same as described 
above. 

A property of these devices is that the generated oscillations 
are not sinusoidal but, on the contrary, contain a very large num
ber of multiple-frequency components or harmonics of large 
amplitude, hence the name of multivibrator given to the devices. 
This property finds application, particularly, in the calibration of 
wavemeters. Thus, a multivibrator of low fundamental fre
quency (say of the order of 1,000 cycles per second) may have its 
fundamental frequency adjusted to equal exactly the oscillation 
frequency of some standard pendulum or tuning fork—or better, 
the standard pendulum or tuning fork may, in some suitable man
ner, be made to generate electrical impulses of its own frequency 
and drive the multivibrator fundamental frequency into step with 
its own frequency. The fundamental frequency of the multi
vibrator having then an accurately known value, its harmonic 
frequencies are at once known also, being exact multiples of this 
fundamental frequency, and may thus be used for exciting the 
wavemeters under calibration. 

Negative Resistance Circuits.1—Consider a resistance-battery 
coupled cascade amplifier, such as shown in Fig. 136, and sup
pose that the electromotive force developed in the plate circuit of 
the second tube, instead of being impressed upon the grid circuit 
of a third tube, is impressed back upon the grid circuit of the first 
tube. The resulting circuit arrangement, shown in Fig. 180, 
comprises, then, two tubes T and T' the plate circuits of which 
comprise, respectively, the batteries B and B' and resistances R 
and R'. The filament and grid of each tube are connected to the 
terminals of the plate circuit resistances R or R' of the other tube, 
this connection being, further, made through batteries C and C 
of such voltage and polarity that the grid voltage of the tubes 
(respectively equal to the direct-current potential drop across R 
or R' plus the voltage of the battery C or C") is substantially equal 
to zero, as measured with respect to the filaments. 

If, then, the corresponding circuit elements of the two tubes are 
respectively identical, the system will be in equilibrium if the 
plate currents in the two tubes have the same intensity. But this 
state of equilibrium is unstable, as will be understood presently. 

1 British Patent 148582 to Eccles and Jordan. 
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Thus, suppose the operating equilibrium to be disturbed, even 
only very slightly and temporarily, for instance, by giving a slight 
positive impulse to the grid of tube T, thereby increasing the 
plate current of this tube. This will increase the potential drop 
across the resistance R and, hence, make the grid of tube T' more 
negative. This, in turn, decreasing the plate-current intensity in 
tube 7", reduces the potential drop across the resistance R' and 
renders the grid of tube T more positive. The small initial posi-

FIG. 180. 

tive impulse on the grid of tube T is thereby reinforced, and the 
process continues until the plate currents in the tubes T and T' 
reach a maximum and minimum value, respectively, as deter
mined by the bends of the characteristic curves. The operating 
condition thus reached constitutes a stable equilibrium. 

If, however, an impulse in the opposite direction reverses this 
equilibrium, even if only slightly, then the process described 
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above repeats itself in opposite direction, until the plate current 
in tubes Tand T'are, respectively, a minimum and a maximum, a 
stable equilibrium being then reached. 

Between these two stable operating conditions, the device oper
ates like a negative resistance and may be used for amplifying 
small electromotive forces. It is simply necessary that the elec
tromotive force to be amplified be sufficiently large to start the 
reversal of operating conditions, the reversal proceeding then all 

FIG. 181. 

by itself until the power capacity of the tubes is reached. The 
minimum electromotive force required for such operation may be 
reduced by connecting the grids of the tubes to an intermediate 
point of the resistances R and R', as shown in Fig. 181. 

The amplifying property of the device may be used in many 
different manners. Figure 181 illustrates its use for oscillation 
generation in the circuit LC". A small oscillation started in this 
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circuit sets up an alternating potential difference between points 
M and N and, hence, produces an alternating-current flow in the 
circuit branch MBR'N, correspondingly varying the grid poten
tials of the tubes. An amplified and in-phase reproduction of this 
electromotive force is then developed between points MN, 
through the operation of the device as described above, which 
serves to build up and sustain the oscillations in the circuit LC". 



CHAPTER IX 

THE THREE ELECTRODE VACUUM-TUBE RECEIVER 

THE SIMPLE THREE-ELECTRODE VACUUM-TUBE DETECTOR 

Two-electrode Vacuum-tube Detector.—The operation of the 
three-electrode vacuum tube detector may be better understood 
by first considering the two-electrode or Fleming valve detector.1 

The circuit used, as shown in Fig. 182, is the same as that of 
Fig. 87, except that the crystal detector is here replaced by the 
plate-filament space of a two-electrode vacuum tube. A battery 
A is used for heating the filament, but no battery is connected 

between the plate and filament, so that normally there is no elec
tron flow from filament to plate, hence no current in the plate 
circuit PLTFP.2 

When a signal is being received, the incoming waves set up a 
high-frequency alternating current in the antenna circuit, and a 

1 This constitutes, historically, the first application of thermionic phenom
ena to radio: British Patent 24850, November 1904 to J. A. Fleming. 

2 This is true only when the plate is connected to the negative end of the 
filament, as shown in the figure. If connected to the positive end of the 
filament, the plate is positive with respect to the negative end of the filament, 
and will attract the electrons emitted by this negative portion of the 
filament. 

A e r i a l 

— G r o u n d 
FIG. 182. 

2 1 5 
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high-frequency alternating electromotive force is developed across 
the secondary coil L and condenser C, and is applied between 
the plate and filament of the tube. The plate then becomes alter
nately positive and negative, and an electric current flows through 
the tube during those half-cycles (and those only) when the plate 
is positive with respect to the filament. 

This current, as shown in the second curve of Figs. 84 and 110, 
is thus unidirectional and pulsating, and may be considered as 
composed of a direct current, equal to its average value, super
imposed on high-frequency alternating current of frequency equal 
to that of the incoming oscillations. 

If, as in continuous-wave telegraphy, these oscillations are 
unmodulated, that is, of unvarying amplitude during a dot or a 
dash, the direct and alternating components of the rectified or 
"detected" current are also constant, and no sound is produced 
in the telephones. The direct-current component may, however, 
actuate a telegraph relay connected in place of the telephone 
receiver, and serve to record the received signals. 

If, on the other hand, the incoming waves are of variable ampli
tude (damped or modulated waves), the direct and alternating 
components of the rectified current vary correspondingly, and 
the telephone receivers will be actuated and produce a sound. 

Of course, in order that the high-frequency electromotive 
force developed across the coil L may be applied upon the 
detector tube, the telephone winding must be shunted by a small 
capacity by-pass condenser, as explained in the case of the crystal 
detector. The high-frequency alternating component of the 
detected current then passes through this condenser, while the 
direct current and the low or audio-frequency current components 
pass through the telephone windings. 

Three-electrode Vacuum-tube Detector. Grid Detection.— 
Instead of connecting the telephone receiver directly in the 
detector circuit, as shown in Fig. 182, the received signals may, 
after detection, be amplified by means of a three-electrode vacuum 
tube. A high impedance (resistance or low-frequency choke coil) 
is then connected in the detector circuit in place of the telephone 
receiver (shunted by a by-pass condenser S for permitting the 
high-frequency electromotive force to be impressed upon the 
detector D, as explained before). The direct and low-frequency 
components of the detected (rectified) current, passing through 
this high impedance, set up a potential difference between its 
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ends, constituting the output electromotive force of the detector 
circuit. This output electromotive force is then applied between 
the grid and filament of a three electrode vacuum tube operating 
as a low-frequency amplifier and energizing the telephone receiver 
connected in (or coupled to) its plate circuit. For this purpose 
the grid and filament of the three-electrode tube are respectively 
connected to the ends of the detector-circuit impedance. 

Thus (Fig. 183) the antenna circuit AG is coupled to the tuned 
secondary circuit LC across which is connected, as before, the 
two-electrode detector tube1 D in series with the high impedance 
Z (connected in place of the telephone receivers) shunted by the 
high-frequency by-pass condenser S. One end of the impedance 
Z is connected to the grid of the three-electrode low-frequency 

FIG. 183. 

amplifying tube T, the other end being connected to the filament 
of this tube T. In the figure, this latter connection is made 
through the coil L which, having low resistance and small low-
frequency reactance, is practically equivalent to a direct connec
tion between the filament and impedance Z. The plate circuit 
of the tube T contains the energizing battery B and telephone 
receiver H. 

As explained in the preceding section, incoming waves set up 
a high-frequency alternating current in the antenna circuit, 
inducing a high-frequency electromotive force in the tuned 
secondary circuit LC, which is impressed between the plate and 
filament of the detector tube D, through the by-pass condenser S. 
The resulting unidirectional rectified electric current (as opposed 
to the electron current) then flows through the detector circuit 

1 Filament battery omitted for simplicity. 
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in the direction FLZPF, giving rise to a potential difference 
between the ends of the impedance element Z, hence, also 
between the grid and filament of the tube T, and producing 
corresponding variations of the plate current of tube T. 

From the direction of current flow FLZPF as just mentioned, 
and with the connections as shown in the figure, the ohmic-
resistance potential drop across the impedance Z produced by the 
rectified current is of such polarity as to make the grid of the tube 
T negative with respect to the filament by an amount which is a 
direct function of the amplitude of the received signals, which 
results in a corresponding decrease of the plate-current intensity in 
tube T. The reactive potential drop across the impedance Z, on 
the other hand, is proportional to the amplitude variations of the 
received signals. Applications of these remarks will be described 
further below. 

Now, it will be noted that the grid and filament of the tube T 
are respectively connected to the plate and filament of the 
detector tube D. Like the plate of the tube D, the grid of tube T 
becomes alternately positive and negative with respect to the 
filament when a signal is being received, and the grid-filament 
combination of the three-electrode tube T will operate in the 
same manner as the plate-filament combination of the two-
electrode tube D, and like the latter constitutes a rectifying 
detector. The two-electrode tube D may hence be done away 
with, its function being accomplished in exactly the same manner 
by the grid and filament of the tube T, which thus operates 
simultaneously as a detector and a low-frequency amplifier. The 
only difference is, that the rectified current being now much 
smaller, the impedance Z must be made correspondingly larger 
in order that the rectified current may produce across it a poten
tial difference of sufficient magnitude. In other words, the 
internal grid-filament resistance of the tube being, in general, 
greater than that of the usual two-electrode vacuum-tube 
detector, the impedance Z must be increased also in order to be, 
as required, of the same order of magnitude as this internal 
grid-filament resistance—generally from 1 to 5 megohms, depend
ing upon the particular type of tube used. 

The circuit thus reduces to that of Fig. 184. The impedance 
Z is here shown as an ohmic resistance (constituted, for instance, 
by a strip of paper coated with india ink or graphite, or a carbon 
or metal film deposit on a glass rod, etc.). The rectified current 



THE THREE-ELECTRODE VACUUM-TUBE RECEIVER 219 

flows, in the external grid circuit, from the filament through the 
coil L, resistance Z, on to the grid, and produces a potential drop 
across Z which, as stated before, makes the grid end of this resist
ance Z more negative than its filament end. A received signal 
thus produces a decrease of the plate-current intensity, propor
tional to (or a direct function of) the received-signal intensity, 
and, hence, variable in the case of modulated or damped-wave 
reception, producing in this case a sound in the telephone receiver 
connected in the plate circuit of the tube. 

Summarizing the above, rectification of the received signal 
current takes place in the grid circuit of the tube. The grid must 
hence be connected, through the resistance Z and tuned circuit 
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FIG. 184. 

LC, to the negative end of the filament, in order that the incoming 
oscillations may make it alternately positive and negative and 
become rectified. On the other hand, the tube operating also as 
an audio-frequency amplifier, its plate-battery potential must be 
so chosen that it will operate over the straight portion of its plate-
current, grid-voltage characteristic curve. And since all received 
signals produce a decrease of the plate-current intensity, maxi
mum operating range will be obtained if the operating point of 
the tube, when no signals are being received, is around the upper 
part of the straight portion of the curve, which can be obtained" 
by utilizing a fairly low plate potential. A somewhat higher 
plate voltage may also be used, but this requires a slight positive 
potential to be given to the grid, such as obtained in connecting 
it to the positive instead of the negative end of the filament, as 
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just stated, which brings the grid-operating point near the sharp
est bend of the grid-current, grid-voltage characteristic curve. 

On the other hand, instead of an ohmic resistance, the imped
ance Z may be constituted by a low-resistance coil of large induc
tance1 (low-frequency iron-core choke coil), as shown in Fig. 185. 
The circuit is then limited to the reception of damped or modulated 
waves.2 Thus, the rectified current, which flows in the grid cir
cuit when incoming oscillations make the grid alternately positive 
and negative, consisting of a succession of unidirectional high-
frequency impulses of slowly variable amplitude (due to the 
audio-frequency modulation), may be considered as constituted 
of a high-frequency alternating component, which is by-passed 

W G 
FIG. 1 8 5 . 

by the condenser S, a direct-current component, which produces 
no appreciable potential drop across the 1,000 or 2,000 ohms resist
ance of the coil Z, and an audio-frequency alternating component 
which develops an alternating potential difference of same fre
quency across the coil Z. The resulting grid-potential variations 
operate the tube, which therefore operates as a low-frequency 
amplifier. Unlike the preceding case, the grid-potential varia
tions being here alternating, the operating point of the tube, in 
the absence of any received signals, must preferably be in the 
center part of the straight portion of the grid-voltage, plate-cur
rent characteristic curve. 

1 BARTHELEMY, R . , "La detection par self," in "La T. S. F. moderne," 
Paris, November 1924. 

2 Under modulated waves are comprised the voice-modulated waves of 
radio telephone sets, as well as continuous waves modulated at some audible 
or superaudible frequency, or continuous waves modulated at the receiving 
station through some heterodyne method. 
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NOTE.—The operation of the three-electrode vacuum tube 
as a detector through grid rectification and employing a shunted 
resistance in the grid circuit (Fig. 184) may also be explained in a 
different manner.1 Thus, consider the circuit of Fig. 184, and 
suppose the resistance Z to be infinitely great, or disconnected. 
When, then, no oscillations are being received, a steady current 
Ip flows in the plate circuit under the action of the battery B. 
There is no current flowing in the grid circuit, since the grid is 
insulated from the filament by the condenser S. The grid then 

Time—> 

FIG. 186. 

assumes the potential corresponding to zero current in its circuit. 
In the case of a tube free from all gas, as assumed here,2 this grid 
potential is zero. When the antenna circuit is then energized 
by incoming oscillations, say, a succession of damped waves emit
ted by a spark transmitting set, an oscillatory current is set up in 

1 This second manner is less general, in that it does not lead to the prin
ciple of using a low-frequency impedance, such as a choke coil, as done above. 
But it permits an easier understanding of the "blocking" of the tube for too 
great a grid-leak resistance. 

2 The case of a tube containing an appreciable amount of gas is discussed 
by Ralph Bown, Phys. Rev., Vol. X, No. 3, p. 253, September 1917. 
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- —- Ground 

FIG. 187. 

plate-current, grid-voltage characteristic curve is not a straight 
line, especially at its upper and lower ends. Thus, consider a 
three-electrode tube connected, as shown in Fig. 187, to a radio 
receiving circuit. The filament F is heated by the battery A. 
The plate circuit FBTPF comprises the telephone receiver Tand is 

1 This is because the grid is a cold electrode, and only a heated body, like 
the filament, can emit electrons. 

the circuit LC, and an alternately positive and negative electro
motive force appears at the terminals of the coil L. This alter
nately charges the grid positively and negatively through the 
condenser S. In the positive half-cycle, the grid attracts some 
of the electrons present in the tube. In the negative half cycle, 
however, it does not lose these electrons again,1 and a negative 
charge thus builds up on the grid at every cycle, the cumulative 
effect of which is to produce a decrease of plate current during the 
entire wave train. After the incoming damped oscillation has 
died out, it is necessary to remove the negative charge from the 
grid in order to restore the original conditions for the arrival of 
the following wave train. In the case of a tube containing gas, 
this charge automatically leaks off through the gas of the tube. 
In the case of a highly evacuated tube, it is necessary to shunt the 
condenser S with a high resistance Z of 1 to 5 megohms in order to 
provide a leakage path for the charge. The operation of the tube 
is illustrated by the curves of Fig. ,186 which are self-explanatory. 

Plate Rectification.—The three-electrode vacuum tube may 
also be used as a detector by taking advantage of the fact that the 
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energized by the battery B which sets up a current Ip in the plate 
circuit. The grid G is connected to the filament through the 
inductance L 2 and a battery and potential divider. By means 
of the latter, the grid potential may be adjusted to such a value 
Eg that, under the steady conditions prevailing when no oscilla
tions are being received, the operating point of the tube is some 
point M or N of either bend of the characteristic curve1 (Fig. 
188). 

Thus, assume that when no oscillations are received the plate 
potential furnished by the battery B and the grid potential Eg 

result in a steady current Ip flowing in the plate circuit, the oper-

FIG. 188. 

ating point M being on the lower bend of the curve (Fig. 188). 
If an oscillation is then received by the antenna, an oscillatory 
current will be set up in the circuit L 2C 2 (Fig. 187) and an alternat
ing electromotive force will appear across the coil L2. This alter
nating electromotive force is impressed between the filament and 
grid of the tube, producing at every cycle substantially equal and 
opposite variations + e of the steady grid potential Eg. Plotting 
these in Fig. 188, the resulting variations i\ and t 2 of the plate 

1 If the plate potential furnished by the battery B is suitably chosen, it is 
possible to do away with the grid battery and potentiometer. Thus, 
referring to Fig. 126, it is seen that for a plate potential of 100 volts, the 
lower bend of the curve corresponds to a grid potential of about zero, for 
the particular tube considered, which makes the use of a grid battery 
unnecessary. 
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current Ip are seen to be unequal, due to the bend of the character
istic curve. Thus, symmetrical variations of the grid voltage 
produce asymmetrical variations of the plate current, as a result 
of which rectification occurs. That is, whereas the operation of 
the three-electrode vacuum tube as an amplifier about the center 
portion of the straight part of its characteristic curve simply 
results in a substantially undistorted amplified reproduction of 
the grid electromotive force, asymmetrical amplification as used 
here gives rise, in addition to the high-frequency plate current 

UAa. J W j W — 

Time > 

FIG. 189. 

component, to a direct-current (rectified) component proportional 
to (or direct function of) the amplitude of the received signals, 
hence variable if these are damped or modulated, producing then 
a sound in the telephone receiver. 

These conditions are illustrated in Fig. 189. The upper curve 
shows the symmetrical variations of the grid potential about its 
normal steady value Eg under the effects of the incoming oscilla
tions. The resulting plate current corresponding to the various 
instantaneous values of grid potential is found by referring to 
the characteristic curve of Fig. 188, and the plate-current curve 
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of Fig. 189 is thus obtained, showing the symmetrical variations 
of grid potential producing asymmetrical variations of the plate 
current about its normal steady value Iv. The resulting deflec
tion of the telephone receiver diaphragm is shown in the lower 
curve. 

Obviously the operation of the tube about a point N of the 
upper bend of the curve is similar to that about the lower bend, 
except that the incoming oscillations produce at every cycle a 
large decrease and small increase of the plate-current intensity, 
instead of a large increase and small decrease, as in the case studied 
above. The operation about the lower bend is generally a better 
practice, as the steady current Ip flowing in the plate circuit 
when no oscillations are being received is smaller than in the 
case of the upper bend, and the battery B furnishing this current 
is therefore not so rapidly exhausted. 

An advantage of the plate-rectification method is that, being 
not based on the use of any current in the grid circuit, the steady 
plate and grid voltages may be so chosen that the grid remains 
always negative with respect to the filament during reception of 
the signals and absorbs no power whatever from the tuned receiv
ing circuits, which are hence in no way damped by the presence 
of the detector. This advantage is offset, however, by the fact 
that a grid-potential adjusting battery is required, which compli
cates the apparatus. The grid-rectification method described 
before is therefore more widely used, particularly as the damping 
of the circuits resulting from the grid current may, if required, be 
compensated for through regenerative amplification, as explained 
in the following sections. 

THE NON-OSCILLATING REGENERATIVE DETECTOR 

Simple Regenerative Amplification.—In the preceding discus
sion of the simple three-electrode vacuum-tube detector, the 
detected or rectified current was seen to comprise a direct and 
low-frequency component, and a high-frequency component. 
Only the direct and low-frequency components were used, while 
the high-frequency component appeared as useless and was either 
by-passed by a suitable shunt condenser, or choked out by the 
reactance of the telephone receiver winding, or other circuit 
components. 

The high-frequency component may, however, serve for the 
radio-frequency amplification of the received signals. Referring 
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to Chap. VIII, it is simply necessary to provide a negative "feed
back" coupling between the plate and grid circuits of the tube, as 
in the case of a three-electrode vacuum-tube oscillation generator, 
but making this coupling loose enough so that the tube will not 
of itself generate continuous oscillations. 

When signals are being received, the high-frequency plate-
current component then induces an electromotive force in the 
input circuit of the tube, through this feed-back coupling, which 
is in phase with the high-frequency electromotive force set up in 
this input circuit by the incoming signals, and these are thereby 
amplified. Any one of the vacuum-tube oscillation generator 
circuits of Chap. VIII may be used for this purpose (provided the 
feed-back coupling is loosened as just stated). 

Thus for instance, the circuit of Fig. 190 comprises an antenna 
circuit AG, coupled to a vacuum-tube detector circuit which is 
essentially the same as that of Fig. 184, except for the fact that 
coils L' and L" are inserted in the grid and plate circuits, respec
tively, and loosely coupled to each other. Considering then, for 
example, a damped incoming oscillation, this sets up in the antenna 
circuit an oscillating current of same frequency and general 
damping characteristics. Through the coupling between the 
antenna and secondary tuned circuit LL'C, energy is transferred 
to the latter, building up a damped, high-frequency oscillation 
in it and operating the detector tube as described before. In 
addition to the low-frequency impulse, this produces in the plate 
circuit of the tube a high-frequency alternating current which, 
flowing through the coil L", induces an electromotive force in the 
coil V which, for a negative coupling polarity of the two coils, 
is in phase with the oscillating electromotive force operating in 
the circuit LL'C. Energy is thus synchronously supplied by the 

FIG.. 190. 
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plate circuit to the oscillatory grid circuit, partly compensating 
for the resistance losses in that circuit, and thereby increasing the 
amplitude of the oscillations, and hence, also, the strength of the 
signals heard in the telephones. 

The circuit here described was chosen merely for the simplicity 
of explanation. Other circuits, such as that of Fig. 159, are 
actually better suited, as they permit a very smooth and fine 
adjustment of the feed-back coupling, enabling the tube to be 
operated very near to its oscillation point, without reaching it, 
however. 

As explained in the case of the three-electrode vacuum tube 
oscillation generator, in Chap. VIII, the regenerative operation of 
the tube is equivalent to inserting in the oscillatory grid circuit 
a negative resistance which partly neutralizes the positive ohmic 
resistance of the circuit. This neutralization grows as the feed
back coupling between plate and grid circuits is tightened. Now, 
as the resistance of the circuit is thus being decreased, the damping 
of the circuit is also lessened, and a point is reached when this 
damping is so small that the oscillations set up in the circuit by 
incoming waves can no longer follow the modulations accurately 
enough to permit their faithful reproduction in the telephone 
receiver.1 This, together with the fact that for a tighter coupling 
the tube breaks into oscillation, limits the amount of amplifica
tion which may usefully be obtained by this method. 

Superregenerative Amplification.—As just explained, the 
amplification of received signals through the regenerative method 
cannot be increased indefinitely by tightening the feed-back 
coupling, due to the fact that a point is reached when the negative 
resistance developed by the tube becomes greater, in absolute 
value, than the positive ohmic resistance of the circuit, in which 
continuous oscillations are then generated. The so-called super-
regenerative method of reception,2 however, by preventing such 
oscillation generation in a manner described further below, per
mits the feed-back coupling to be given a much tighter value, 
greater than normally required for oscillation generation, and 

1 This may be explained in considering that a modulated wave, as set 
forth in the chapter on radio telephony, comprises a plurality of frequency 
components, and the smaller the circuit decrement, the sharper its frequency 
selecting action, so that for a tight feed-back coupling, the circuit singles out 
one or a few only of the frequency components of the modulated wave, 
correspondingly distorting the modulations. 

2 ARMSTRONG, E. H., Proc. Insi. of Radio Eng., 10, 244, 1922. 
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extremely powerful amplification of the received signals is thus 
obtained without the objectionable distortion mentioned in the 
preceding section. 

In order to understand the underlying principle of this method, 
consider again the regenerative receiving circuit of Fig. 190. For 
a very loose coupling between the coils L' and L", the resistance 
of the tuned input circuit LL'C is positive. If the coupling of L' 
and L" is gradually made tighter, the regenerative action of the 
tube enters into play more and more, introducing a negative 
resistance in the circuit and reducing its total resistance, until a 
point is reached when this total resistance becomes zero, after 
which, for still greater values of the coupling, the circuit resist
ance becomes negative and the tube starts generating continuous 
oscillations in it. 

But the value of negative resistance introduced by the tube 
in the circuit LL'C may be adjusted in a variety of other possible 
manners. Thus, for instance, the feed-back coupling being kept 
unchanged and fairly tight, the voltage of the plate-circuit ener
gizing battery B may be given a smaller or a greater value. For 
a small plate-battery voltage the tube then develops only a small 
negative resistance, and operates simply as a regenerative ampli
fier. For a large plate voltage, the regenerative action increases, 
and for still larger voltages the tube starts generating oscillations 
in the circuit. 

Still a different way is to increase or decrease the positive 
resistance of the grid oscillatory circuit LL'C (by means of a 
rheostat inserted in it, for instance). The tube then will or will 
not generate oscillations in this circuit, depending on whether the 
negative resistance developed by it is greater or smaller, respec
tively, than the positive resistance of the circuit. 

Now, suppose an alternating electromotive force E, of fre
quency equal to the natural frequency of the grid oscillatory 
circuit LL'C, to be impressed upon the system, such as when a 
signal is being received. If the total resistance R of the circuit is 
positive (positive resistance greater than the negative resistance 
developed by the tube, as determined by the operating conditions), 
this electromotive force E rapidly establishes in the circuit an 
alternating current which, since resonance conditions are estab
lished (circuit tuned to the frequency of the energizing electro
motive force), is equal to 
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In the case of a received signal, this current is, at best, very small, 
and if the electromotive force E be suddenly removed, the current 
is rapidly damped out by the positive resistance, as represented 
by a curve of the form of Fig. 33. 

If the resistance B of the circuit is nearly equal to zero1 (posi
tive resistance of the circuit but little different from the negative 
resistance introduced in it by the tube), the impressed electro
motive force E produces a current in the circuit which ultimately 
reaches a very great value. But due to the fact that the damping 
of the circuit is nearly zero, the time required for the current to 
build up to this large ultimate value is correspondingly great, 
as explained before, so that during the first few cycles (sometimes 
as many as 50 or 100 cycles), the current intensity remains small. 

Finally, if the resistance B is large and negative (positive 
resistance of the circuit markedly smaller than the negative resist
ance developed by the tube), a starting impulse given to the cir
cuit produces the growth of a free oscillation in it, the amplitude 
of which increases according to an exponential law. That is, 
exactly as in the case of a circuit having positive resistance (posi
tive damping), and in which a free oscillation was seen (Chap. II) 
to be damped out at a constant rate, or decrease logarithmically, 
or in other words, in which every cycle of the free oscillation had 
an amplitude equal to that of the preceding cycle less a certain 
constant percentage or fraction determined by the positive resist
ance of the circuit, the free oscillation of a circuit having negative 
resistance (and, so to say, "negative damping") builds up at a 
constant rate, determined by the value of the negative circuit 
resistance B, so that every cycle of the free oscillation has an 
amplitude equal to that of the preceding cycle plus a certain 
constant percentage or fraction. This growth of the oscillation 
continues until the power capacity of the tube is reached, as 
determined by the curvature of its characteristic curve. It 
follows that the maximum amplitude of the oscillation is reached 
sooner or later, depending, respectively, on whether the initial 
starting impulse is great or small, but the actual process of build
ing up of the oscillation is independent from this initial impulse 
and determined solely by the negative decrement of the circuit, 
that is, ultimately, by the negative resistance B of the circuit, 
other factors remaining constant. 

1 Irrespective of whether positive or negative, as pointed out by DAVID, 
DUFOUR and MESNY, Onde Electrique, Paris, No. 41 , pp. 175-200, May 1925. 
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Applying these principles to the reception of radio signals, 
a superregenerative receiving circuit is essentially a regenerative 
circuit, as shown in Fig. 190, but with a fairly tight feed-back 
coupling, and in which the resistance is rapidly and alternately 
made positive and negative, in one of the manners described 
presently, at a frequency sufficiently greater than the modulation 
frequency of the received signals as not to disturb or prevent their 
proper reproduction in the telephone receivers, and sufficiently 
smaller than the signal frequency (radio frequency) to permit the 
building up of oscillations during the periods of negative resist
ance of the circuit.1 

G ~W 
FIG. 191. 

Before explaining the operation of such a circuit, a few of the 
possible manners of effecting this rapid resistance change will be 
described. 

A first method consists in alternately varying the plate voltage 
of the receiving tube of Fig. 190 above and below the plate-
battery voltage value, making the negative resistance developed 
by the tube alternately greater and smaller than the positive 
resistance of the oscillatory grid circuit, and hence making the 
effective resistance R of the receiving circuit alternately negative 
and positive. For this purpose, a generator of alternating electro
motive force of suitable frequency (10,000 to 30,000 cycles) is 
inserted in the plate circuit of the regenerative detector tube in 
series with its plate-circuit energizing battery B. The most 

1 For radio telephony reception, this resistance variation frequency is 
generally chosen between 10,000 and 30,000 cycles per second. For radio 
telegraphy, it may be made somewhat smaller. 
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convenient generator is the three-electrode vacuum-tube oscilla
tor, and the circuit of Fig. 190 thus modified becomes as shown in 
Fig. 191. The only difference is that the plate circuit of the 
detector tube T comprises, in addition to the battery B, telephone 
receivers H and feed-back coupling coil L", an oscillatory circuit 
M having a natural frequency of about 10,000 to 30,000 cycles, in 
which an auxiliary tube K generates continuous oscillations, hav
ing for this purpose its grid circuit suitably coupled to this 
oscillatory circuit M. The resulting alternating electromotive 
force developed across the condenser and coil of this circuit M 
thus adds to or subtracts from the electromotive force of the 
battery B, and varies the plate voltage of the receiving tube T. 

G ^ 
FIG. 192. 

The same battery B is here shown energizing the plate circuit of 
the oscillatory tube K, which simplifies the apparatus. 

A second method is illustrated in Fig. 192. The receiving 
tube T is here connected in exactly the same manner as in Fig. 
190, and hence its operation need not be described again. How
ever, the ends of the inductance LL' of the tuned receiving circuit 
LL'C are connected respectively to the filament and grid of a 
second tube K. If the grid of this tube K is given some positive 
potential (for instance by means of a battery, not shown in the 
figure), then the alternating electromotive force set up by an 
incoming signal across'the inductance LL' will produce a current 
flow in the grid circuit of tube K, and the resulting energy expend
iture in the internal grid-filament resistance of this tube will 
correspondingly damp out the received signal current. If, on 
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the other hand, the grid is negative, no current will flow in the grid 
circuit, and the signals will not be weakened by the presence of 
the tube K. They will, on the contrary, be strongly amplified 
through the retoractive action of the tube T. The operation of 
the circuit of Fig. 192 is thus based on an alternately positive 
and negative potential being given to the grid of tube K at a 
frequency of 10,000 to 30,000 cycles, which is done by coupling 
the grid and plate circuits of the tube K to an oscillatory circuit 
M tuned to this frequency, the tube then operating as a generator, 
which of course involves the production of an alternately positive 
and negative potential on the grid of this tube, as required. 
The positive resistance of the circuit LL'C then varies correspond-

FIQ. 193. 

ingly, and becomes alternately greater and smaller than the 
negative resistance developed by the tube T. 

It is also possible to use a single tube for the three functions 
of detector, regenerative amplifier, and resistance-varying oscil
lator. Thus (Fig. 193) the same receiving circuit is used as 
shown in Fig. 190, but the plate circuit of the receiving tube T 
comprises, in addition, an oscillatory circuit M tuned to a fre
quency of 10,000 to 30,000 cycles, and in which the tube itself 
sustains continuous oscillations, its grid circuit being, for this 
purpose, coupled to the circuit M by means of a coil P. The 
latter is shunted by a high-frequency by-pass condenser N, per
mitting the radio-frequency currents of the received signals to 
operate in the grid circuit without being choked out by the imped
ance of the coil P. The electromotive force generated in circuit 
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M is thus, as in Fig. 191, impressed upon the plate of the tube, 
in addition to the battery electromotive force, and the desired 
resistance variations of the circuit LL'C are obtained. 

Referring now to the mode of operation of these superregenera-
tive receiving circuits, consider an incoming signal energizing the 
antenna and setting up a high-frequency alternating electromo
tive force in the circuit LL'C tuned to its frequency. This fre
quency being much higher than that of the locally generated 
resistance variations, there will be a number of cycles of this 
signal electromotive force for every cycle of the local resistance 
varying oscillation. 

Now, analyzing this resistance variation,1 when the receiving 
circuit resistance is at first large and positive, the incoming signal 
produces in it a high-frequency alternating current which, 
as explained at the beginning of this section, rapidly builds up to 
a small value directly proportional to the signal intensity. As 
the circuit resistance, under the effect of the locally generated 
oscillations, gradually decreases and approaches zero, the 
continued action of the high frequency signal electromotive force 
tends to increase the amplitude of the oscillation thus built up in 
the circuit. But this increase is a slow one, due to the continually 
decreasing damping of the circuit (and the consequent increasing 
of its time constant). The circuit resistance thus reaches an 
appreciable negative value, with a current of small, finite ampli
tude flowing in the circuit, and directly proportional to the signal 
intensity. This current constitutes the starting impulse for a 
free oscillation of the circuit, which now rapidly builds up, as 
explained, at a rate determined by the value of the negative 
resistance of the circuit. If this resistance were remaining 
negative for some time, this free oscillation would soon reach the 
maximum intensity possible with the particular tube used. But 
the amount of time during which the circuit resistance is negative 
being limited, the oscillation growth is stopped and the oscilla
tion rapidly dies out, when the circuit resistance again becomes 
positive. And since during its growth the free oscillation always 
remains proportional to the amplitude of the starting impulse, 
as explained before, the final amplitude reached by the oscillation 
during the negative resistance time interval is also proportional 
to the signal intensity. The circuit resistance being now again 
positive, the entire process repeats itself. 

1 See DAVID, DUFOUR and MESNY, loc. cit. 
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It is thus seen that the current in the receiving circuit LL'C 
is made up of from 10,000 to 30,000 free high-frequency oscilla
tions per second, the final amplitude of each of which is propor
tional to that of the signal at the moment of its beginning growth. 
The rectified or detected plate current is thus constituted by a 
similar series of 10,000 to 30,000 impulses per second the envelope 
of which forms a much amplified reproduction of the modulations 
or envelope of the received signal. The fact that this reproduc
tion is thus cut up into 10,000 to 30,000 impulses per second does 
not disturb the reproduction of the modulations in the telephone 
receivers, since this frequency is beyond the limit of audible 
vibrations. 

Of course, the maximum amplitude of each of the 10,000 to 
30,000 free oscillations being a function of both the received signal 
intensity and the rate of increase of the oscillations, this maxi
mum amplitude is seen to depend upon the value of negative resist
ance of the circuit, hence, on the local operating conditions, such 
as the intensity of the locally generated oscillations, the tightness 
of the feed-back coupling between coils L' and L", heating of the 
filament, etc. 

In particular, in order that the operation of the circuit may be 
as described above, that is, in order that the final amplitude of 
each of the 10,000 or 30,000 free oscillations be proportional to the 
signal intensity at the moment of their starting growth, as 
required for radio telephony reception, it is necessary that the 
free oscillations be cut off during their growth and that they be 
not allowed to reach the maximum possible value afforded by the 
power capacity of the tube. The resistance variation frequency 
being fixed, this requires the negative resistance of the circuit to 
be limited to a not too large absolute value, which in turn requires 
the locally generated oscillations to be of comparatively small 
amplitude. 

On the other hand, if the received signals are strong, or the nega
tive resistance of large absolute value, all of the oscillations may 
reach the maximum value afforded by the tube power capacity, 
and the signal modulations will not be reproduced in the plate 
circuit. Such an adjustment of the circuit-operating conditions 
is hence unsuitable for radio telephony reception, but it permits a 
strong reception of weak signals, and is particularly well suited to 
the reception of radio telegraph signals. 
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It should be noted that, when no signals are being received, 
substantially no high-frequency oscillations are generated in the 
circuit, although this is periodically in a condition which permits 
such oscillation generation. The reason is that some impulse is 
required in the circuit for starting the oscillations. In the 
absence of received signals, such an impulse can be due only to an 
occasional disturbance (static, stray, or an irregularity of the 
electron emission from the filament, etc.), and an oscillation thus 
started cannot last longer than one of the negative resistance 
periods of the circuit, being damped out in the following positive 
resistance period. Such a disturbing oscillation is hence of so 
short a duration that it does not seriously interfere with the 
reception of the signals. 

Finally, it should be stated that the superregenerative method 
of reception is particularly well suited to short-wave (very high-
frequency) reception, it being necessary, for the proper perform
ance, that there be a sufficiently great number of cycles of 
the received signal current to permit the building up of an oscilla
tion during each period of the circuit-resistance variation. If the 
signal frequency becomes so small that only a few cycles can take 
place during one period of negative resistance of the circuit, then 
the free oscillation cannot build up to a sufficient amplitude, and 
the circuit operates practically no better than the ordinary regen
erative receiver. 

THE OSCILLATING THREE-ELECTRODE VACUUM-TUBE RECEIVER 

Autodyne Receiver.—As shown in Chap. V, one of the most 
efficient methods of undamped wave reception is the heterodyne 
method, involving the generation at the receiving station of a 
high-frequency alternating current having an adjustable 
frequency of the order of that of the incoming undamped oscilla
tions. This generation may be effected by means of a three-elec
trode vacuum tube, connected as an oscillator and used in place 
of the alternator shown in Fig. 109. 

It is possible, however, to use a single vacuum tube both for 
detecting the incoming oscillations and generating the local 
oscillations. It is necessary, for this purpose, simply to tighten 
the feed-back coupling of any regenerative detector circuit, that 
of Fig. 190 for instance, so that the tube will, in addition to detect
ing the incoming oscillations, generate oscillations of its own. 
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The antenna circuit being then tuned to the frequency of the 
signal waves to be received, these waves set up strong oscillations 
in it, which induce a corresponding alternating electromotive 
force of their own frequency in the grid circuit of the tube. But 
the tube being in an oscillating condition, locally generated oscilla
tions are also set up. These are of the frequency of the grid oscil
latory circuit LL'C (Fig. 190). This is adjusted to a frequency 
slightly different from that of the antenna circuit. There are thus 
two alternating electromotive forces of slightly different frequen
cies impressed upon the grid, which, combining as explained in 
Chap. V, result in a high-frequency alternating grid electromo
tive force of periodically variable amplitude, the frequency of this 
amplitude variation (beat frequency) being equal to the differ
ence between the radio frequency of the received signal and the 
frequency of the locally generated oscillation. 

As in the case of an incoming wave modulated at the transmit
ting station, the rectifying or detecting action of the tube then 
produces corresponding beat-frequency pulsations of the pla.te-
current intensity, as explained for the simple three-electrode 
vacuum-tube detector circuit (grid rectification), resulting in a 
note being heard in the telephone receivers. 

This method of self-heterodyne reception using a single tube 
for detection and local oscillation generation is also called the 
autodyne method of reception. Its main advantage is its sim
plicity and ease of handling. It has, however, certain disadvan
tages, as outlined presently, which make it preferable to resort to 
different circuit arrangements, to be described later under the 
section on heterodyne receivers. 

A first drawback is that the tube, generating oscillations con
tinuously, excites the antenna circuit, which hence radiates 
energy, sometimes as far out as several miles. This may be 
avoided by inserting one or several stages of radio-frequency 
amplification between the oscillating tube and the antenna, the 
radio-frequency amplifier acting as a one-way relay or connection, 
permitting received impulses to be transmitted from the antenna 
to the detector-tube circuit, but preventing the oscillations gener
ated in this latter circuit from reaching the antenna. 

A second point is that the grid oscillatory circuit, in which 
the local oscillations are generated, must be detuned slightly, in 
order that the local oscillations may have a frequency different 
from that of the received signals and produce "beats" with 
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these. The circuit being then not in resonance with the incoming 
signal frequency, the intensity of the signals is correspondingly 
reduced. 

Finally, a phenomenon known as "automatic synchronization" 
may take place, which entirely prevents the locally generated 
oscillations from " beating " against the received oscillations. This 
property will be studied in detail presently. Circuits and 
methods whereby it may be avoided in view of accomplishing 
heterodyne reception will be described thereafter. 

Automatic Synchronization.1—Consider again the circuit of 
Fig. 190, with the feed-back coupling between plate and grid 
circuits so tightened that the tube will be generating continuous 
oscillations. The frequency F of these oscillations is equal to the 
natural frequency 0 of the grid oscillatory circuit LL'C. Suppose 
that undamped wave signals of frequency / are to be received. 
The adjustable tuning condenser C of the grid oscillatory circuit 
will be varied, varying the natural frequency of the circuit and 
frequency F of the locally generated oscillations, until the beat 
frequency F-f becomes small enough to come within the range of 
audible vibrations, when a high-pitched whistling note will be 
heard in the telephone receivers of the set. As the circuit, is 
further adjusted toward resonance, the beat frequency F-f 
decreases, the pitch of the note becomes lower, and the note 
disappears entirely when resonance is achieved, the local fre
quency F being then equal to the frequency / of the received 
signals. If the tuning condenser is varied further in the same 
direction, the frequency F differs again more and more from the 
frequency / , the beat note becomes audible again, increasing in 
pitch until this becomes so high as to exceed the limit of audibility. 

Such, at least, are the conditions in heterodyne receivers of the 
kind described in a later section of this chapter. In the present 
case, however, the alternating electromotive force of frequency / 
due to the incoming signals operates directly in the local oscillator 
circuit, giving rise to the so-called synchronization phenomena. 
Thus, instead of decreasing continuously from a very high pitch 
to zero and increasing again gradually to a very high value when 
the receiving circuit is being tuned as just described, the pitch of 

1 The property of automatic synchronization, studied here in connection 
with the three-electrode vacuum-tube oscillator, is quite general, and may 
be brought forth as well in mechanical oscillators, a tuning fork, organ pipe, 
pendulum, etc. 
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the note heard in the telephone receivers starts decreasing as 
before, and then suddenly disappears, well before the resonance 
point is reached, as if the receiving tube had stopped oscillating. 
Adjusting the tuning condenser further in the same direction, 
well past the resonance point, the beat note appears again suddenly 
with the same pitch it had when it disappeared, the pitch then 
increasing normally as described above, until it exceeds the limit 
of audibility. 

There is thus a frequency range, on either side of the resonance 
point, wherein no beats are produced in the circuit, which can 
be explained only by the fact that, within this range, the oscilla
tions in the receiving circuit LL'C have a frequency equal to 
that / of the incoming oscillations, the local oscillation frequency 
being hence no longer determined by the local tuning adjust
ments, contrary to the conditions obtaining when no signals are 
being received (since the frequency of the generated oscillations 
is then equal to the natural frequency of the oscillator circuit 
LL'C). In other words, the local oscillations are synchronized 
with the incoming oscillations.1 

Similar conditions obtain when the frequency/of the incoming 
oscillations is varied at the distant transmitting station while 
the local receiver tuning adjustments remain unchanged: the 
phenomena depend essentially on the relative values of the local 
and signal frequencies and intensities. 

The study of the phenomena thus consists in recording the 
frequency and intensity of the current in the receiving circuit in 
function of the frequency and intensity of the incoming oscilla
tions. This has been done in the case of the circuit of Fig. 190, 
and the results2 are given graphically in the curves of Fig. 194, 
which will be explained presently. 

1 Synchronization of the three-electrode vacuum-tube receiver was 
described experimentally and theoretically by H. G. Moller, Jahr. d. Tel. u. 
Tel., Vol. 17, No. 4, pp. 256-287. April 1921. The theory was also developed 
from different standpoints, by E. V. Appleton, Proc. Cambridge Phil. Soc., 
Vol. 21, Part 3, pp. 231-248, 1922; and by B. van der Pol, Phil. Mag., 3, 
January, 1927, pp. 65-80. Reference should be made to these three papers, 
for a complete mathematical discussion. Experimental results are given by 
J. Golz, Jahrb. d. Tel. u. Tel., Vol. 19, pp. 281-289, No. 4, April 1922; and 
by F. Rossmann and J. Zenneck, Jahrb. d. Tel. u. Tel., Vol. 23, No. 3, pp. 
47-52, 1924. 

2 The current intensity in the oscillatory circuit LL'C is derived from the 
readings of a galvanometer connected in series with a rectifying detector and 
loosely coupled to the circuit LL'C. The frequency of the currents in the 
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But consider first the circuit of Fig. 190, and suppose the 
filament heating battery of the receiving tube to be disconnected, 
or else the filament current to be reduced by means of a rheostat 
to such an extent that there will be no appreciable electron 
emission from the filament.1 The tube will then be inoperative, 
and the only current in the oscillatory circuit LL'C will be that 
due to the incoming signals. This current hence has the same 
frequency as the transmitter current, and if the latter be varied 
(its amplitude remaining constant), the current in the receiving 
circuit will be a maximum when the transmitter frequency is 
equal to the natural frequency of the circuit LL'C. Thus,Hhe 

/T 

ft fo ft T r a n s m i t t e r F r e q u e n c y 
FIG. 1 9 4 . 

well-known resonance curve L (Fig. 194) is obtained, giving the 
current intensity in the circuit LL'C in function of the transmitter 
frequency / . At the same time, the frequency of the current 
in the circuit LL'C being always equal to the transmitter fre
quency, it is represented in function of the latter by the straight 
line OT (Fig. 194). 

receiving circuit is measured by means of a heterodyne wavemeter coupled 
loosely to the receiving circuit and adjusted to a frequency differing from 
both the local and transmitter frequencies. The local and signal currents 
then each produce a beat note in the heterodyne receiver circuit, and these 
two notes, which are readily distinguished from each other, are compared 
with a suitable audio-frequency generator of known frequency. 

1 ROSSMANN, F., and J. ZENNECK, loc. eit. 
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Suppose now the filament current to be turned on, permitting 
the operation of the tube. If the coupling between the coils L' 
and L" of the grid and plate circuits is negative, the operation 
of the tube introduces a negative resistance in the circuit LL'C, 
partially or completely neutralizing the positive (ohmic) resist
ance of the circuit. Assuming first the negative resistance thus 
introduced in the circuit to be smaller (in absolute value) than 
the ohmic resistance, then the tube operates as a regenerative 
amplifier, and the circuit LL'C behaves like an ordinary oscil
latory circuit of very low ohmic resistance, its resonance curve 
being highly peaked, with a sharp maximum when the trans
mitter frequency is equal to the natural frequency of the circuit 
(curve K or H, Fig. 194). 

In all the above cases, the current in the circuit LL'C is solely 
due to the incoming signals, and has a frequency equal to the 
transmitter frequency, as represented by the straight line OT. 

If, on the other hand, the negative resistance introduced by 
the tube is greater, in absolute value, than the ohmic resistance 
of the circuit LL'C, the tube will generate oscillations of its own 
in this circuit. And in the absence of any received signals the 
effective intensity and frequency of these locally generated oscil
lations, represented respectively by the ordinates OA and OF 
(Fig. 194), are determined by the local operating conditions 
(battery voltages, tightness of the feed-back coupling, etc.) and 
by the natural frequency of the circuit LL'C. 

Now, when signals are being received, the transmitter fre
quency / being first assumed to be much different from the 
local frequency F, an alternating current will flow in the circuit 
LL'C in addition to the locally generated current, and this signal 
current will have a frequency equal to the transmitter frequency/. 
But, on account of the resonance properties of the circuit LL'C 
(illustrated by the curve H, for instance), this signal current will 
have a very small intensity only, its frequency being far removed 
from the resonance frequency of the circuit; and in combining 
with the local current it will not materially change the local 
operating conditions, producing simply slight "beats" with the 
local current. In other words, the locally generated current 
retains its original frequency F, substantially equal to the natural 
frequency of the circuit LL'C, while its amplitude, which was 
constant when no signals were being received, varies slightly 
above and below this steady value by an amount equal to the 
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amplitude of the received signal current and at a frequency 
equal to the difference F-f between the local and signal frequencies. 
This amplitude variation or modulation does not change the 
average amplitude of the current in the circuit LL'C, and increases 
but very slightly its effective intensity. 

Thus, when the transmitter frequency / is gradually increased 
toward the resonance frequency F of the receiving circuit, or 
decreased from a large value toward this same frequency F, it 
sets up in the receiving circuit a current of its own frequency 
/, as represented by the line OT (Fig. 194), but of small ampli
tude, while the locally generated oscillations retain their original 
frequency, as shown by the lines FM and SR, and their origi
nal effective intensity, as shown by the curve portions AB and 
GE. At the same time a pure whistling "beat note" is heard in 
the telephone receivers, of gradually decreasing pitch as the 
frequency difference between the local and signal currents 
decreases. 

Actually, when the frequency / of the transmitter is thus 
varied toward the receiver frequency, the signal current increases 
gradually in the receiving circuit (see curve H), so that the ampli
tude of the beats increases as their frequency decreases. These 
increased amplitude variations of the current in the circuit LL'C, 
while not changing the average value of the latter, increase 
slightly its effective intensity, which explains the rising tendency 
of the curve portions AB and GE toward points B and E. 

If, now, the transmitter frequency/is adjusted further toward 
the resonance frequency of the receiver, the intensity of the 
current in the circuit LL'C suddenly decreases, as shown by the 
curve portions BC and ED, while at the same time the note 
heard in the telephone receivers becomes harsh and ragged. 
And when the transmitter frequency reaches the value / i and / 2 

corresponding to the minimum points C and D of the curve, 
the sound in the telephone receivers ceases completely, while the 
frequency of the local current jumps from its original value to 
that of the transmitter frequency, as shown respectively by the 
straight-line portions MN and RP. 

Finally, as the transmitter frequency is varied between the 
values fi and / 2 , the current intensity in the circuit LL'C rises 
sharply to a very large maximum W when the transmitter fre
quency is given a value / 0 equal to the natural frequency (reson
ance frequency) of the receiving circuit, while the frequency 
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of the locally generated current has within this entire interval 
/ 1 / 2 the same value as the transmitter frequency, as shown by the 
portion NP, which coincides with the line OT, no "beats" being 
then produced within this frequency range/1/2. 

These various conditions may be explained quite simply 
by referring to Fig. 195, in which the curve SQPHNT is the grid-
potential, plate-current operating characteristic of the tube. 
Suppose, first, that no signals are being received. The tube 
then simply operates as an oscillation generator, and its grid 
voltage oscillates, as shown by curve 1, with a constant ampli
tude A and at the natural frequency of the circuit LL'C. The 
operating point of the tube then travels back and forth along the 
characteristic curve between points Q and N. 

Now, as shown in Chap. VIII, in order that stable oscillations 
may build up in the circuit, it is necessary that the average slope 
of the curve portion QN, which is substantially equal to the slope 
g of the straight line QN, fulfil the requirement 

(the letters having the same meanings as in Chap. VIII), as this 
will make the negative resistance developed by the tube greater (in 
absolute value) than the ohmic resistance of the oscillatory circuit. 

It was shown also that this slope g is greatest when the oscilla
tions are small, and decreases when the oscillation amplitude 
increases, the oscillations thus building up until their amplitude 
reduces the slope g of the straight line joining the extreme posi
tions of the operating point of the tube on the characteristic 
curve to the critical value 

Thus, if A (Fig. 195) is the stable oscillation amplitude in the 
case considered here, the slope g of the straight line QN is just 
equal to the above critical value, and the negative resistance then 
developed by the tube equals the ohmic resistance of the circuit 
LL'C, the overall resistance of the circuit thus being zero, and 
the free oscillation maintaining itself in it with this constant 
amplitude A. 

M 
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If a signal of appreciably different frequency is received, 
the signal and local currents produce "beats" and the grid 
voltage will be of the general shape of curve 2 (Fig. 195), which 
differs from curve 1 in that the amplitude of the alternating grid 
voltage, instead of being constantly equal to A, varies periodically 
between values A + B and A — B, where B is the amplitude of 
the received signal electromotive force. The operating point 
of the tube, instead of oscillating continuously between points 
Q and N of the curve, will consequently oscillate between points 
JS and T when the "beat current" 
amplitude is a maximum, between 
points P and H when it is a minimum, 
and between intermediate points, such 
as Q and N for instance, at other times. 

Now, although the beat modula
tion B of the grid voltage extends 
equally above and below the average 
value A, the shape of the character
istic curve of the tube is such that 
the angle between the straight lines 
QN and PH is smaller than that 
between the lines QN and ST. It 
follows that with a modulated grid 
voltage of the form of curve 2, the 
average slope g' of the operating char
acteristic curve (taken over a whole 
"beat" cycle) is smaller than the slope 
g of the line QN corresponding to the 
operating curve when no signals are 
being received. 

Thus, the fact that an incoming signal is received and produces 
beats with the locally generated current results in a decrease of 
the average slope of the operating characteristic curve of the 
tube. But this, in turn, according to the above remarks, reduces 
the value of the negative resistance developed by the tube, which 
thus becomes smaller than the ohmic resistance of the oscillatory 
circuit LL'C. The overall resistance of the circuit thus becomes 
positive, the free (locally generated) oscillation dies out, and 
the system behaves like an ordinary tuned receiving circuit, in 
which, therefore, the current and electromotive force have the 
frequency of the received signals. Of course, in view of the very 

FIG. 195. 
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tight feed-back coupling, and considering the particular mode of 
operation of this process, the received signals are very greatly 
amplified, but no beats are produced, since the local frequency 
current is no longer generated. 

It should be noted also that this synchronization process as 
just described does not take place if the beat-modulation ampli
tude B is smaller than a certain critical value. Thus, if the beat 
amplitude B increases gradually from zero upward, the lines PH 
and ST gradually swing away from the line QN until the line PH 
coincides with the straight portion of the characteristic curve 
(in which position it is shown in Fig. 195). From this point on, 
the line ST alone continues to separate from the line QN, the 
angle between these two lines then becoming markedly and 
increasingly larger than that between QN and PH, and permitting 
synchronization to take place, as described, through a reduction 
of the average slope of the operating curve1 and a consequent 
reduction of the negative resistance developed by the tube. 

The minimum beat amplitude B required for bringing about 
this condition is hence dependent on the initial angular position 
of the line QN (which in turn is determined by the amplitude A 
of the locally generated oscillations when no signals are being 
received), being smaller the closer the line QN comes to the 
straight portion of the characteristic curve, hence the smaller 
the amplitude A of the locally generated oscillations. Indeed, 
the mathematical discussion shows that synchronization takes 
place only if the ratio B/A is greater than a certain critical value. 

Now, B is equal to the electromotive force induced in the 
receiving circuit by the incoming signals. It is therefore directly 
proportional to the signal intensity, and is greater the smaller the 
difference between the signal and local frequencies (as shown, 
by curve H (Fig. 194). If the received signals are so weak that 
the electromotive force B set up by them in the receiving 
circuit makes the ratio B/A smaller than the critical value, even 
when the natural frequency of the circuit is equal to the trans
mitter (or signal) frequency, then synchronization will not take 
place. If, on the contrary, the ratio B/A is greater than the 
critical value when the receiving circuit is exactly tuned to the 
transmitter frequency, then the receiving circuit may be more 
or less detuned with respect to the signal frequency without 

1 This average slope is the slope of the bisector line of the angle between 
ST and PH. 
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destroying the synchronization of the local and signal electro
motive forces, until the detuning is made so large that the 
resulting reduction of B makes the ratio B/A smaller than the 
critical value, when the local oscillation frequency separates from 
the signal frequency. A synchronization frequency range is thus 
defined, the width of which increases and decreases with the 
received signal intensity. 

On the other hand, the value of the ratio B/A may be altered 
by changing the intensity A of the locally generated oscillations, 
which may be done by varying the feed-back coupling between 
coils U and L" (see Fig. 149). Thus, for a very weak feed-back 
coupling, the generated oscillations A are small and the ratio 
B/A has a correspondingly large value. It follows that even a 
weak signal B, or a strong signal of 
greater detuned frequency, will pro
duce synchronization of the receiver. 
This same condition occurs also when 
the feed-back coupling is made so tight 
that the locally generated oscillations 
nearly stop (coupling coefficient M2 

(Fig. 149)). But if the coupling is I 
given some average value, the gen- 0 C o u p l i n g -
erated oscillations A become large, as FIG. 196. 
shown in Fig. 149, and the ratio B/A 
is correspondingly reduced. Synchronization then takes place 
only when the incoming signal sets up a strong electromotive 
force in the receiving circuit, or in other words, when the signal 
has a frequency very close to the natural frequency of the receiving 
circuit. The width of the synchronization frequency range is 
thus a function of the tightness of the feed-back coupling, being 
large for weak couplings, small for tighter couplings, and larger 
again for very tight values of the coupling, as shown approxi
mately by the curves of Fig. 196. 

There remains to be explained why the current intensity 
decreases in the receiving circuit when the signal frequency is 
just outside the synchronization frequency band, as shown by the 
curve portions BC and DE (Fig. 194). This may be under
stood as follows, by referring again to Fig. 195. When the signal 
and local currents combine and produce "beats" in the receiving 
circuit, the maximum amplitude of the current in this circuit 
alternately increases and decreases above and below its original 
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value A. Consider first one half-cycle of the "beat" when the 
amplitude varies from A to A + B and comes back to the value A. 
The average operating curve of the tube then changes from QN 
to ST and then returns to QN. During this entire half-beat 
cycle the average slope of the operating curve is then smaller 
than the slope of the line QN. The negative resistance developed 
by the tube is hence smaller, in absolute value, than the ohmic 
resistance of the circuit LL'C (Fig. 190), and the locally generated 
free oscillation in this circuit is damped. If the beat amplitude B 
is large, such as when the signal frequency approaches the 
resonance frequency of the circuit, the local oscillation may thus 
be damped out completely. During the following half-cycle 
of the "beat," the average operating line swings from QN to 
PH, and then back to QN. The average slope is thus greater 
than the slope of the line QN, and the negative resistance developed 
by the tube is consequently greater than the ohmic resistance of 
the circuit LL'C. A free oscillation therefore builds up in the 
circuit at a rate proportional to its negative resistance. But this 
negative resistance being, in absolute value, very near zero, 
the building-up process is slow, and the oscillation thus does not 
reach a large value when the following half-beat cycle begins, 
damping out this free oscillation as explained before. 

This process of course becomes noticeable only when the signal 
frequency is sufficiently close to the local frequency to make the 
beat amplitude B large, for the damping action of the positive 
resistance developed during one half-beat cycle is then sufficiently 
greater than the building-up process, due to the negative resist
ance developed during the following half-beat cycle to offset the 
latter markedly. This increasing damping action results in the 
decreased current intensity in the circuit represented by the curve 
portions BC and DE (Fig. 194). When the action is complete, 
synchronization takes place, as described before, the local oscilla
tion being completely damped out, and the resonance curve then 
developing normally to a high peak value under the action of the 
incoming oscillations. 

An application1 of the synchronization properties of the auto
dyne receiver consists in tuning the receiving circuit to the fre
quency of the signals to be received, and making the adjustments 
in such a manner that synchronization will take place. Incom
ing signals then do not produce "beats" with the locally genera-

1 MOLLEK, he. cit. 
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ated oscillations, but change the amplitude of these oscillations 
from the value OA (Fig. 194) to the value corresponding to the 
maximum ordinate W (Fig. 194). As explained before for the 
simple detector operation of the tube, this increase of the oscilla
tions produces a corresponding decrease of the plate current inten
sity during the entire signal (dot or dash), capable of operating 
a direct-current recording device (telegraph relay, etc.). On 
the other hand, an interfering signal of slightly different frequency 
will produce "beats" with the locally generated oscillations, 
provided its frequency lies outside the synchronization fre
quency range, and hence produces a beat-frequency alternating 
current in the plate circuit, which either will not operate the 
direct-current receiving instrument, or else may readily be 
separated from the direct current representing the desired signal. 

Multiple-circuit Regenerative and Autodyne Receiver.1— 
Instead of the simple circuit arrangement of Fig. 190, more com
plicated circuits are sometimes used for special purposes, two 
examples of which will be given here. 

Thus, the sharp resonance curve which characterizes the circuit 
of Fig. 190, when operating as a regenerative or as an autodyne 
receiver, may make this circuit unsuitable for the reception of 
signals comprising a number of frequency components spread 
over a more or less wide frequency band. The arrangement 
of Fig. 197 may then be used, in which the antenna circuit 
AG is coupled to the grid circuit of the detector tube T, the 
grid and plate circuits of this tube being, furthermore, coupled, 
through coils Lg and Lp respectively, to a complex oscillatory cir
cuit system, which is here made up of two coupled circuits K and 
H, tuned independently to a same frequency F. As known, such 
a circuit system HK has two natural frequencies F' and F", respec
tively smaller and larger than the natural frequency F of each 
circuit considered separately. 

In the arrangement of Fig. 197, the circuit H is coupled to the 
circuit K, and the latter is coupled to both the plate and grid cir
cuits of the tube T. Under these conditions, it is simply neces
sary that the coupling polarities of the plate and grid circuits to 
the circuit K be properly chosen, as in the case of a single tuned 
circuit, irrespective of the coupling polarity of the circuits H and 
K, which does not play any part in the feed-back process. The 

1 See HAZELTINE, L . A . , Proc. Inst. Radio Eng., 1918, and also F. Ross-
MANN and J. ZENNECK, loc. dt. 
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receiver then behaves exactly like that of Fig. 190 as a regener
ative or autodyne receiver, with the only difference that it has 
two resonance frequencies, as just pointed out. As explained in 
Chap. II, if the coupling between the two circuits H and K is 
Loose, these two frequencies F' and F" come very close to each 
other and the resonance curve of the system is flat-topped, the 
system then operating as a frequency band filter. 

There is a second manner in which the circuits maybe arranged, 
as shown in Fig. 198. in which the entire circuit chain UK now 

K 

m m ) 

M M , 
FIG. 197. 

forms the feed-back coupling link or channel between the plate 
and grid circuits of the tube. The properties of this arrangement 
are distinctly different from those of the former, due to the fact 
that the oscillation-sustaining impulses are here transferred from 
the plate to the grid circuit through the medium of the currents 
in both circuits H and K. 

Now, as known, the alternating currents in the circuit H and 
K are in phase with each other at one of the resonance frequencies 
F' or F", and in phase opposition (180 deg. out of phase) at the 
other of these two frequencies. If, therefore, the polarities of 
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Many heterodyne receiving circuits have been devised with the 
object of avoiding radiation of the locally generated high fre
quency oscillations and avoiding also possible interaction between 
the oscillatory circuit tuned to the frequency of the received 
signals and the circuit in which the local heterodyning oscillations 
are generated.1 Since interaction is due primarily to the fact that 
the electromotive force which operates in either one of these 
circuits also operates in the other, or in other words, that the two 
circuits are to some extent coupled to each other. The methods 
used therefore either aim at uncoupling the two circuits or else 
detuning them with respect to each other to such an extent that 
the electromotive force operating in one of them will have a' 
frequency so different from the natural frequency of the other 

1 Such interaction either may produce automatic synchronization, as 
explained in the preceding sections, or may lead to the phenomena described 
in Chap. VIII, p. 202, in which the tuning of one of the circuits affects that 
of the other. 

FIG. 198. 

VACUUM-TUBE HETERODYNE RECEIVERS 

the couplings between Lp and H, H and K, and K and Lg are such 
that the tube develops a negative resistance at one of these two 
frequencies, say F' for instance, it will develop a positive resistance 
at the other frequency F". It follows that the system will oper
ate as an amplifier at the one frequency F', and as a choking or 
damping-out device at the other frequency F". These two fre
quencies being adjustable by varying the coupling between cir
cuits H and K, it is thus possible to amplify desired signals 
of frequency F' and reduce interfering signals of frequency F". 
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C i r c u i t t h a t i t will produce only a negligibly small current or 
reaction in it. 

A first uncoupled circuit arrangement1 is shown in Fig. 199. 
The grid circuit of the three-electrode vacuum tube T comprises a 
first oscillatory circuit LC, coupled or connected to the antenna 
circuit AG (either directly or through some high-frequency ampli
fier) and tuned to the frequency of the incoming signals, and a 
second oscillatory circuit L'C coupled to a coil L" of the plate cir
cuit and in which the local oscillations are generated. One side a 
of the coil L and condenser C being connected to the filament F of 
the tube, the other side b is connected to the middle point d of the 
coil L'. One side h of the coil U and condenser C is connected to 

FIG. 199 . 

the grid g and may hence be considered as connected to the fila
ment of the tube through the internal grid-to-filament resistance 
of the tube. The other side e of the coil L' and condenser C is 
then connected to the filament F through a resistance R which is 
adjusted to be equal to the average value of this internal grid-fila
ment resistance of the tube. 

Under these conditions, when an incoming signal sets up an 
"electromotive force across the coil L and condenser C (hence also 
across the filament and grid of the tube through the portion dh of 
the coil L'), the resulting currents in the two circuit branches bdhg-
Fa and bdeRFa will be equal, and produce equal and opposite elec-

1 A circuit of this general type is used, in particular, in the so-called 
' 'tropadyne " superheterodyne receiver. 
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tromotive forces across the two coil halves dh and de, so that 
no electromotive force appears between the ends e on h of the 
coil L'. The incoming signals thus do not set up any current in 
the circuit L'C, and hence do not in any way disturb or affect 
the local oscillation generation. Conversely the local oscilla
tions do not appreciably energize the antenna circuit. 

Tracing out the circuit in a similar manner for the locally gen
erated oscillations, these are seen to set up no electromotive force 
across the terminals a and b of the circuit LC. The resonance 
adjustments of the two circuits LC and L'C are thus entirely 
independent from each other. 

FIG. 200. 

The arrangement may be considered as an alternating-current 
bridge circuit, the four corners of which would be points e,d,h, and 
F. The electromotive force, due to the incoming signals, is 
applied to this circuit system at points d and F; that, due to the 
locally generated oscillations, is applied at points e and h. 

If the tube is to operate also as a detector, a grid condenser is 
inserted at point S, and the resistance R serves then also as a grid 
leak. The beat frequency output electromotive force of the tube 
is then developed across the secondary terminals of the trans
former M. 

A second bridge receiver circuit1 is shown in Fig. 200, in which 
the internal grid-filament capacity of the tube T, in series with 
the condenser S, constitutes one arm of a capacity bridge arrange
ment, the other arms of which are constituted by condensers C, 
C and C". A first oscillatory circuit A is coupled to the antenna 

1 RUNGE, W., Jahrbuch d. Tel. u. Tel., Vol. 27, p. 171, No. 6. 
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circuit and tuned to the frequency of the received signals, and 
connected to two opposite corners G and H of the system. The 
other corners K and N are connected to a second circuit B 
in which the local oscillations are generated, this circuit being, 
for this purpose, coupled to the coil L" of the plate circuit of the 
tube. Both the signal and locally generated electromotive forces 
are thus impressed upon the grid, but the electromotive force of 
either circuit A or B does not operate in the other, if the capacities 
of the bridge arms are suitably adjusted and balanced. The grid 
is, further, connected to the filament through a high leak resist
ance R, and the tube, operating as a detector, will furnish a beat 

FIG. 201. 

frequency electromotive force at the secondary terminals of the 
output transformer M. 

A different principle is used in the circuit of Fig. 201. The grid 
circuit of the tube T again comprises an oscillatory circuit A 
coupled to the antenna and tuned to the frequency of the incom
ing signals, and a second oscillatory circuit B, coupled to the plate 
circuit, and in which the local oscillations are generated. Only, 
this circuit is tuned to a frequency equal to nearly one-half or 
one-third, or some other fraction of the frequency of the incoming 
signals, and the tube operating conditions are so chosen that, in 
addition to this low fundamental frequency, harmonics will be 
generated as well. The second, third, or higher harmonic fre
quency will then differ from the signal frequency by a certain 
amount, and the resulting beats produce an electromotive force of 
their own frequency across the output terminals of the trans-
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former M. Thus, if the incoming signals have a frequency of, 
say, 1,000,000 cycles and the local frequency generated in circuit 
B is 500,500 cycles (that is, one-half the signal frequency plus 
500), the second harmonic of this local current will have a fre
quency of 1,001,000 cycles and produce beats of 1,000 cycles fre
quency with the incoming signals. 

Finally, a still different method1 is shown in Fig. 202. The 
grid circuit of the receiving tube T comprises simply an oscillatory 
circuit A tuned to the frequency of the incoming signals and 
coupled to the antenna circuit. The plate circuit of this tube T 
comprises the output transformer M, but is not energized by any 
battery. Instead, it comprises an oscillatory circuit B in which 

FIG. 202. 

oscillations are generated locally by a second tube H, energized 
by a battery K and having its grid circuit coupled to the plate 
circuit B, in the usual manner, for oscillation generation. 

The alternating electromotive force generated across the coil 
and condenser of circuit B is thus impressed between the plate 
and filament of the tube T. The plate thus becomes alternately 
positive and negative, so that a current will flow in the plate cir
cuit of tube T during the positive cycle halves only of the elec
tromotive force generated in circuit B. If, then, an electromotive 
force of slightly different frequency from this is developed by 
incoming signals in the grid circuit A, the plate current of the tube 
T will have an average value varying at a frequency equal to the 
frequency difference between the currents in circuits A and B. 
The local oscillations being rectified in tube T (through its unidi
rectional conductivity between filament and plate), the incoming 

1 JOUAUST, R., Onde Electrique, Paris, Vol. 1, No. 1, pp. 26-33, Jan. 1922. 
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oscillations need not be "detected" or rectified in any way to 
produce a beat-frequency electromotive force in the transformer 
M. No grid leak or condenser is hence shown in the figure. 
With this method, interaction between the two circuits A and B 
is, of course, impossible (except through the very small internal 
capacities of the tube). 

Superheterodyne Receivers.—It was shown in a previous sec
tion that the rectifying efficiency of a detector increases with the 
amplitude of the alternating electromotive force to be detected, 
and that high-frequency cascade amplification of the received 
signals before their detection thus permitted a considerable 
increase in the distance range of the receiving station. 

FIG. 203. 

Now, a multistage high-frequency cascade amplifier operates 
most effectively over a certain limited frequency range only, the 
impedance balance between the tubes and the coupling elements of 
the various amplifier stages varying with the frequency of the 
received signals. In addition to this limitation of the frequency 
range, within which a given amplifier may be used with good effi
ciency, arises the difficulty of operating amplifiers at the very high 
frequencies corresponding to short and very short wave signals. 

For these reasons, the heterodyne method of reception may be 
used for transforming the high-frequency alternating current of 
the received signals into an alternating current of lower radio 
frequency, through combination of the received-signal current 
with a locally generated current of suitable frequency, this lower 
transformed frequency being then better suited to the character
istics of the cascade amplifier used. The method, primarily 
designed for the reception of continuous-wave telegraph signals, 
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involves the use of several heterodyning and detecting stages, and 
is therefore called the superheterodyne or multiple-heterodyne 
method of reception.1 It may also be adapted for radio telephone 
reception, as pointed out later, but the last (audio-frequency) 
heterodyning stage must then be omitted. 

The principle of the method is illustrated in Fig. 203. The 
antenna circuit, here constituted by a loop L, is tuned by means 
of an adjustable condenser C and connected to a first detector 
circuit A, which also receives the output electromotive force of a 
local heterodyne generator B. The detector A will then yield an 
alternating output current having a frequency equal to that of 
the "beats" of the local and signal currents, that is, equal to 
the difference between the radio frequency of the signals and the 
frequency of the local generator B. 

This beat frequency being adjustable at the convenience of the 
receiving operator through a suitable choice of the frequency of 
the local generator B, is given some radio frequency, generally 
comprised between 15,000 and 50,000 cycles, for which the ampli
fier D will operate with good efficiency. 

After this amplification, the beat or intermediate frequency 
current is combined with the current produced by a second 
local generator F and sent through a second detector E. The 
operating frequency of this second generator F is so chosen 
that the beat frequency with the output current of the amplifier D 
will be of audible frequency. The audio-frequency output elec
tromotive force of the detector E is then impressed upon the 
input terminals of a low frequency amplifier G, which then 
actuates the telephone receivers or loud speaker T. 

Of course, if the receiver is intended for radio telephony recep
tion, the second oscillator F must be omitted, since the received 
signals are already modulated at audio frequency at the trans
mitting station. 

The apparatus may be simplified, as shown in Fig. 204, in hav
ing a single tube perform the operations of the detector A and 
local generator B, and similarly a single tube in place of the inde
pendent detector E and generator F, these tubes being then con
nected up in one of the manners described in the preceding section. 

Also, the intermediate frequency developed at the output ter
minals of the detector A and the low-frequency output of the detec-

*E. H. ARMSTRONG, French Patent 501511, Dec. 30, 1918 and Proc. Inst. 
Radio Eng., 1924. 
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tor E being markedly different, the amplifier D may be"reflexed " 
and serve for both intermediate and low-frequency amplification. 
An additional low-frequency amplifier G may nevertheless be 
added after this, as shown in the figure. 

The superheterodyne receiver, thus permitting the efficient use 
of cascade amplifiers, constitutes a very powerful receiving appa
ratus, and has the advantage of being both selective and very 
easily adjusted and tuned. Since the frequency of the currents 
to be amplified in D is adjustable at the receiving station, and 
independent from the frequency of the received signals, the ampli
fier may be built for a given frequency at which it will operate 
most effectively, the "intermediate" or first beat frequency being 
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FIG. 204. 

then always adjusted to that value by properly choosing the 
operating frequency of the local generator B. 

The operation of adjusting the apparatus for receiving a given 
station then reduces to the tuning adjustment of the antenna cir
cuit (which is done by means of the condenser C) and the fre
quency adjustment of the local generator B (which may be done 
by means of a second variable condenser, the generator B being a 
three-electrode vacuum tube oscillator and therefore comprising 
a frequency determining oscillatory circuit). These two adjust
ments may, in fact, be effected simultaneously by means of a 
single knob, by connecting the two variable condensers mechan
ically (through gears or by mounting them on a same shaft) and 
giving such shapes to their movable plates that the frequency 
difference between the antenna and local generator circuits 
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remains substantially constant and equal to the operating fre
quency of the amplifier D. 

The great selectivity of the superheterodyne receiver may be 
explained in the following manner. Consider an incoming signal 
of, say, 1,000,000 cycles frequency and a disturbing signal of 1,005,-
000 cycles frequency. The per cent frequency difference between 
the two signals is extremely small (0.5 per cent) and the ordinary 
tuning methods will hardly be capable of separating these 
properly unless multiple tuned circuits be used (tuned cascade 
amplifiers, for instance). With the superheterodyne method, 
however, a locally generated current of, say, 1,040,000 cycles 
frequency is superimposed upon the received currents, so that 
the output electromotive forces of the first detector corresponding 
to the two received signals will have frequencies of 30,000 and 
25,000 cycles respectively between which a difference of 20 per 
cent is thus established. The two signals hence become readily 
distinguishable, and may be easily separated by means of tuned 
filter circuits. 



CHAPTER X 

RADIO TELEPHONY 

General Underlying Principles.—In undamped-wave radio 
telegraphy, the transmitting circuit radiates energy continuously 
when the key is closed, at a constant and uniform rate, as a result 
of the constant amplitude of the alternating current in the trans
mitting antenna. There results, after simple rectification in the 
receiving circuit, an unvarying direct current which, as shown in 
Chap. V, simply deflects the telephone receiver diaphragm with
out setting it into vibration and, therefore, without producing 
any sound. 

Now, if the amount of energy radiated by the transmitting 
antenna is varied, for instance, by varying the maximum ampli
tude of the alternating current flowing in the antenna, a cor
respondingly varying or pulsating unidirectional current will, 
after rectification, flow in the radio receiving circuit and telephone 
receiver. And if these variations of the current in the transmit
ting antenna are at audio frequency, such as those produced by a 
telephone transmitter actuated by the voice, a sound having the 
same frequency and characteristics as the transmitter-current 
variations will be produced in the telephone receivers of the radio-
receiving circuit, thus enabling the reproduction at the receiving 
station, under suitable conditions, of the sound or speech produc
ing these variations at the transmitting station. 

A radio telephone transmitting circuit thus consists essentially 
of a radiating or antenna circuit in which oscillations are set up by 
some generator of continuous oscillations, and an arrangement 
whereby the amplitude of these oscillations may be varied or 
modulated by voice or sound vibrations. The most important 
methods for generating continuous oscillations have already been 
studied; namely, the arc, the alternator and the three-electrode 
vacuum-tube oscillator. The study of radio telephone transmit
ting circuits will therefore be confined mostly to that of modulat
ing systems, and the methods of their connection or coupling to 
the oscillator systems previously studied. 

258 
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A radio telephone receiving circuit, as explained above, is 
essentially the same as a damped-wave radio telegraph receiving 
circuit, and comprises a tuned antenna circuit connected or 
coupled to a rectifying detector and telephone-receiver circuit and 
such auxiliary tuned and amplifier circuits as may be required. 
Certain limitations of these circuits will be explained later, but 
they do not affect the fundamental characteristics just stated. 

However, before describing these radio telephone methods and 
circuits, a brief study will be made of the low-frequency modu
lated high-frequency alternating current which permits radio 
telephone communication to be achieved. 

The Modulated High-frequency Current.—Consider an alter
nating current 

of amplitude A and radio frequency Q flowing in an antenna cir
cuit. This current is said to be modulated or unmodulated accord
ing to whether or not its amplitude A is varied. 

Suppose, for simplicity, that this amplitude is modulated sinu-
soidally by an amount B above and below its value A at a fre
quency w, so that the amplitude, instead of remaining constantly 
equal to A, is equal to 

The modulated high-frequency antenna current, represented in 
Fig. 205, will then be expressed by the relation 

Thus, the fact that the high-frequency alternating current 
A cos Qt is modulated sinusoidally by an amount B and at a fre-

A cos Qt 

FIG. 205. 

A + B cos ut. 

(A + B cos ut) cos Qt, 
which may also be written 

A cos Qt + B cos at cos Qt, 
or, through a simple trigonometric transformation, 

B B 
A cos Qt + — cos (0 + w)t + x - cos (Q — w)t (a) 
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quency co results in two continuous, undamped alternating currents, 
of constant amplitude B/2 and of respective frequencies ft + co 
and ft — co flowing in the antenna circuit in addition to the orig
inal unmodulated current A cos Ut, generally called the carrier 
current. 

Conversely, generating these two constant amplitude, con
stant frequency alternating currents in the antenna circuit in 
addition to the original carrier current A cos ft/, results in the 
sinusoidally modulated current of Fig. 205. It is the function of 
the modulating apparatus to generate these two high-frequency 
currents when energized or actuated by the low-frequency 
modulating current B cos cot. 

A simple sinusoidal modulation of this kind is actually but 
seldom encountered. It represents a pure musical note, such as 
the steady whistling sound of a flute. Speech vibrations are 
much more complex and may be considered as a combination of a 
number of simultaneous sinusoidal vibrations of different ampli
tudes and frequencies, the latter being comprised approximately 
between the useful limits of 200 and 3,000 vibrations per second. 
Each one of these component vibrations gives rise, in the radio 
telephone transmitting circuit, to two high-frequency alternat
ing currents, as just explained, of frequencies respectively above 
and below that of the high-frequency carrier current, and differ
ing from this by an amount equal to its own (component) 
frequency. 

The voice-modulated antenna current thus comprises the car
rier current frequency F and two frequency side bands extending 
respectively from F + 200 to F + 3,000 cycles, and from F - 200 
toF — 3,000 cycles per second. 

Since, as will be shown further below, the component currents 
of at least one entire side band must all be transmitted and 
received with approximately the same relative strength, it fol
lows that the tuning of the circuits cannot be made as sharp as for 
radio telegraphy, where only one single frequency is involved.1 

1 In radio telegraphy, the high-frequency alternating current is periodi
cally established and interrupted to form the dots and dashes. In other 
words, its amplitude is thus varied between a constant maximum when the 
key is closed and zero when it is open. Strictly speaking, this variation 
may hence be considered as a modulation of the high-frequency current, 
according to the definition of modulation given above. But the sending or 
keying speed results in a modulation frequency which is of a small order as 
compared to the ordinary useful speech frequencies, say, of the order of 100 
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This requires the tuned circuits to have a certain amount of damp
ing, or better, the simple oscillatory circuits should be replaced by 
filter circuits having a flat-topped resonance curve. 

Referring again to the first case of simple sinusoidal modula
tion, the curve of Fig. 205 may be taken as representing the cur
rent in the receiving antenna as well as in the transmitting 
antenna circuit. And if a simple rectifying detector receiving 
circuit be used, as shown in Fig. 87 or 88, only the positive or the 
negative cycle halves of this current will pass through the tele
phone receivers, producing a pulsating current varying in the same 
manner as the current in the transmitting circuit, and producing 
a sound which follows the original modulations. 

Like the curve of Fig. 205, the above expression (a) may also be 
considered as representing the current in both transmitting and 
receiving circuits. In this expression, only the last two terms are 
functions of the modulating current, the first term A cos Oi being 
the carrier current, which is thus seen to remain unchanged, irre
spective of whether there is a modulating current operating in the 
circuit or not. Now suppose that in some manner the carrier 
current is suppressed and prevented from flowing in the transmit
ting antenna, and suppose also that a local generator at the receiv
ing station produces a current of carrier frequency 0 and of proper 
amplitude. Then the currents in the receiving circuits will be 
the same as if the carrier current had been received from the 
transmitting station, and reception will occur in a normal manner.1 

These remarks illustrate the actual function of the carrier-fre
quency current in the receiving circuits. In exactly the same 
manner as for heterodyne reception, the carrier-frequency current 
combines with each component of each side band, producing 

cycles per second for a transmitting speed of 300 words per minute. The 
frequency side-band width thus extends over only 100 cycles on either side 
of the carrier frequency, and permits a reasonably sharp tuning of the 
circuits. 

1 This suppressed-carrier current transmission method has the advantage 
of reducing the necessary power at the transmitting station in a considerable 
proportion, the amplitude of the carrier current being at least equal to one-
half the total modulated current. However, it has the disadvantage of 
requiring the current of carrier frequency generated locally at the receiving 
station to be absolutely of the same frequency and phase as the carrier current 
suppressed at the transmitting station, any departure in frequency or 
phase resulting in a more or less frequent interruption of the sound in the 
telephone receivers, rendering actual reception impossible. 
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"beats" of a frequency equal to the frequency difference between 
the carrier and the particular component considered. Thus, in 
the above case of simple sinusoidal modulation, the carrier current 
of frequency ft combining with the upper side-band current of 
frequency 0 + co, produces1 a beat current of frequency co. And 
combining with the lower side-band component of frequency ft 
— co, it produces beats of this same frequency co. These two beat 
currents are in phase with each other and add their effects in the 
telephone receiver, reinforcing each other. 

But this also shows that a current of modulation frequency co 
may be obtained in the receiver circuit just as well if one side band 
only had been transmitted, the other being suppressed. This 
reduces the received-signal intensity, but has the double advan
tage of permitting the suppression of the carrier current without 
creating the difficulties mentioned in the preceding footnote, and 
of reducing the overall frequency band width required to that of 
one single side band, permitting a correspondingly sharper tuning 
of the circuits.2 

In the following sections, therefore, a study will be made, suc
cessively, of the ordinary radio telephone transmitting circuits 
(sending out the two side bands and the carrier current), the sup
pressed carrier and single side-band methods, and the correspond
ing receiving methods. 

Ordinary Modulating Methods.—The modulating devices 
described in the present section yield a modulated high-frequency 
current which comprises the carrier frequency current as well as 
the two side bands. 

Ferromagnetic or Detuning Modulation Methods.—When a 
transmitting antenna is connected to a high-frequency alternating 
current generator of fixed operating frequency, a high-frequency 
alternator, for instance, or a three-electrode vacuum-tube oscilla
tor followed by a one-way power amplifier, the current intensity 
in the antenna depends upon the tuning of the latter. It is a 

1 After detection. 
2 In the case of single-band transmission, the phase of the carrier frequency 

current generated locally at the receiving station is of no practical impor
tance (it changes the relative phases of the various sound components, but 
this is generally not detected by the ear). The frequency of this local 
current may also be slightly different from the actual carrier frequency 
without unduly altering the pitches of the various sound components. For 
speech transmission, the permissible difference between local and actual 
carrier frequency may be as high as about 40 cycles per second. 
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maximum when the natural frequency of the antenna circuit is 
equal to the generator frequency, and decreases when the 
antenna-circuit frequency differs from this value, or in other 
words, when the antenna circuit is detuned, the current being 
smaller the greater the amount of detuning. 

If the antenna inductance is a coil wound over an iron core (or 
better, a finely laminated steel core of high electrical resistivity), 
carrying also a second winding connected to a direct-current gen
erator, the inductance value of the first coil will depend upon the 
amount of magnetization provided by this second coil, the mag
netic permeability of the core (and hence also the coil inductance) 
decreasing when the direct-current magnetization is increased. 

Assuming, then, the antenna circuit to be tuned to the alter
nator frequency when the direct-current magnetization is zero, the 
flow of a direct current in the second coil will detune the antenna 

circuit, correspondingly reducing the intensity of the high-fre
quency antenna current. If, then, the direct current in the mag
netizing coil is given such a value that the antenna alternating 
current is decreased to about one-half its maximum value, a vari
able resistance connected in series with the direct-current gener
ator may be used for varying the direct-current magnetization, 
and, therefore, also the detuning of the antenna circuit and the 
intensity of the high-frequency antenna current. This variable 
resistance may be constituted by a telephone transmitter (micro
phone), and the current variations will then follow the modula
tions of the sound vibrations actuating the microphone. 

A particular form of this so-called ferromagnetic modulator is 
the Alexanderson magnetic amplifier, schematically shown in 
Fig. 206. This shows a high-frequency alternator A connected to 
the transmitting antenna, in which a continuous high-frequency 
alternating current is thereby established. The antenn ainduct-

KL/ Aerial 

FIG. 206. 
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ance is made up of two coils L\ and L2. These are wound in 
opposite directions on two iron cores, and connected in parallel. 
Their magnetic fields are therefore at each instant in opposite 
directions, as shown by the arrows, which condition prevents 
high-frequency currents from being induced in the direct-current 
magnetizing coil L3. 

This third coil Ls is wound over the two iron cores of the coils 
Li and L2 and connected, as shown, to a battery B and a micro
phone T, which may be inserted in the circuit either directly or 
through a vacuum-tube amplifier. The effect of talking into the 
microphone T is then to vary the direct current set up by the bat
tery B in the coil L% and therefore to vary the magnetization of 
the iron core. And since the permeability of iron is a function of 
its magnetization, it follows that the reactance of the coils Li and 
L2 is correspondingly varied, and modulation of the alternator 
output is accomplished. 

If the device is properly designed, the small amount of power 
controlled in the coil L3 can be made to control a considerably 
larger amount of power in the coils Li and L2, hence the name of 
"ferromagnetic amplifier" given to the device. This can be 
readily understood by considering that the reactance of the coils 
Li and L 2 is directly proportional to the permeability of the iron, 
which in turn is controlled by the ampere-turns of the coil L 3. 
There is thus a multiplication of the effect of the microphone in 
its control of the reactance of the coils Li and L2. It is thus pos
sible by producing a variation of 0.2 amp. in the current of coil 
L 3 to vary the antenna power from 5.8 to 42.7 kw.1 

Vacuum-tube Modulation Methods.—There are many different 
manners in which the three-electrode vacuum tube may be used 
for controlling or modulating the amplitude of a high-frequency 
alternating current. These vacuum-tube modulation methods 
are generally used in connection with vacuum-tube oscillation 
generators, but may also be used with other types of high-fre
quency generators. 

A first method is illustrated in Fig. 207. The plate circuit of 
the three-electrode vacuum tube M, energized by the battery B, 
is coupled to the antenna circuit AG. The grid circuit of the tube 
comprises the battery C, and the secondary windings of transform
ers F and E through which, respectively, the output electromotive 
forces of the high-frequency alternating current generator H 

1 See GOLDSMITH, A . N., Radio Tele-phony, p. 203. 
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(which may be a three-electrode vacuum-tube oscillator) and of 
the microphone circuit D are impressed upon the grid. A con
denser if of small capacity is connected in series with the secondary 
winding of the high-frequency transformer F, in order that this 
winding shall not form a low impedance short-circuit across the 
low frequency transformer E. 

Under these conditions the high-frequency generator H ener
gizes the antenna circuit AG through the medium of the tube M, 
which operates as a high-frequency amplifier. But at the same 
time, the audio-frequency electromotive force due to the opera
tion of the microphone D, varies the average grid potential about 
which the high-frequency grid-potential variations, due to the 
generator H, are taking place. The operating point of the tube 
thus oscillates along the characteristic curve about an average 

FIG. 207. 

position, which changes at audio frequency according to the micro
phone modulations. 

Now, if the high-frequency electromotive force e operating in 
the grid circuit, due to the generator H, is not too large, the result
ing high-frequency alternating plate-current component i is given 
by the relation 

i = ge, 

where g is the slope of the curve at the average operating point1 

(in other words, g is the mutual conductance of the tube at 
that point). 

Assume, then, the grid circuit battery C to be of such polarity 
and voltage that the average operating point, in the absence of 
any audio-frequency modulation, is somewhere on the upper or 
lower bend of the characteristic curve of the tube. The 

1 This relation follows directly from the definition of the mutual con
ductance of the tube, as given in Chap. VI. 
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audio-frequency modulations, in alternately shifting the average 
operating point above and below this position, will then corre
spondingly increase and decrease the average operating slope g, 
and consequently also the high-frequency current intensity i as 
expressed above. 

These conditions are illustrated graphically in Fig. 208. Curve 
A being the lower part of the grid-voltage, plate-current charac
teristic curve of the tube, let P represent the direct-current oper-

FIG. 208. 

ating point in the absence of any modulation, as determined by 
the plate- and grid-battery voltages. A high-frequency grid 
electromotive force of constant amplitude, as shown by curve B, 
will then produce an equally constant amplitude high-frequency 
alternating current in the plate circuit, as shown by curve N. 
If, now, a low-frequency modulating electromotive force is also 
applied to the grid, the constant amplitude high-frequency elec
tromotive force will no longer vary the grid potential above and 
below an average value equal to the voltage of the battery C, but 



RADIO TELEPHONY 267 

about a comparatively slowly variable value equal to the sum of 
this battery voltage and the low-frequency modulating electro
motive force (curve S). The resulting plate current is shown by 
the curve T. It comprises a low-frequency component, which is 
an amplification of the modulating microphone current, and a 
high-frequency component of variable amplitude (although the 
high-frequency grid electromotive force is of constant amplitude, 
as supplied by the generator H), the amplitude being smaller or 
larger, according to whether the average operating point is shifted 
toward the more horizontal or the more vertical portions of the 
characteristic curve by the low-frequency modulating electromo
tive force. 

Now, the low-frequency component of the plate current pro
duces no useful current in the antenna circuit, which has a practi
cally infinite impedance at audio frequencies. Only the high-
frequency component will set up a current in the antenna circuit, 
and this antenna current will be proportional to the high-fre
quency plate-current component. This high-frequency plate-
current component is shown by curve W, which may also be taken 
as representing the antenna current. It is seen to have an envel
ope which has the same shape as the low-frequency modulating 
electromotive force. And if a rectifying detector is used at the 
receiving station, cutting off all the negative (or all the positive) 
cycle halves of the received current, the rectified current will 
have an average value which will follow the original audio-fre
quency modulations. 

Actually, the modulation of the high-frequeny current will 
have exactly the same shape as the modulating grid electromotive 
force only if the portion of the characteristic curve described by 
the operating point of the tube is an arc of a parabola (the mutual 
conductance g being then a linear function of the modulating elec
tromotive force), which is approximately the case over a limited 
portion only of the operating characteristic curve of the tube. It 
follows that distortionless operation requires both the high- and 
low-frequency grid electromotive forces to be of comparatively 
small amplitudes. The modulated high-frequency output of the 
tube (curve W) may then be amplified by means of a high-fre
quency cascade amplifier before being impressed onto the antenna 
circuit. 

Instead of applying both the audio- and radio-frequency elec
tromotive forces to the grid circuit of the modulator tube M, one 
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only of these electromotive forces may be applied to the grid cir
cuit, the other being then impressed onto the plate circuit. Thus, 
Fig. 209 shows an arrangement belonging to the so-called 
"absorption modulation" circuits, in which the plate circuit of 
the tube M, energized by the battery B and coupled to the 
antenna circuit AG, is also coupled to the high-frequency genera
tor through a transformer F, while the grid circuit of the tube is 
coupled to the microphone circuit D through the transformer E. 

Under these conditions, the generator H sets up a high-fre
quency alternating current in the plate circuit of the tube, which 
induces a proportional high-frequency electromotive force in the 
antenna circuit AG. The intensity of the high-frequency alter-

- G 
FIG. 209. 

nating plate current depends, of course, upon the resistance of the 
plate circuit. This resistance is, for a large part, constituted 
by the internal plate-filament resistance of the tube M and 
depends, therefore, upon the value of grid potential of the tube 
(being greater or smaller according to whether this potential is 
more or less negative). This potential being, in turn, varied at 
audio frequency by the action of the microphone D, the alternat
ing-current intensity in the plate circuit of the tube, and hence 
in the antenna circuit, is correspondingly varied or modulated. 

Of course, the high-frequency electromotive force of the gener
ator H, instead of operating in the plate circuit of the tube M in 
series with the battery B, may operate in parallel with this, as 
shown in Fig. 210. The battery B is here connected in series with 
a choke coil N, which prevents the flow of a high-frequency alter
nating current through the battery. The small-capacity con-
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denser K prevents the flow of direct and audio-frequency currents 
through the generator H. The high-frequency output of the 
generator H thus divides between the radiation resistance of the 
antenna circuit AG and the parallel connected internal plate-fila
ment resistance of the tube M. The latter being varied at audio 
frequency by the variable grid potential due to the operation of 
the microphone D, the high-frequency current distribution 
between the antenna circuit and the tube M is correspondingly 
altered, and the antenna current thereby modulated. 

An application of this arrangement where the generator H is 
constituted by a vacuum-tube oscillator is shown in Fig. 211. 
The tube H, energized by the battery B, has its grid- and plate 
circuits coupled to each other and to an oscillatory circuit, and 
also (directly or through a high-frequency amplifier) to the 

F G 
FIG. 210. 

antenna circuit, and operates as an oscillation generator. The 
modulating tube M, with its grid circuit connected to the micro
phone circuit D as before through the transformer E, is connected 
in parallel with the oscillator tube H and energized by the same 
battery B. The variable internal plate-filament resistance of the 
tube M thus shunts the output terminals of the high-frequency 
generator H, as in the case of Fig. 210, and operates as explained 
before. 

Of course, the audio-frequency output electromotive force of 
the microphone circuit D might be impressed onto the grid circuit 
of the oscillator tube H, and the tube M dispensed with altogether. 
This method, however, is generally not as good as that illustrated 
in Fig. 211, for the grid voltage, under the low-frequency variations 
due to the operation of the microphone, may then become so 
highly negative or positive that the oscillator tube H suddenly 
ceases to oscillate. The antenna current then passes suddenly 
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from some large value to zero, and the operation is consequently 
interrupted. The operation of the set may even be entirely 
stopped. 

Finally, as explained before, the audio-frequency electromotive 
force may be made to operate in the plate circuit of the tube M, 

Fia. 211. 

as shown in Fig. 212, which represents a so-called "power modu
lation" arrangement. The output electromotive force of the 
high-frequency generator H is impressed onto the grid circuit of 
the tube M, and the resulting alternating plate-current component 
excites the antenna circuit AG. The amount of high-frequency 
power developed in the plate circuit of the tube and trans-

FIG. 212. 

ferred to the antenna circuit depending upon the plate voltage of 
the tube, this is varied or modulated by connecting, in series with 
the battery B, the secondary winding of the transformer E 
through which the audio-frequency output electromotive force of 
the microphone circuit D is introduced into the plate circuit, add
ing to or subtracting from the battery voltage. 
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Figure 213 shows a similar "power modulation" circuit 
arrangement, in which the tube H operates as an oscillation gen
erator. Its plate circuit is energized by the battery B connected 
in series with the choke coil N. The plate and grid circuits are 
coupled electrostatically to each other through the condensers P 
and T, and continuous oscillations are thus generated in the cir
cuit PTL, coupled to the antenna circuit AG. (The grid is con
nected to the circuit through a condenser S which prevents 
the high potential of the battery B from being impressed onto it 
through the coil L. It must then be connected conductively to 
the filament through a high impedance R). 

In parallel with the energizing battery B and its choke coil N 
is connected the secondary winding of the transformer E, through 
which the audio-frequency electromotive force produced by the 

operation of the microphone D is impressed between the plate 
and filament of the tube H. A condenser K is connected in series 
with this secondary winding to prevent the direct current from 
the battery B flowing through it. The audio-frequency electro
motive force thus varies the operating plate voltage of the tube, 
and correspondingly changes the amplitude of the high-frequency 
oscillations generated by it in the circuit PTL and in the antenna 
circuit. 

More effective operation is obtained by first amplifying the 
audio-frequency electromotive force produced by the microphone, 
before impressing it onto the oscillator tube H. This is shown in 
Fig. 214, which differs from Fig. 213 in that the audio-frequency 
output electromotive force of the microphone circuit D is 
impressed onto the grid circuit of a tube M. The plate circuit of 
this tube being energized by the battery B in series with the audio
frequency choke coil N, the audio-frequency grid potential 

FIG. 2 1 3 . 
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variations cannot produce corresponding plate-current variations, 
in view of the large impedance of the coil N. But they develop a 
much amplified audio-frequency electromotive force between the 
plate and filament of the tube M (as explained in Chap. VII, in the 
section on Voltage Amplification). This is then impressed 
between the plate and filament of the oscillator tube H, varying 
its operating plate voltage and hence the amplitude of its gener
ated oscillations. 

- a 
FIG. 214. The radio-frequency choke coil K connected between the two 

tubes H and M prevents the oscillations generated by the former 
from being shunted off by the plate-filament resistance of the 
latter. 

Ordinary Radio Telephone Reception Methods.—The current 
in a radio transmitting antenna, as obtained by the methods 
described above, is a high-frequency alternating current of varying 
maximum amplitude, the variations following the current vari
ations of the telephone transmitter circuit when actuated by the 
voice. This modulated high-frequency antenna current sets up 
in space similarly modulated alternating electromagnetic and 
electrostatic fields, which in turn induce in the receiving antenna 
a modulated high-frequency current which is a proportional repro
duction of the current in the transmitting antenna. An idea of 
the shape of the received current may thus be had from curve W 
(Fig. 208). 

If this current is rectified by a suitable detector, such as a crys
tal or vacuum tube, only the negative or positive half-cycles are 
permitted to flow in the receiving circuit. The current thus recti
fied then has an envelope and an average value which vary in 
proportion to the microphone current at the transmitting station. 
The rectified current received will therefore reproduce the speech 
when made to flow through telephone receivers. 



RADIO TELEPHONY 273 

It follows that in a radio telephone receiving circuit, the only 
modification of the received current required in order to make the 
signals audible in a telephone receiver is rectification by means 
of a suitable detector. Damped-wave radio telegraph receiving 
circuits making use of such detectors can therefore be used sub
stantially without alteration for radio telephone reception. 

It is important to note, however, that radio telephone signals 
do not permit of very sharp tuning of the circuits. This is due to 
the fact, pointed out at the beginning of this chapter, that the 
transmitting antenna does not radiate a wave of one single fre
quency, but one comprising a large number of component frequen
cies which, through their combinations, constitute the modulated 
high-frequency wave, and which, for a speech-modulated wave, 
form a frequency band of about 6,000 cycles width (3,000 for each 
frequency side band). 

It follows that the circuits, instead of being sharply tuned, must 
have a flat-topped resonance curve, as explained before. Fail
ure to receive all of the transmitted frequency components 
equally well, or approximately so, results in a distortion of the 
low-frequency detected current, which is no longer an exact repro
duction of the original speech modulation. 

Another cause of distortion, which applies to all frequency com
ponents alike, lies in the fact that the operating characteristic 
curve of the detector differs from a straight line. That is, the 
current through the detector is not directly proportional to the 
voltage applied to the detector, but is rather proportional, say, 
to the square of the voltage. This introduces double-frequency 
harmonics in the low-frequency detected current, which do not 
exist in the original modulating vibrations nor in the envelope of 
the received modulated high-frequency current, and hence unduly 
alter the shape of the telephone receiver current. 

This is illustrated in Fig. 215, where S represents the voltage-
current characteristic curve1 of the detector. Let, then, the solid 
line curve W represent the high-frequency alternating voltage set 
up across the detector by an incoming wave. The amplitude of 
this alternating electromotive force varies in accordance with the 

1 In case of a three-electrode vacuum-tube detector utilizing the grid-
detection principle and employing a shunted grid condenser, curve 8 should 
be taken as representing the grid-voltage, grid-current curve of the tube. 
In case the plate-detection principle is used (asymmetrical amplification), 
curve S is the grid-voltage, plate-current curve of the tube. 
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speech modulations, and it is the function of the detector to fur
nish a low-frequency current having as closely as possible the 
same shape as the " envelope " (dotted line MNPQ) of this received 
high-frequency electromotive force. 

Suppose, as an illustration, that the modulations are such that 
the amplitude of the received signals varies periodically by equal 
amounts above and below the unmodulated amplitude A, as 
shown in the figure. A distortionless rectification should then 
yield a low-frequency detected current, as shown by the dotted 

FIG. 2 1 5 . 

curve E, which is an exact reproduction of the envelope curve 
MNPQ, with its positive and negative halves of identical shape. 

Actually, however, the rectifying action of the detector is based 
on the fact that the operating characteristic S of the detector is 
curved, in other words that the detector current (represented by 
the solid line curve D) is a distorted reproduction of the received 
current (or electromotive force) shown by curve W, as explained 
before. It follows that the envelope M'N'P'Q' of the detected 
current, corresponding to the envelope MNPQ of the received 
input detector electromotive force is also distorted, so that 
finally the low-frequency output current of the detector (curve F) 
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is a correspondingly distorted reproduction of the original 
modulations. 

Now, the amount of distortion depends essentially on the 
so-called modulation depth of the received signals. In the case of 
a sinusoidally modulated signal (Fig. 205), this modulation depth 
is defined as the ratio B/A of the modulation amplitude B to the 
unmodulated amplitude A of the high-frequency carrier current. 
The greater this ratio, that is, the deeper the modulation, 
the greater is the amount of distortion resulting from the process 
of detection as just described. 

This may readily be shown mathematically as follows. Let 

i = ia + ae + be2 

represent the detector voltage-current characteristic curve S 
(Fig. 215), i and e being, respectively, the detector current and 
voltage, and io, a and b being three constants. If then 

B B 
e = A cos fti + cos (ft + co)t + cos (ft — co)t 

represents a sinusoidally modulated electromotive force, as 
explained before, A and ft being the carrier amplitude and fre
quency, B and co the modulation amplitude and frequency, the 
term ae in the above expression becomes a high-frequency term, 
which is of no interest here, while the term be2 comprises, in addi
tion to high-frequency terms, two low-frequency terms: 

B2 

bAB cos cot and b-. cos 2cot, 4 ' 
the first of which is of the original modulation frequency co and 
the second, the distorting, undesired double-frequency term. 

Now, the relative amplitude of this double-frequency term, as 
compared to that of the fundamental frequency term, is equal to 
the ratio 

bIP/4. B^ 
bAB ° r AA 

Hence, the greater the value of the ratio B/A, called, as stated 
before, the modulation ratio or depth, the greater also the ampli
tude of the second harmonic as compared to that of the funda
mental component of the detected current, and consequently the 
greater the resulting speech distortion in the receiving apparatus. 

In order, to minimize such distortion, it is thus necessary to 
make the ratio B/A small. This may be done at the transmitting 



276 RADIO ENGINEERING PRINCIPLES 

station by keeping the modulation amplitude B small as compared 
to the carrier amplitude A, that is, to modulate the carrier current 
but weakly at the transmitting station. This, of course, has the 
disadvantage of reducing the transmission efficiency, since radio 
telephone transmission is precisely based on the modulation of the 
carrier current; in other words, it requires the major part of the 
energy to be transmitted unmodulated in the form of a large car
rier current, while the modulated part of the current, which is 
ultimately the useful current for telephone communication, must 
be kept small. 

A second and better method therefore consists in using a rather 
large modulation ratio B/A and increasing the carrier current 
amplitude A at the receiving station by generating at the receiving 
station a local high-frequency alternating current of same phase 
and frequency as the received carrier current, and impressing this 
local current onto the detector in addition to the received signal 
current. The ratio B/A may thus be decreased in the receiving 
circuit as much as required while at the same time the modulation 
ratio B/A may be made substantially as large as desired at 
the transmitting station, thereby giving a good transmission 
efficiency.1 

It may at first seem difficult to thus provide at the receiving 
station a locally generated current of identically the same phase 
and frequency as the received carrier current. Actually, this is 
a simple operation, it being necessary merely to use an oscillating 
receiving circuit so adjusted that it will become synchronized 
by the incoming signals. As explained in the preceding chapter, 
a circuit like that of Fig. 190 might be used, or any other type 
of regenerative amplifier circuit, with the feed-back coupling 
so tightened that the tube will generate continuous oscillations 
of its own in the absence of any received signals. The frequency 
of these locally generated oscillations is simply made approxi
mately equal to the carrier-current frequency of the signals to be 
received. When these are being received, automatic synchroniza
tion takes place, as described in the preceding chapter, the locally 
generated current falling into step with the received carrier cur-

1 With the modulating arrangements described in the preceding Section, 
the ratio B/A is never greater than unity (which corresponds to 100 per 
cent modulation), at least as long as undistorted modulation is effected. 
Values of B/A greater than unity may be obtained by special methods 
described later. 



RADIO TELEPHONY 277 

rent, and adding to the latter, thereby reducing the ratio B/A, as 
required. 

However, this receiving arrangement does not only greatly 
amplify the carrier current, but also those frequency components 
of the complex received current which are in the neighborhood of 
the carrier current frequency (and which, in each of the two 
side bands, correspond to the low-frequency components of the 
modulating sound vibrations), while it does not in the same 
proportion amplify the received-current components the fre
quencies of which are further away from the carrier frequency, 
and which correspond to the higher frequency components of the 
modulating sound vibrations. This results in a distortion of the 
detected currents, producing a sound in the telephone receivers 
which is more guttural than the original. This may readily be 
corrected in a number of different manners, by inserting suitable 
filter circuits in the radio-frequency amplifying circuits (this 
method is particularly effective when applied to the intermediate-
frequency amplifier circuits of a superheterodyne receiver), or 
by using an audio-frequency amplifier after the detector, having 
such operating characteristics as to amplify the high-pitched 
notes or sounds to a greater extent than the lower-pitched ones. 
The distortion is thus compensated by a distortion in the opposite 
direction, provided as just described. 

Single Frequency-band Radio Telephony.—As explained 
before, radio telephone communication may be effected by trans
mitting one only of the two side bands of the modulated high-
frequency current, and combining this single side-band current in 
the receiving circuit with a locally generated alternating current 
of carrier frequency. The latter then produces beats with each 
one of the component currents of the received side-band current, 
which after rectification or detection give rise to low-frequency 
alternating currents reproducing the various components of the 
original modulating vibrations.1 

The reception method thus constitutes a special case of the 
heterodyne reception method, and use may be made of the 
heterodyne receiving circuits described in the preceding chapter. 

1 In thus combining with the locally generated current of carrier fre
quency, each component of the received side-band current also gives rise 
to harmonics, the envelope of the "beats" being not sinusoidal. However, 
these harmonics are sufficiently small not to produce any objectionable dis
tortion of the speech. 
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In fact, the main problem in single side-band receiving appara
tus is that of keeping the frequency of the local current as 
constant and as nearly equal as possible to the frequency of 
the carrier current suppressed at the transmitting station. 

On the other hand, special circuit arrangements are required 
at the transmitting station for suppressing the carrier current and 
one of the two side bands, permitting one only of the two side
band currents to energize the antenna circuit. 

It will be recalled that F being the carrier-current frequency, 
and the useful speech frequencies being comprised between, say, 
200 and 3,000 cycles per second, the speech-modulated high-fre
quency current in an ordinary transmitting circuit comprises, in 
addition to the carrier current (of frequency F) the two side-band 
currents the frequencies of which are respectively comprised 
between F + 200 and F + 3,000 cycles (upper side band) and 
between F - 200 and F - 3,000 cycles (lower side band). The 
relative importance of the frequency differences between the vari
ous components of such a modulated high-frequency current, or 
in other words the per cent differences between the various fre
quency components, is hence greater the lower the carrier fre
quency F. The separation of the one side-band frequencies is 
therefore most easily achieved when as small a carrier frequency F 
as possible is used, say of the order of 30,000 cycles per second. 
Of course, in most cases an appreciably greater carrier frequency 
is required or desirable for establishing radio telephone communi
cation. A second modulation operation is then required at the 
transmitting station at this higher carrier frequency, as described 
further below. The process of single side-band transmission thus 
involves two distinct operations, which will be studied presently. 

Consider an ordinary radio telephone transmitting circuit as 
previously described, comprising a radio-frequency generator and 
a modulating arrangement. As pointed out in a preceding section, 
the modulating action of the microphone results in two side-band 
currents arising in the output circuit in addition to the carrier 
current, the latter flowing in the output circuit of the set 
irrespective of whether the microphone is actuated by the sound 
vibrations or not. If then the radio-frequency generator be also 
used for energizing an auxiliary circuit, the constant carrier-fre
quency alternating electromotive force set up in the latter may be 
opposed to the equally constant carrier-frequency electromotive 
force operating in the actual output circuit of the transmitting set. 
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This carrier-frequency electromotive force may thus be neutral
ized, and no current of carrier frequency will then be set up in the 
actual output circuit. The output circuit of the radio set will 
therefore carry the two side-band currents only, and only when 
the microphone is actuated by the modulating sound vibrations. 
If then the carrier frequency used is comparatively small, say 30,-
000 cycles, it will be an easy matter as explained above, to tune out 
one of the two side-band currents by means of a simple filter cir
cuit, leaving only one side-band current operating in the output 
circuit, the per cent frequency difference between the two side 
bands being then very large, and a frequency gap of 400 cycles 
existing between the two bands, owing to the elimination of the 
carrier-frequency current. 

The neutralization or elimination of the carrier current is 
generally done by means of a so-called balanced modulator,1 

represented schematically in Fig. 216, which utilizes two similar 
three-electrode vacuum tubes connected substantially in the same 
manner as for push-pull amplification (see Fig. 144). Only, the 
output electromotive force of the high-frequency carrier-current 
generator H is here impressed onto the grids of both tubes S and 
T through a transformer F connected in the common circuit branch 
connecting the grids to the filaments of the tubes, while the low-
frequency modulating electromotive force developed by the action 
of the microphone D is impressed differentially upon the grids 
through a transformer E having the middle point of its secondary 
winding connected to the filaments of the tubes, and the ends of 
this same winding connected to the grids. 

1 See "Carrier Current Telephony and Telegraphy," by E. H . COLPITTS and 
O. B. BLACKWELL, Trans. Am. Inst. Elec. Eng., Vol. XL, pp. 205-300, 1921; 
and also "Production of Single Side Band for Transatlantic Telephony," by 
R . A. HEISING, Proc. Inst. Radio Eng., June 1925. 

FIG. 216. 
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Suppose, first, that no speech is impressed onto the microphone 
D. Only the high-frequency alternating electromotive force of the 
carrier-current generator H operates then in the grid circuits of the 
tubes, varying the grid potentials of both tubes simultaneously, 
and hence producing synchronous, in-phase current variations in 
the plate circuits of the two tubes. By suitably connecting the 
secondary windings of the transformers N and P in series 
with each other, the high-frequency electromotive forces 
induced in them by these plate-current variations of the tubes S 
and T, may then be made to oppose each other, and if the tubes, 
transformers, and other corresponding circuit elements are respec
tively similar to each other, these electromotive forces will be 
equal and balance each other out exactly. Thus, in the absence 
of any modulating electromotive force, the output electromotive force 
of the device, as developed across the series-connected secondaries of 
transformers N and P, is equal to zero, providing the circuits of the 
two tubes are properly balanced. 

If now the microphone D is actuated by a sound vibration, an 
alternating low-frequency modulating electromotive force is 
developed across the secondaries of the transformer E and 
impressed onto the grids of the tubes, varying the grid potentials 
of the two tubes in opposite directions. And since the average 
operating grid potential of the tubes, as determined by the volt
age of the battery C, is so chosen as to bring the operating point 
of the tubes on a curved portion of their characteristic curve, 
these oppositely directed grid-potential variations unbalance the 
system in periodically opposite directions. The high-frequency 
alternating plate currents of the two tubes produced by the action 
of the generator H will then no longer be equal, and the electro
motive forces developed in transformers N and P no longer bal
ance each other exactly, so that a high-frequency electromotive 
force appears at the output terminals of the device. 

Thus, in the presence of a modulating electromotive force in the 
transformer E, a high-frequency output electromotive force is devel
oped across the series-connected secondaries of transformers N, P. 

Analyzing the action further, the low-frequency alternating 
electromotive force developed by the operation of the microphone 
D across the secondary of transformer E first increases the grid 
potential of one of the tubes while it decreases that of the other, 
then decreases the grid potential of the first tube and increases 
that of the second. The high-frequency alternating current 
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developed by the action of the generator H in the plate circuit of 
tube S will hence be periodically greater and smaller than that 
developed in the plate circuit of tube T. In other words, the 
unbalance between the secondary high-frequency electromotive 
forces of transformers N, P is periodically reversed, and the sec
ondary high-frequency electromotive force of transformer JV is 
greater than that of transformer P during one-half cycle of the low 
frequency modulating electromotive force due to the microphone 
D, while that of transformer P is greater than that of transformer 
N during the following half-cycle of the modulating electromotive 
force. 

It follows that the high-frequency output electromotive force 
of the device, developed across the ends of the secondary circuit 
branch NP varies periodically in amplitude between zero and a 
maximum proportional to the modulation amplitude, at a fre
quency equal to twice the modulation frequency (since the perio
dicity of the unbalance reversals is equal to that of the successive 
half-cycles of the modulating electromotive force, as just stated), 
and also that the polarity of this output electromotive force 
reverses at every half-cycle of the modulating electromotive force. 
These characteristics denote that the output electromotive force of 
the device does not comprise the carrier frequency of the generator H, 
but comprises the two side-band frequencies. 

Having thus isolated these two frequency bands (which in the 
present example extend from 30,200 to 33,000 cycles and from 
29,800 to 27,000 cycles, respectively), a filter circuit is connected 
in series with the output terminals of the balanced modulator, 
stopping one of the two frequency bands, the lower one, for 
instance, and passing only the electromotive forces and currents 
belonging to the other frequency band. 

The single frequency band electromotive force thus obtained 
(extending from 30,200 to 33,000 cycles) is now used as a modulat
ing electromotive force in a second modulator, actuated by a sec
ond high-frequency alternating-current generator, the frequency 
of which is the actual transmission-carrier frequency, say, for 
instance, 100,000 cycles. As in the case of audio-frequency 
modulation just described, the resulting modulated high-fre
quency current then comprises two frequency side bands the 
limits of which are respectively equal to the carrier frequency 
(100,000 cycles) plus and minus the modulating frequencies (30,-
200 to 33,000 cycles), hence extending, in the present instance, 



282 RADIO ENGINEERING PRINCIPLES 

from 130,200 to 133,000 cycles (upper side band) and from 67,000 
to 69,800 cycles (lower side band). These two side bands are 
thus separated by a frequency gap of 60,400 cycles, and may very 
easily be separated by means of tuned filter circuits, so that only 
one of these two side-band electromotive forces, the upper one for 
instance, will energize the transmitting antenna circuit. The 
modulated waves thus occupy a frequency band of only 2,800 
cycles width (equal to the frequency-band width of the modulat
ing sound vibrations). 

At the receiving station, the received current will, correspond
ingly, be a complex current the component frequencies of which 
extend from 130,200 to 133,000 cycles, and it is necessary merely 
to combine this received current with a locally generated alter
nating current having a frequency of 130,000 cycles (equal to the 
sum of the frequencies of the suppressed intermediate and high-
frequency carrier currents, viz., 30,000 and 100,000 cycles) to pro
duce beats which, after rectification or detection, result in a 
current reproducing the original audio-frequency modulations. 
Thus, although the modulation at the transmitting stations is 
effected in several steps, demodulation at the receiving station 
may be achieved in one single operation. 

Mathematical Theory of the Balanced Modulator.—It may be 
of interest to outline the operation of the balanced modulator in 
mathematical terms, in a manner showing the relation of this 
device to the push-pull amplifier, and also leading to the theory 
of the modulator-type heterodyne receiver, as pointed out further 
below. 

Following the same method as on page 173, let ii and i2 repre
sent the alternating plate currents set up in the plate circuits of 
the tubes 8 and T respectively. Since the output windings of 
transformers N, P are so connected that the electromotive forces 
induced in them oppose each other, as explained in the preceding 
section, the electromotive force developed at the terminals of the 
series-connected secondaries of these transformers is proportional 
to the difference ii — i2 of these alternating plate currents. This 
was found, on page 174, to be equal to 

i\ — i2 = A 2g — 6c2m — ~ sin cot + sin 3wt 

where A sin cot represents in the present instance the electromotive 
force of amplitude A and audio frequency w developed by the 
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operation of the microphone D (Fig. 216), pure sinusoidal modula
tion being here assumed for simplicity. Now, the factor c in the 
above expression, representing the electromotive force operating 
in the common branch of the grid circuits of the two tubes, is not 
constant as in the case of the push-pull amplifier, but is equal to 
the voltage c of the battery C (Fig. 216) plus the alternat
ing voltage 

h = H sin Qt 
produced by the generator H, of carrier frequency Q. 

The above expression thus becomes 
3A2 

2g - 6m^c + h^2 - 2 ii — ii = A 

which, after some simple handling, becomes 

sin o>t + - j r — sin 3co£, 

ix - i t = A 2g - 6m(c2 + -

• mA3 . „ , H — s i n 3ul 

sm (20 + w)t 

sin wt 

' 2 
r— sin (20 — oo)t 

+6mAcH cos (0 + oi)t 
—QmAcH cos (Q — oo)t. 

It appears at once that all of these six terms being multiplied by 
A, which is the amplitude of the audio-frequency modulating 
electromotive force, the device will not develop any output elec
tromotive force when the modulation is absent, that is, when the 
microphone is not operating. This result was already pointed 
out in the preceding section. 

When A is different from zero, that is when the microphone 
is actuated by sound vibrations of frequency a, the six terms of 
the above expression appear in the output electromotive force of 
the modulator. 

The first and second terms represent audio-frequency currents 
of frequencies respectively equal to co and 3&J. They do not play 
any useful part in the radio-frequency output circuits of the trans
mitting set, which have a practically infinite audio-frequency 
impedance. 

The third and fourth terms represent two side-band currents of 
frequencies respectively equal to (20 + co) and (20 — co), differ-
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ing from twice the carrier-current frequency ft by an amount co 
equal to the modulating audio frequency. They are of compara
tively small amplitude and may be suppressed completely by 
means of filter circuits, or simply choked out by the high imped
ance of the output circuit, which is designed for an output fre
quency of the order of the carrier frequency ft. 

Finally, the last two terms represent the two side-band currents 
of frequencies respectively equal to (0 + co) and (ft — co),that is, 
equal to the carrier frequently ft plus or minus the modulating 
frequency co. 

It will be noted that there is no output current of carrier fre
quency ft, which brings out the essential property of the balanced 

FIG. 217. 

modulator, which is to eliminate the carrier-frequency current 
from the output circuit. 

Note on the Modulator-type Heterodyne Receiver.—The bal
anced modulator circuit just described may be adapted for use as 
a heterodyne receiving circuit, serving to combine a locally gener
ated current of frequency ft with the radio-frequency current due 
to incoming signals. A receiving circuit of this kind is shown in 
Fig. 217, which is essentially the same as that of Fig. 216, except 
that the microphone circuit D is here replaced by the receiving 
antenna circuit AG, and the output transformers N, P are con
nected to telephone receivers R (or to an intermediate frequency 
amplifier if the beats are of superaudible frequency as in the super
heterodyne receiver). Using the above formulas, the frequency 
co then repersents the radio frequency of the received signals while 
ft is the frequency of the local generator H. As shown by the 
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last expression, the output current of this circuit system comprises 
a term of frequency 0 — co. If then the local generator frequency 
ft is so adjusted as to make this frequency difference ft — co small 
enough to come within the range of audible vibrations, a sound 
will be heard in the telephone receivers R without any further 
rectification or detection being required. 

The transformers N and P being audio-frequency transformers, 
the radio-frequency terms of the output current (represented by 

FIG. 218. 

the first five terms of the above expression) are by-passed by small 
capacity condensers K, M (Fig. 217). 

The generation of the local heterodyning oscillations may be 
effected by the very same circuit system, as shown in Fig. 218. It 
is simply necessary to insert an oscillatory circuit H in the com
mon branch of the grid circuits of the two tubes and couple it 
inductively to a coil L connected in the common branch of the 
two plate circuits. It should be noted that in this arrangement 
the received signals do not operate in the circuit H, and that this 
circuit is not coupled to the antenna circuit, which is therefore 
not energized by the locally generated oscillations. 



CHAPTER XI 

MISCELLANEOUS APPLICATIONS 

Airplane Radio Apparatus.—Airplane radio apparatus does 
not differ fundamentally from ordinary radio apparatus. It must 
be specially designed, however, to meet a number of special 
conditions existing on an airplane, which are to a great extent 
absent in ground radio. 

A primary consideration is that all apparatus shall be built 
of carefully selected material to insure minimum weight and 
bulk, as the carrying capacity and available space of the airplane 
is limited and heavy auxiliary apparatus is not thought of kindly 
by the airplane designer. The design and construction of all 
parts must also have great ruggedness in order that the apparatus 
may operate properly and without changing its adjustment under 
the continual vibrations of the airplane due to the engine, wind, 
etc. For this reason, all adjusting handles are usually locked in 
position after the set has been tuned and adjusted. Vacuum-
tube sockets are mounted on soft, sponge-rubber cushions to 
absorb the shocks, and the set box itself is generally mounted on 
shock absorbers. 

In addition to these mechanical considerations of the installa
tion, great care must be taken in preventing all possibility of 
producing an open spark, as the danger of fire on an airplane is 
extremely great. This will be well appreciated when it is noted 
that the "dope" or varnish painted on the line or cotton fabric 
of the wings and fuselage is a highly inflammable composition. 
The fire hazard is also increased by the likelihood of gasoline 
vapors being present in the cockpits. For these various reasons, 
all wiring on an airplane is made with high insulation and is 
securely attached along the airplane struts so that it will not 
shake loose. Special telegraph keys are used, having enclosed 
contacts, and all spark gaps are either totally enclosed or covered 
with wire gauze. 

Damped- and undamped-wave radio telegraph sets and also 
radio telephone sets were developed and successfully operated 

286 
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on airplanes by the various governments engaged in the World 
war. In all the later airplane sets, except of course the damped-
wave transmitting sets, vacuum tubes were used both for trans
mitting and receiving. The circuits are essentially the same as 
for ordinary sets designed for ground use. An interesting 
question, however, was as to the best method of supplying power 
for the vacuum-tube filament and plate circuits. Storage bat
teries have been used to quite some extent in cases where high 
voltages were not required; but the limited time during which 
such batteries can be depended upon to supply power at uniform 
voltage without recharging makes it essential, on account of 
the long duration of many nights, to derive the required energy 
from a small generator. Most of the generators thus used are 
enclosed in a streamline casing and mounted either on the wing 
or on one of the landing-gear struts and usually in the air stream 
of the propeller on tractor-type planes. They are driven by a 
small propeller or air fan rotating at high speed on account of 
the high velocity of the wind. In order to obtain constant 
output from such generators, special regulating devices are used. 
These include variable pitch air fans, which drive the genera
tor at approximately constant speed despite variations in the 
airplane or wind velocity; special regulating vacuum tubes, iron 
wire resistances, etc. These various devices, as well as many of 
the special types of generators used, have been described in the 
technical press of different countries, and are not treated here 
further. 

A problem bearing more directly on radio communication is 
that of the radiating or antenna circuit used on airplanes. Both 
the loop and the "open" type of antenna are used successfully. 
With regard to the loop type, reference should be made to a 
section of Chap. Ill in which the loop radio receiving circuits 
used on airplanes were fully discussed. These are used mostly 
for direction finding and navigation purposes, but may, of course, 
serve for receiving messages in the usual way. Other types of 
loop antennae permit both transmitting and receiving from an 
airplane, and have been used, to a limited extent, on airplanes 
flying in squadron formation. 

The type of open antenna which has found the widest appli
cation is illustrated in Fig. 219, and constitutes a so-called 
"trailing antenna." It consists of a 300-ft. length of bare wire 
which is attached to a reel at one end while the other or trailing 
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end is weighted by means of a small lead weight shaped often 
like a fish and called by that name. The antenna wire is led 
out of the airplane through a tube called the "fairlead" which is 
mounted in the floor or wall of the fuselage. The antenna wire 
bears against the metal tube extending through the center of 
the fairlead, which is connected to the radio set box, and makes 
electrical contact. The antenna wire is thus free to slide through 
the fairlead and may be reeled in to avoid breakage before the 
airplane comes down for landing. 

The trailing wire forms one side of the radiating circuit and 
is equivalent to the aerial of the ordinary ground radio system. 
The counterpoise is made up of the metallic parts of the airplane— 
the engine, stay wires, etc., which are all carefully bonded 

together. The radiation characteristic of a trailing antenna is 
shown in the diagram of Fig. 220, which illustrates the directional 
properties of this antenna. It is seen that the airplane, when 
sending or receiving, must fly toward the point with which it is 
desired to communicate, for greatest range and loudest signals. 
It may be noted from Fig. 220 that the directional characteristic 
is not quite symmetrical with respect to the longitudinal axis of 
the airplane. This is because the antenna reel is generally 
mounted on the right or left side of the fuselage, and not in the 
center. In the case of the figure, the antenna wire is led out of 
the airplane from the left-hand side of the fuselage, which results 
in an angular displacement of the electrical axis of the system, 
giving maximum directional effect ahead of the airplane and a 
little to the right. 

The construction of the fairlead is shown in Fig. 221, which 
represents a cross-sectional view. The fairlead is made up of a 

Antenna Weight 

FIG. 219. 
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tube of insulating material, such as bakelite or micarta, which is 
clamped to the fuselage wall or floor. Inside this tube is a metal 
sleeve or pipe, through which the bare antenna wire passes. The 
metal sleeve thus makes electrical contact with the wire, and a 
binding post attached to the sleeve furnishes a ready means of 
connecting the antenna to the radio set box. 

The length of antenna wire used depends upon the wave length 
of the signals. As a rough rule, the natural wave length in 
meters is approximately equal to the length in feet of the trailing 

To Antenna 
Keel 

To "Aerial" 

FIG. 220. FIG. 221. 

antenna, as used on a Curtiss JN-4 airplane. It should be noted 
that the natural wave length of such a trailing antenna depends 
not only upon the length of the trailing wire, but also upon its 
position relative to the counterpoise and the airplane. It follows 
that the antenna constants, and, therefore, the tuning of the air
plane radio set, change whenever the airplane alters its direction 
of flight, or whenever the wind alters the position of the trailing 
wire. When using damped wave sets, this results in a temporary 
fading out of the signals, due to detuning. When using 
undamped wave sets with heterodyne reception, it results in 
a variation of the pitch of the signal note. 
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Another type of antenna is shown in Fig. 222, and is known as 
the double trailing antenna. The diagram is self-explanatory. 
This antenna is not quite as directional in front of the airplane 
as the single trailing antenna, as shown in Fig. 223, but somewhat 
more on both sides of the machine, so that it is better suited for 

squadron flying or 
"̂"̂ .•i...-::::""™ inter communication 

between airplanes. 
Also, each Of the trail
ing wires is only 150 
ft. long, instead of the 

Stay Cord u s u a J 3QQ ft o f t h e 

single wire antenna. 
This permits a greater 
liberty of flying, and 
enables the airplane 

FIG. 222. FIG. 223. 

to make sharper turns, or even to loop the loop without as great 
danger of getting the antenna entangled with the tail of the 
airplane. 

Submarine Radio Apparatus.—Loop antennae have been suc
cessfully used for submarine radio work, and some of the tests 
made will be briefly described here.1 

Referring to Fig. 224, the submarine loop antenna ABEF is 
shown to be made up of a wire AB insulated at end A by means of 
the insulator / , and grounded at the lower end B to the hull of 
the ship, which forms part of the loop circuit. Point B is thus 
connected to point E through the metal body of the submarine. 
EF is another wire similar to AB. Both these wires are of copper, 
covered with heavy insulation. Lead-in wires similarly insulated 
are connected at A and F, and brought inside the ship to a vari
able tuning condenser C and a suitable transmitting or receiving 

1 The data on the submarine loop antenna was kindly furnished by the 
U. S. Bureau of Standards, Washington, D. C. 
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circuit connected at D. The loop circuit is thus electrically the 
same as an ordinary loop circuit. Its simple construction does 
not require any additional mast and therefore does not interfere 
with the submerging of the boat. 

The operation of the loop when the submarine is running on 
the surface of the water is, of course, no different from that of an 
ordinary loop used on any ship or ground station. Reception 
and transmission of signals can, furthermore, be effected without 
special difficulties when the boat and loop are totally submerged. 
During tests made by the Bureau of Standards off the Atlantic 
coast, the following data among other were obtained. 

When the submarine is submerged, any North American or 
European station can be received as distinctly as when it is on 

the surface. The maximum depth at which the signals are read
able is dependent upon the wave length of the transmitting 
station. This depth increases with the wave length, and is 
about 21 ft. (for the top of the loop) when receiving signals of 
10,000-m. wave length. The receiving apparatus used in these 
tests comprised a vacuum tube detector and three-stage resist
ance coupled vacuum tube cascade amplifier. 

Transmission of the signals from below the surface of the water 
can also be effected successfully, the range decreasing as the 
submarine submerges deeper below the surface. With a 1-kw. 
spark set and a 952-m. wave length, the range observed in the 
Bureau of Standards tests was 10 to 12 miles with the submarine 
and loop just below the surface of the water, while it reduced to 
2 or 3 miles for a depth of 8 to 9 ft., measured from the top of 
the loop to the surface. When the submarine is running awash 
or on the surface, the range becomes at least 100 miles even in 

i 

FIG. 224. 
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very stormy weather. Grounds or short-circuits caused by 
heavy seas which render ordinary antennae inoperative in 
stormy weather have no effect on the closed loop. A further 
use for the submarine loop radio is as a direction finder, whether 
the ship is submerged or on the surface, in the manner explained 
for ordinary loops in a preceding chapter. 

USE OF THE VACUUM TUBE FOR SUSTAINING MECHANICAL 
OSCILLATIONS 

The three-electrode vacuum tube may be used to sustain 
mechanical oscillations in any system possessing inertia and 

FIG. 2 2 5 . FIG. 2 2 6 . 

elasticity, in a manner similar to that of sustaining electrical 
oscillations. It is simply necessary that the mechanical system 
be started oscillating and made to vary the grid potential of the 
tube in such a way that the resulting plate-current variations are 
of suitable magnitude and phase to sustain the mechanical 
oscillations. 

As an illustration, consider the system of Fig. 225, which shows 
how a three-electrode vaccum tube may be used to maintain 
continuous oscillations of a pendulum P. Two coils Lg and Lp 

are inserted respectively in the grid and plate circuits of the tube 
and placed in front of a small armature HK which is integral 
with the pendulum. As the pendulum is swung out of position, 
it oscillates back and forth, moving the end H of the armature 
alternately toward and away from the grid coil Lg. This induces 
an alternating potential between the grid and filament of the 
tube, which in turn varies the current in the plate circuit and 
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plate coil Lp. There results a correspondingly varying attraction 
of the coil Lp on the end K of the armature which, for suit
able magnitude of the currents and proper polarity of the connec
tions, has such a phase relation with respect to the oscillation 
cycle of the pendulum as to sustain its motion continuously. 
The energy expenditure from the plate battery thus compensates 
the friction losses which, in the absence of the vacuum-tube 
device, would damp out the oscillations of the pendulum and 
bring it to rest. 

Another example is given in Fig. 226, where continuous vibra
tions of a tuning fork T are sustained by means of grid and plate 
coils Lg and LP disposed on either side of the tuning fork. The 
explanation is quite similar to that just given for the pendulum. 
It will be noted that in both cases the plate and grid circuits are 
coupled magnetically to a common mechanical system possessing 
a natural period of vibration or oscillation of its own. This is 
identical with the case of electrical oscillations, where the tube 
circuits are coupled inductively to a common oscillatory circuit 
having a natural period of electrical oscillation. 

Now, in both of the above cases the operation is based on the 
fact that the motion or vibration of the mechanical oscillator 
produces magnetic field variations in a coil connected in the grid 
circuit of the tube. Similar effects may be obtained if the 
motion of the mechanically vibrating body produces electric 
field variations, a condenser being then used for linking the 
mechanical vibrator to the vacuum-tube circuits. This is most 
strikingly illustrated in the so-called piezo-electric oscillators 
which will be described presently. 

Piezo-electric Resonators and Oscillators.—These devices 
make use of the property of certain crystalline dielectric materials, 
such as quartz, Rochelle salt, and tourmalin, for instance, to 
become electrically polarized when submitted to a mechanical 
stress; and, conversely, to become mechanically strained when 
subjected to an electrical stress, that is, when placed in an elec
trostatic field.1 

Thus, consider a condenser made up of two metal plates 
separated by a thin piece of quartz. If the plates are pressed 

1 These properties obtain only as far as the mechanical or electrical stress 
applied to the crystal is suitably directed with respect to the axes of the 
crystal. This makes it necessary in practice to grind opposite faces of the 
crystal piece used parallel to each other, and in the desired direction. 
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together, squeezing the quartz slab between them, they will 
become electrically charged; in other words, a potential difference 
will appear between them. Conversely, if the condenser is 
connected to a battery establishing a potential difference between 
the metal plates, the quartz plate will become slightly flattened, 
or else its thickness will increase slightly, depending upon the 
polarity of the metal plates. 

This permits electrical vibrations to be converted into mechan
ical vibrations, or, conversely, mechanical into electrical vibra
tions. Thus, if an alternating potential difference is established 
between the metal plates of the condenser, the quartz plate 
between them will correspondingly and alternately contract and 
expand at the same rate and frequency, and this mechanical 
vibration of the quartz plate will be particularly strong if the 
frequency of the alternating potential difference applied to the 

condenser armatures is equal to the natural frequency of mechan
ical vibration of the quartz plate (which may be as high as 
several hundred thousand cycles per second when the piece of 
quartz is sufficiently small). 

Conversely, if the piece of quartz is struck mechanically and 
set into free vibration, an alternating potential difference appears 
at the condenser terminals, having a frequency equal to that of 
the free mechanical vibrations of the quartz crystal. 

Now, if, as in Fig. 227, the condenser with the quartz dielectric 
Q is connected between the grid and filament of a three-electrode 
tube,1 this alternating electromotive force will produce corre
sponding current variations in the plate circuit of the tube. And 
by inserting in this plate circuit an oscillatory circuit LC tuned 
to the frequency of the mechanical vibrations of the quartz 
piece, a high alternating potential will build up by resonance 

1 In order that the grid shall not find itself insulated from the filament 
by the condenser Q, it is then necessary to provide a conductive grid-to-
filament connection through a choke coil K of large inductance. 

FIG. 227. 
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across this circuit, and hence also between the plate and filament 
of the tube. 

As a result of the internal grid-to-plate capacity of the tube, a 
proportional alternating electromotive force will be induced in 
the grid circuit and applied across the condenser Q, adding itself 
to the electromotive force originally developed across this con
denser by the starting vibration of the quartz crystal. And 
since, as stated before, an alternating electromotive force applied 
to the condenser Q will produce alternate contraction and expan
sion of the crystal, it may be understood that this arrangement 
will serve to sustain continuously the oscillations or vibrations 
of the quartz crystal. 

This oscillator does not differ in principle from that of Fig. 163, 
the only change being that the grid-circuit oscillating element is 
here a quartz crystal instead of an electrical oscillatory circuit. 

The mechanical oscillators described here (pendulum, tuning 
fork, and piezo-electric oscillator) find their most useful applica
tions as standard frequency oscillation generators, and in all 
circuit arrangements where a great constancy of the generated 
frequency is required. 
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